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Synopsis
We report a new method for SNR-enhancing reconstruction of multi-TE MRSI data. Speci�cally, we designed a deep complex convolutional autoencoder
(DCCAE) to learn a nonlinear low-dimensional model of the high-dimensional multi-TE spectra which allowed for e�ective separation of molecular signals
and noise. A constrained reconstruction formulation is used to incorporate the learned model for denoising spatial-temporal reconstruction. The
performance of the learned model and the proposed reconstruction method have been evaluated using both simulation and experimental multi-TE H-
MRSI data. Results obtained demonstrate superior denoising performance achieved by the proposed method over alternative spatial-spectrally
constrained denoising strategies.

Introduction
Multi-TE MRSI o�ers improved molecular detection and quanti�cation by encoding the J-coupling e�ects of metabolites using varying TEs. It also allows
for the determination of relaxation parameters of di�erent molecules that can serve as additional disease biomarkers . However, the additional TE
dimension further limits the spatial resolution and SNR tradeo�s within practical imaging time, and data acquired at longer TEs su�er additional SNR
loss, making quantitative analysis more di�cult. While many methods have been proposed to improve the SNR for single-TE MRSI , including various
transforms along the temporal/spectral domain , spatial-spectral constrained reconstruction , and low-rank �ltering , limited e�orts have been
spent on multi-TE MRSI denoising. Low-dimensional subspaces exploiting the linear predictability and partial separability of MRSI data can be used to
denoise individual TEs in the multi-TE data. But these strategies will not fully exploit the inherent correlations across TEs for maximized noise reduction
and signal preservation . We present here a novel method to improve the SNR of multi-TE MRSI using a learned low-dimensional model. Speci�cally,
we proposed to use a deep complex convolutional autoencoder (DCCAE)  to learn a nonlinear low-dimensional model of the multi-TE spectra with
improved representation e�ciency than existing linear low-dimensional models (subspaces), and a regularized reconstruction formulation to
incorporate the learned model for SNR-enhancing reconstruction. The e�ectiveness of the proposed method has been evaluated using simulated and
experimental data, demonstrating superior denoising performance over alternative methods.

Proposed Method
Learning a low-dimensional representation for multi-TE MRSI 
Learned nonlinear models that exploit the inherent signal structures of MRSI data have been proposed recently for improved MRSI reconstruction and
signal separation . We extend such an approach to multi-TE data here. Speci�cally, multi-TE 1H-MRSI signals can generally be modeled as:

where the �rst term models the metabolites signal and the second term the macromolecules, respectively;  denotes the concentration,  the
phases,  the TE-dependent metabolite basis and  captures remaining spectral variation for the -th molecule parameterized by 
(e.g.,  and ). For the macromolecules, , , and  represent the concentration, phases, and spectral priors (e.g., lineshapes and
frequencies) for the -th macromolecule peak. Eq. [1] implies that the multi-TE signals should reside in a nonlinear low-dimensional manifold. We
proposed here a DCCAE to extract this low-dimensional representation from the high-dimensional multi-TE spectra (Fig.1). More speci�cally, this
network has several new features compared to prior work: (1) Convolutional layer was used for automatic feature extraction and to exploit the
correlation across TEs by treating individual TEs as di�erent input channels of the network; (2) Fully connected layers were coupled with the
convolutional layer to further extract the low-dimensional features; (3) Instead of processing real and imaginary parts of the data separately as most
existing methods, we used complex-valued units and activation functions to handle the complex MRSI data directly. Figure 1 illustrates the proposed
network structure and training strategy. To train the proposed network, training data was generated using Eq. [1] with  from quantum-
mechanical simulations (can be adapted to any sequence), and other parameters (e.g., , , , , , , , and  ) randomly sampled
from distributions constructed using literature and experimental values . Training was performed using a PyTorch implementation using the Adam
optimizer and MSE loss.

Denoising Multi-TE 1H-MRSI data using the learned model

With the learned model, we perform denoising multi-TE MRSI reconstruction by solving:

where  contains the noisy data,  denotes the multi-TE spatiotemporal function,  is the forward encoding operator with a k-space sampling pattern,
and  denotes the trained network capturing the low-dimensional representation of . The �rst regularization term (with ) enforces the learned
model on the data (to e�ectively separate noise and signals of interest), and  imposes any additional spatial-spectral constraints (e.g., a weighted- 

 or  penalty). An ADMM algorithm was used to solve this problem .
We have evaluated the proposed method using both numerical simulations and experimental data, results from which are highlighted below.

Results
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Figure 2 compares the representation accuracy of the proposed learned model with low-dimensional linear subspace (low-rank) models (for both the
cases of TE-dependent subspaces and a TE-combined subspace) in a 3-TE simulation. As can be seen, the proposed method yielded higher accuracy than
both linear subspace approximations across di�erent model orders. We then evaluate the learned model for denoising a numerical phantom. The
phantom was simulated with spatially varying metabolite and macromolecule spectra with di�erent concentrations, ’s, lineshapes, frequency shifts,
and a lesion-like feature. As shown in Fig. 3, the proposed method clearly outperforms the methods using either learned subspace constraints (by
projecting onto the subspaces) or spatial regularization, both qualitatively and quantitatively. 
Figures 4 and 5 show the results from a representative set of in vivo brain data (healthy volunteer, 3T) to demonstrate the utility of the proposed
method in practical experiments. Apparent SNR improvement was achieved by the proposed method, as illustrated by both the metabolite maps (Fig. 4)
and spatially resolved spectra (Fig. 5).
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Figure 1: The proposed DCCAE and training strategy. X denotes the collection of multi-TE FID training data with length T and M TEs. Complex units are
used where di�erent TEs are treated as di�erent channels in the input. For each complex convolution block, data dimensions were reduced by half while
the channel dimension (K) increased by a small amount. The fully connected part followed an encoder-decoder structure and a middle feature layer with
dimension  (referred to as the model order). Errors between  and  is minimized.L X X̂
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Figure 2: Representation e�ciency of the learned model: a) Relative  errors of the proposed model approximation with di�erent model orders ’s for
3-TE data (orange curve), compared to linear subspace models (TE-combined subspace in the blue curve and TE-dependent subspace in a yellow curve).
For the TE-dependent subspaces,  is the total dimension of the three subspaces. b) Approximations of a test spectra at di�erent TEs (30, 80, and 130
ms) using the three models with . A more accurate representation is achieved by our learned model.

Figure 3: Simulation results evaluating the denoising performance using the learned model. Shown here are the gold standard, noisy data, spatially
constrained denoising (Spatial), subspace denoising with TE-dependent and TE-combined subspaces, and the proposed method, with corresponding
normalized MSEs listed. The left 3 panels show maps of NAA, Cr, and mI across TEs from di�erent methods. The right panels show selected voxel spectra
and errors for di�erent methods. The proposed method achieved signi�cant SNR improvement while best preserving spatiospectral features.

Figure 4: Results from an in vivo dataset. The image on the left shows the anatomical image from the 3D volume (T1w). The 3 rows in the left panel show
the maps of NAA, Cr, and mI at di�erent TEs from the noisy data, while the right panel show denoising results from proposed methods. Better SNR
enhancement can be observed for the proposed method, especially for longer-TE data. While mI map was noisy, improved SNR can still be observed.

Figure 5: A set of representative localized spectra from the same in vivo data, where the voxel locations are marked by the corresponding symbols.
Substantial SNR enhancement can be observed, better revealing the underlying spectral features, especially for longer-TE data. Moreover, minimum
signal is reconstructed from the background noise indicating the robustness of our method.
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