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Combining high-resolution single cell tracking experiments with numerical simulations, we show
that starvation-induced fruiting body (FB) formation in Myxococcus xanthus is a phase separation
driven by cells that tune their motility over time. The phase separation can be understood in
terms of cell density and a dimensionless Péclet number that captures cell motility through speed
and reversal frequency. Our work suggests that M. xanthus take advantage of a self-driven non-
equilibrium phase transition that can be controlled at the single cell level.

Unicellular organisms such as bacteria and amoeba are
capable of spontaneously organizing into complex mul-
ticellular structures [1, 2]. A striking example of such
collective behavior is the starvation-induced organiza-
tion of the rod-shaped, soil-dwelling bacterium Myxococ-
cus xanthus into macroscopic, multicellular aggregates
known as “fruiting bodies” (FBs) [3]. When nutrients are
scarce, M. xanthus cells undergo a multicellular process of
self-organization during which cells move to form dome-
shaped aggregates comprising hundreds of thousands of
cells. A subset of cells at the center of each droplet differ-
entiate to form metabolically quiescent spores that can
survive long periods of starvation [3–5].

The striking phenotypic similarity between FB forma-
tion in M. xanthus and in the amoeba Dictyostelium
discoidium has led to the longstanding hypothesis that
M. xanthus FB formation is driven by long-range chem-
ical signaling mechanisms, as it is in the amoeba. Al-
though M. xanthus cells are thought to employ chemi-
cal communication to initiate FB formation (termed A-
signaling) [6], to synchronize reversal frequency (termed
C-signaling) [7, 8], and to communicate through mu-
copolysaccharide “slime trails” that other cells can sense
and follow [9], a quantitative understanding of the mech-
anisms that drive aggregation has remained elusive.

M. xanthus cells move by gliding on solid surfaces using
both tank-tread-like transport motors and the retraction
of extruded filaments called pili, and can modulate their
speed in a continuous manner [10, 11]. The cells also
have the ability to reverse their direction of motion, typ-
ically every several minutes, and can modify the reversal
frequency in different situations [12–14]. In addition to
the role of chemical signaling, previous modeling work
has attempted to investigate mechanical aspects of FB
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formation by considering contact-mediated interactions
between cells, although these ideas have not been thor-
oughly tested experimentally [15].

Using experiments and insight from theory, we demon-
strate that M. xanthus FB formation can be described
as a phase separation process driven, at least initially, by
changes to the motility of individual cells. Importantly,
this appears to happen in the absence of complex sig-
naling mechanisms and interactions between cells, and
requires no real-time control at the cellular level. While
the ability to actively change motility ultimately leads to
a phase transition, cells do not have to implement a com-
plicated feedback mechanism to alter motility in response
to specific chemical or mechanical cues. Rather, cells
need only speed up and suppress reversals upon starva-
tion and the collective mechanics then naturally induces
phase separation of the entire population. The theoreti-
cal inspiration for this work is the Motility-Induced Phase
Separation (MIPS), where purely repulsive Active Brow-
nian Particles (ABPs) spontaneously aggregate through a
jamming-based phase transition [16–18]. While there are
important differences between the MIPS and the droplet
formation seen in M. xanthus populations, we use this
model to explore parameters and regions of phase space
that are inaccessible to experiments.

We first investigated the dynamics of FB formation
using different cell densities (experimental details are de-
scribed in the Supplemental Materials, SM). Time-lapse,
bright-field images were used to quantify the resultant
dynamics (Fig. 1, Movies S1-3). Pixel intensity is indica-
tive of local population density with darker regions corre-
sponding to the FBs and the lighter pixels corresponding
to the low density regions of bacteria. When the inocula-
tion cell density is very low (2.5×107 cells/mL), no large-
scale structure formation is seen (Movie S1). Over the
first few hours, cells largely move independently, revers-
ing frequently and with minimal cell-cell contacts and
interactions. This results in the formation of spatially
stable nematic streams at later times (∼ 6-8 hours) but
not fruiting bodies [14].
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FIG. 1. Aggregation in M. xanthus. (A, B) Microscopy im-
ages of M. xanthus cells undergoing phase separation via a
nucleation and growth process (A, low density at 1.5×108

cell/mL) and spinodal decomposition (B, high density at
5×108 cell/mL). Each image has dimension 1.5 mm by
1.5 mm. (C) The structure factor at different spatial fre-
quencies for M. xanthus phase separation at high density and
different times after starvation is calculated as the magnitude
squared of the radial component of the Fourier transform of
images. Solid lines are fits to the sum of a Gaussian func-
tion and a decaying exponential. Time t = 0 denotes the
first frame in a movie where macroscopic coarsening is ob-
served. (C, inset) Collapse of the radial Fourier transform
when frequency is scaled by the peak wavenumber k0 and the
amplitude is scaled by the peak amplitude S(k0). (D) Power
law scaling of the dominant length scale with time, L ∼ tα,
for nucleation and growth (green triangles, α = 0.29 ± 0.02)
and spinodal decomposition (blue circles, α = 0.30±0.02) ex-
periments (left axis), and ABP spinodal decomposition sim-
ulations (red squares, α = 0.281± 0.002, right axis). Time is
written in units of the reversal time, τr ≈ 10 min. Error bars
represent one standard-error.

When the inoculation density is increased to
1.5×108 cells/ml, FBs form randomly in space and time
through the experiment (Fig. 1A, Movie S2). In a field of
view of 3 mm by 2.5 mm, approximately 10 FB droplets
were observed after 24 hours, although in some cases as
few as 2 droplets formed. This spatio-temporally ran-
dom appearance of FBs is similar to a phase separation
process called nucleation and growth in which an energy
barrier between two phases causes small fluctuations in
the population density to die out. The later stages of
coarsening involve significant flux between neighboring
FBs, seen directly in some experiments where the cell
movement is evident and in others where small droplets
are observed to dissolve into nearby larger ones. This
is reminiscent of an Ostwald ripening process and recent
work used a model of Ostwald ripening to predict the
disappearance and persistence of M. xanthus FBs [19].

When the inoculation density was further increased
to 5×108 cells/mL and above, we observed that FBs

formed via a different dynamical mechanism (Fig. 1B,
Movie S3). Rather than spatially random nucleation and
slow growth, high-density cultures spontaneously and im-
mediately begin to phase separate over the entire field
of view. Within the first 11 hours after plating (Fig.
S1), we observed the formation of a global instability in
the cell density that resulted in small, mesh-like struc-
tures that cover the petri dish. This kind of spontaneous
phase separation, similar to spinodal decomposition, clas-
sically arises when microscopic fluctuations in the local
density are inherently unstable, lacking an energy barrier
to separate the homogeneous and more favorable phase-
separated regimes. As the mesh coarsened over time,
small droplets appeared that were connected by thinner
layers of cells. Finally, a subset of these droplets grew
and turned into round FBs. We determine if an exper-
iment exhibits phase separation and the underlying ki-
netic mechanism by analyzing the temporal dynamics in
the image as described in the SM.

We next compared the dynamics of FB formation
to the well-studied MIPS seen in simulations of ABPs.
Briefly, we simulated particles moving with speed v0

along a direction that is randomized at rate Dr and re-
versed at rate frev (see SM for further details). As has
been shown previously, and similar to our observations
from M. xanthus cells, ABPs aggregate in a density-
dependent manner [16–18]. At very low densities, no
aggregation is observed (Movie S4), whereas the simu-
lations produce nucleation and growth and finally spin-
odal decomposition as the density of particles is increased
(Movies S5 and S6). In this model, aggregation occurs as
particle-particle collisions cause jamming that can only
be relieved though rotation of the orientation vectors.

A hallmark of spinodal decomposition is a well-defined
length scale of the phase-separated domains that in-
creases with time as a power-law as the domains grow
self-similarly [20, 21]. At high inoculation densities cor-
responding to the spinodal regime, a single dominant
length scale emerges in the organization of the bacterial
domains (Fig. 1C) and grows in time as a power law with
an exponent α = 0.30± 0.02 (Fig. 1D). When the struc-
ture factor S(k) is rescaled by the peak wavenumber and
amplitude, the shape of the peak remains largely con-
stant over time up to 14 hours, representing self-similar
coarsening of the phase separated domains (Fig. 1C in-
set) [20, 22] [23] . At later times, the initially mesh-like
domains break up into rounder droplets in what appears
to be a separate part of the phase separation mecha-
nism. A similar increase in the dominant length scale
with time is seen at low inoculation densities where the
size of the individual aggregates in the nucleation and
growth regime grows in time with the same exponent,
α = 0.29 ± 0.02. We next measured the length scale for
ABPs undergoing a MIPS and recover a similar scaling,
α = 0.281 ± 0.002 [24] . These results are in agreement
with previous results for non-reversing ABPs [25–27] and
continuum models of MIPS [28]. Interestingly, we find
that the time evolution of the characteristic size is the
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tDe↵
r<latexit sha1_base64="dn8WaWL+Ri9kXCvXZYl3TETTqBE=">AAACA3icbZDLSsNAFIYnXmu9Rd3pJlgEVyURQZdFXbisYC/Q1jKZnrRDJ5MwcyKWEHDjq7hxoYhbX8Kdb+O0zUJbfxj45j/nMHN+PxZco+t+WwuLS8srq4W14vrG5ta2vbNb11GiGNRYJCLV9KkGwSXUkKOAZqyAhr6Ahj+8HNcb96A0j+QtjmLohLQvecAZRWN17X28ukvbCA+YQhBkWTe/KIN2yS27Eznz4OVQIrmqXfur3YtYEoJEJqjWLc+NsZNShZwJyIrtRENM2ZD2oWVQ0hB0J53skDlHxuk5QaTMkehM3N8TKQ21HoW+6QwpDvRsbWz+V2slGJx3Ui7jBEGy6UNBIhyMnHEgTo8rYChGBihT3PzVYQOqKEMTW9GE4M2uPA/1k7Jn+Oa0VLnI4yiQA3JIjolHzkiFXJMqqRFGHskzeSVv1pP1Yr1bH9PWBSuf2SN/ZH3+ANMgmOk=</latexit><latexit sha1_base64="dn8WaWL+Ri9kXCvXZYl3TETTqBE=">AAACA3icbZDLSsNAFIYnXmu9Rd3pJlgEVyURQZdFXbisYC/Q1jKZnrRDJ5MwcyKWEHDjq7hxoYhbX8Kdb+O0zUJbfxj45j/nMHN+PxZco+t+WwuLS8srq4W14vrG5ta2vbNb11GiGNRYJCLV9KkGwSXUkKOAZqyAhr6Ahj+8HNcb96A0j+QtjmLohLQvecAZRWN17X28ukvbCA+YQhBkWTe/KIN2yS27Eznz4OVQIrmqXfur3YtYEoJEJqjWLc+NsZNShZwJyIrtRENM2ZD2oWVQ0hB0J53skDlHxuk5QaTMkehM3N8TKQ21HoW+6QwpDvRsbWz+V2slGJx3Ui7jBEGy6UNBIhyMnHEgTo8rYChGBihT3PzVYQOqKEMTW9GE4M2uPA/1k7Jn+Oa0VLnI4yiQA3JIjolHzkiFXJMqqRFGHskzeSVv1pP1Yr1bH9PWBSuf2SN/ZH3+ANMgmOk=</latexit><latexit sha1_base64="dn8WaWL+Ri9kXCvXZYl3TETTqBE=">AAACA3icbZDLSsNAFIYnXmu9Rd3pJlgEVyURQZdFXbisYC/Q1jKZnrRDJ5MwcyKWEHDjq7hxoYhbX8Kdb+O0zUJbfxj45j/nMHN+PxZco+t+WwuLS8srq4W14vrG5ta2vbNb11GiGNRYJCLV9KkGwSXUkKOAZqyAhr6Ahj+8HNcb96A0j+QtjmLohLQvecAZRWN17X28ukvbCA+YQhBkWTe/KIN2yS27Eznz4OVQIrmqXfur3YtYEoJEJqjWLc+NsZNShZwJyIrtRENM2ZD2oWVQ0hB0J53skDlHxuk5QaTMkehM3N8TKQ21HoW+6QwpDvRsbWz+V2slGJx3Ui7jBEGy6UNBIhyMnHEgTo8rYChGBihT3PzVYQOqKEMTW9GE4M2uPA/1k7Jn+Oa0VLnI4yiQA3JIjolHzkiFXJMqqRFGHskzeSVv1pP1Yr1bH9PWBSuf2SN/ZH3+ANMgmOk=</latexit><latexit sha1_base64="dn8WaWL+Ri9kXCvXZYl3TETTqBE=">AAACA3icbZDLSsNAFIYnXmu9Rd3pJlgEVyURQZdFXbisYC/Q1jKZnrRDJ5MwcyKWEHDjq7hxoYhbX8Kdb+O0zUJbfxj45j/nMHN+PxZco+t+WwuLS8srq4W14vrG5ta2vbNb11GiGNRYJCLV9KkGwSXUkKOAZqyAhr6Ahj+8HNcb96A0j+QtjmLohLQvecAZRWN17X28ukvbCA+YQhBkWTe/KIN2yS27Eznz4OVQIrmqXfur3YtYEoJEJqjWLc+NsZNShZwJyIrtRENM2ZD2oWVQ0hB0J53skDlHxuk5QaTMkehM3N8TKQ21HoW+6QwpDvRsbWz+V2slGJx3Ui7jBEGy6UNBIhyMnHEgTo8rYChGBihT3PzVYQOqKEMTW9GE4M2uPA/1k7Jn+Oa0VLnI4yiQA3JIjolHzkiFXJMqqRFGHskzeSVv1pP1Yr1bH9PWBSuf2SN/ZH3+ANMgmOk=</latexit>
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<latexit sha1_base64="1ssqxXyYkPXsxpScicLTT7YjBts=">AAACDXicbZC7TsMwFIadcivlFmBksShITCWpkGCsgIGxSPQiNaVy3JPWquNEtoNURX0BFl6FhQGEWNnZeBvcNAO0/JKlX985R8fn92POlHacb6uwtLyyulZcL21sbm3v2Lt7TRUlkkKDRjySbZ8o4ExAQzPNoR1LIKHPoeWPrqb11gNIxSJxp8cxdEMyECxglGiDevaRx4kYcPCugWuC5X1anXgyQ6e8l8aTKejZZafiZMKLxs1NGeWq9+wvrx/RJAShKSdKdVwn1t2USM0oh0nJSxTEhI7IADrGChKC6qbZNRN8bEgfB5E0T2ic0d8TKQmVGoe+6QyJHqr52hT+V+skOrjopkzEiQZBZ4uChGMd4Wk0uM8kUM3HxhAqmfkrpkMiCdUmwJIJwZ0/edE0qxXXqbi3Z+XaZR5HER2gQ3SCXHSOaugG1VEDUfSIntErerOerBfr3fqYtRasfGYf/ZH1+QPKIJwB</latexit><latexit sha1_base64="1ssqxXyYkPXsxpScicLTT7YjBts=">AAACDXicbZC7TsMwFIadcivlFmBksShITCWpkGCsgIGxSPQiNaVy3JPWquNEtoNURX0BFl6FhQGEWNnZeBvcNAO0/JKlX985R8fn92POlHacb6uwtLyyulZcL21sbm3v2Lt7TRUlkkKDRjySbZ8o4ExAQzPNoR1LIKHPoeWPrqb11gNIxSJxp8cxdEMyECxglGiDevaRx4kYcPCugWuC5X1anXgyQ6e8l8aTKejZZafiZMKLxs1NGeWq9+wvrx/RJAShKSdKdVwn1t2USM0oh0nJSxTEhI7IADrGChKC6qbZNRN8bEgfB5E0T2ic0d8TKQmVGoe+6QyJHqr52hT+V+skOrjopkzEiQZBZ4uChGMd4Wk0uM8kUM3HxhAqmfkrpkMiCdUmwJIJwZ0/edE0qxXXqbi3Z+XaZR5HER2gQ3SCXHSOaugG1VEDUfSIntErerOerBfr3fqYtRasfGYf/ZH1+QPKIJwB</latexit><latexit sha1_base64="1ssqxXyYkPXsxpScicLTT7YjBts=">AAACDXicbZC7TsMwFIadcivlFmBksShITCWpkGCsgIGxSPQiNaVy3JPWquNEtoNURX0BFl6FhQGEWNnZeBvcNAO0/JKlX985R8fn92POlHacb6uwtLyyulZcL21sbm3v2Lt7TRUlkkKDRjySbZ8o4ExAQzPNoR1LIKHPoeWPrqb11gNIxSJxp8cxdEMyECxglGiDevaRx4kYcPCugWuC5X1anXgyQ6e8l8aTKejZZafiZMKLxs1NGeWq9+wvrx/RJAShKSdKdVwn1t2USM0oh0nJSxTEhI7IADrGChKC6qbZNRN8bEgfB5E0T2ic0d8TKQmVGoe+6QyJHqr52hT+V+skOrjopkzEiQZBZ4uChGMd4Wk0uM8kUM3HxhAqmfkrpkMiCdUmwJIJwZ0/edE0qxXXqbi3Z+XaZR5HER2gQ3SCXHSOaugG1VEDUfSIntErerOerBfr3fqYtRasfGYf/ZH1+QPKIJwB</latexit><latexit sha1_base64="1ssqxXyYkPXsxpScicLTT7YjBts=">AAACDXicbZC7TsMwFIadcivlFmBksShITCWpkGCsgIGxSPQiNaVy3JPWquNEtoNURX0BFl6FhQGEWNnZeBvcNAO0/JKlX985R8fn92POlHacb6uwtLyyulZcL21sbm3v2Lt7TRUlkkKDRjySbZ8o4ExAQzPNoR1LIKHPoeWPrqb11gNIxSJxp8cxdEMyECxglGiDevaRx4kYcPCugWuC5X1anXgyQ6e8l8aTKejZZafiZMKLxs1NGeWq9+wvrx/RJAShKSdKdVwn1t2USM0oh0nJSxTEhI7IADrGChKC6qbZNRN8bEgfB5E0T2ic0d8TKQmVGoe+6QyJHqr52hT+V+skOrjopkzEiQZBZ4uChGMd4Wk0uM8kUM3HxhAqmfkrpkMiCdUmwJIJwZ0/edE0qxXXqbi3Z+XaZR5HER2gQ3SCXHSOaugG1VEDUfSIntErerOerBfr3fqYtRasfGYf/ZH1+QPKIJwB</latexit>
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10�1
<latexit sha1_base64="UKbwS1Ie99APchL93wQrL+utz3o=">AAAB7nicbZBNS8NAEIYn9avWr6pHL4tF8GJJpKDHohePFewHtLFstpN26WYTdjdCCf0RXjwo4tXf481/47bNQVtfWHh4Z4adeYNEcG1c99sprK1vbG4Vt0s7u3v7B+XDo5aOU8WwyWIRq05ANQousWm4EdhJFNIoENgOxrezevsJleaxfDCTBP2IDiUPOaPGWm3PfcwuvGm/XHGr7lxkFbwcKpCr0S9/9QYxSyOUhgmqdddzE+NnVBnOBE5LvVRjQtmYDrFrUdIItZ/N152SM+sMSBgr+6Qhc/f3REYjrSdRYDsjakZ6uTYz/6t1UxNe+xmXSWpQssVHYSqIicnsdjLgCpkREwuUKW53JWxEFWXGJlSyIXjLJ69C67LqWb6vVeo3eRxFOIFTOAcPrqAOd9CAJjAYwzO8wpuTOC/Ou/OxaC04+cwx/JHz+QM7a47V</latexit><latexit sha1_base64="UKbwS1Ie99APchL93wQrL+utz3o=">AAAB7nicbZBNS8NAEIYn9avWr6pHL4tF8GJJpKDHohePFewHtLFstpN26WYTdjdCCf0RXjwo4tXf481/47bNQVtfWHh4Z4adeYNEcG1c99sprK1vbG4Vt0s7u3v7B+XDo5aOU8WwyWIRq05ANQousWm4EdhJFNIoENgOxrezevsJleaxfDCTBP2IDiUPOaPGWm3PfcwuvGm/XHGr7lxkFbwcKpCr0S9/9QYxSyOUhgmqdddzE+NnVBnOBE5LvVRjQtmYDrFrUdIItZ/N152SM+sMSBgr+6Qhc/f3REYjrSdRYDsjakZ6uTYz/6t1UxNe+xmXSWpQssVHYSqIicnsdjLgCpkREwuUKW53JWxEFWXGJlSyIXjLJ69C67LqWb6vVeo3eRxFOIFTOAcPrqAOd9CAJjAYwzO8wpuTOC/Ou/OxaC04+cwx/JHz+QM7a47V</latexit><latexit sha1_base64="UKbwS1Ie99APchL93wQrL+utz3o=">AAAB7nicbZBNS8NAEIYn9avWr6pHL4tF8GJJpKDHohePFewHtLFstpN26WYTdjdCCf0RXjwo4tXf481/47bNQVtfWHh4Z4adeYNEcG1c99sprK1vbG4Vt0s7u3v7B+XDo5aOU8WwyWIRq05ANQousWm4EdhJFNIoENgOxrezevsJleaxfDCTBP2IDiUPOaPGWm3PfcwuvGm/XHGr7lxkFbwcKpCr0S9/9QYxSyOUhgmqdddzE+NnVBnOBE5LvVRjQtmYDrFrUdIItZ/N152SM+sMSBgr+6Qhc/f3REYjrSdRYDsjakZ6uTYz/6t1UxNe+xmXSWpQssVHYSqIicnsdjLgCpkREwuUKW53JWxEFWXGJlSyIXjLJ69C67LqWb6vVeo3eRxFOIFTOAcPrqAOd9CAJjAYwzO8wpuTOC/Ou/OxaC04+cwx/JHz+QM7a47V</latexit><latexit sha1_base64="UKbwS1Ie99APchL93wQrL+utz3o=">AAAB7nicbZBNS8NAEIYn9avWr6pHL4tF8GJJpKDHohePFewHtLFstpN26WYTdjdCCf0RXjwo4tXf481/47bNQVtfWHh4Z4adeYNEcG1c99sprK1vbG4Vt0s7u3v7B+XDo5aOU8WwyWIRq05ANQousWm4EdhJFNIoENgOxrezevsJleaxfDCTBP2IDiUPOaPGWm3PfcwuvGm/XHGr7lxkFbwcKpCr0S9/9QYxSyOUhgmqdddzE+NnVBnOBE5LvVRjQtmYDrFrUdIItZ/N152SM+sMSBgr+6Qhc/f3REYjrSdRYDsjakZ6uTYz/6t1UxNe+xmXSWpQssVHYSqIicnsdjLgCpkREwuUKW53JWxEFWXGJlSyIXjLJ69C67LqWb6vVeo3eRxFOIFTOAcPrqAOd9CAJjAYwzO8wpuTOC/Ou/OxaC04+cwx/JHz+QM7a47V</latexit>

100
<latexit sha1_base64="DvfNV/S6HEFl7xW8gMGwbBnanZQ=">AAAB7XicbZDLSgMxFIbPeK31VnXpJlgEV2VGBF0W3bisYC/QjiWTZtrYTDIkZ4Qy9B3cuFDEre/jzrcxvSy09YfAx3/OIef8USqFRd//9lZW19Y3Ngtbxe2d3b390sFhw+rMMF5nWmrTiqjlUiheR4GSt1LDaRJJ3oyGN5N684kbK7S6x1HKw4T2lYgFo+isRuA/5P64Wyr7FX8qsgzBHMowV61b+ur0NMsSrpBJam078FMMc2pQMMnHxU5meUrZkPZ526GiCbdhPt12TE6d0yOxNu4pJFP390ROE2tHSeQ6E4oDu1ibmP/V2hnGV2EuVJohV2z2UZxJgppMTic9YThDOXJAmRFuV8IG1FCGLqCiCyFYPHkZGueVwPHdRbl6PY+jAMdwAmcQwCVU4RZqUAcGj/AMr/Dmae/Fe/c+Zq0r3nzmCP7I+/wBzyGOnQ==</latexit><latexit sha1_base64="DvfNV/S6HEFl7xW8gMGwbBnanZQ=">AAAB7XicbZDLSgMxFIbPeK31VnXpJlgEV2VGBF0W3bisYC/QjiWTZtrYTDIkZ4Qy9B3cuFDEre/jzrcxvSy09YfAx3/OIef8USqFRd//9lZW19Y3Ngtbxe2d3b390sFhw+rMMF5nWmrTiqjlUiheR4GSt1LDaRJJ3oyGN5N684kbK7S6x1HKw4T2lYgFo+isRuA/5P64Wyr7FX8qsgzBHMowV61b+ur0NMsSrpBJam078FMMc2pQMMnHxU5meUrZkPZ526GiCbdhPt12TE6d0yOxNu4pJFP390ROE2tHSeQ6E4oDu1ibmP/V2hnGV2EuVJohV2z2UZxJgppMTic9YThDOXJAmRFuV8IG1FCGLqCiCyFYPHkZGueVwPHdRbl6PY+jAMdwAmcQwCVU4RZqUAcGj/AMr/Dmae/Fe/c+Zq0r3nzmCP7I+/wBzyGOnQ==</latexit><latexit sha1_base64="DvfNV/S6HEFl7xW8gMGwbBnanZQ=">AAAB7XicbZDLSgMxFIbPeK31VnXpJlgEV2VGBF0W3bisYC/QjiWTZtrYTDIkZ4Qy9B3cuFDEre/jzrcxvSy09YfAx3/OIef8USqFRd//9lZW19Y3Ngtbxe2d3b390sFhw+rMMF5nWmrTiqjlUiheR4GSt1LDaRJJ3oyGN5N684kbK7S6x1HKw4T2lYgFo+isRuA/5P64Wyr7FX8qsgzBHMowV61b+ur0NMsSrpBJam078FMMc2pQMMnHxU5meUrZkPZ526GiCbdhPt12TE6d0yOxNu4pJFP390ROE2tHSeQ6E4oDu1ibmP/V2hnGV2EuVJohV2z2UZxJgppMTic9YThDOXJAmRFuV8IG1FCGLqCiCyFYPHkZGueVwPHdRbl6PY+jAMdwAmcQwCVU4RZqUAcGj/AMr/Dmae/Fe/c+Zq0r3nzmCP7I+/wBzyGOnQ==</latexit><latexit sha1_base64="DvfNV/S6HEFl7xW8gMGwbBnanZQ=">AAAB7XicbZDLSgMxFIbPeK31VnXpJlgEV2VGBF0W3bisYC/QjiWTZtrYTDIkZ4Qy9B3cuFDEre/jzrcxvSy09YfAx3/OIef8USqFRd//9lZW19Y3Ngtbxe2d3b390sFhw+rMMF5nWmrTiqjlUiheR4GSt1LDaRJJ3oyGN5N684kbK7S6x1HKw4T2lYgFo+isRuA/5P64Wyr7FX8qsgzBHMowV61b+ur0NMsSrpBJam078FMMc2pQMMnHxU5meUrZkPZ526GiCbdhPt12TE6d0yOxNu4pJFP390ROE2tHSeQ6E4oDu1ibmP/V2hnGV2EuVJohV2z2UZxJgppMTic9YThDOXJAmRFuV8IG1FCGLqCiCyFYPHkZGueVwPHdRbl6PY+jAMdwAmcQwCVU4RZqUAcGj/AMr/Dmae/Fe/c+Zq0r3nzmCP7I+/wBzyGOnQ==</latexit>

101
<latexit sha1_base64="TmJUN4C+xLmtJxNGmJ0IUVxvcn8=">AAAB7XicbZDLSgMxFIbPeK31VnXpJlgEV2VGBF0W3bisYC/QjiWTZtrYTDIkZ4Qy9B3cuFDEre/jzrcxvSy09YfAx3/OIef8USqFRd//9lZW19Y3Ngtbxe2d3b390sFhw+rMMF5nWmrTiqjlUiheR4GSt1LDaRJJ3oyGN5N684kbK7S6x1HKw4T2lYgFo+isRuA/5MG4Wyr7FX8qsgzBHMowV61b+ur0NMsSrpBJam078FMMc2pQMMnHxU5meUrZkPZ526GiCbdhPt12TE6d0yOxNu4pJFP390ROE2tHSeQ6E4oDu1ibmP/V2hnGV2EuVJohV2z2UZxJgppMTic9YThDOXJAmRFuV8IG1FCGLqCiCyFYPHkZGueVwPHdRbl6PY+jAMdwAmcQwCVU4RZqUAcGj/AMr/Dmae/Fe/c+Zq0r3nzmCP7I+/wB0KaOng==</latexit><latexit sha1_base64="TmJUN4C+xLmtJxNGmJ0IUVxvcn8=">AAAB7XicbZDLSgMxFIbPeK31VnXpJlgEV2VGBF0W3bisYC/QjiWTZtrYTDIkZ4Qy9B3cuFDEre/jzrcxvSy09YfAx3/OIef8USqFRd//9lZW19Y3Ngtbxe2d3b390sFhw+rMMF5nWmrTiqjlUiheR4GSt1LDaRJJ3oyGN5N684kbK7S6x1HKw4T2lYgFo+isRuA/5MG4Wyr7FX8qsgzBHMowV61b+ur0NMsSrpBJam078FMMc2pQMMnHxU5meUrZkPZ526GiCbdhPt12TE6d0yOxNu4pJFP390ROE2tHSeQ6E4oDu1ibmP/V2hnGV2EuVJohV2z2UZxJgppMTic9YThDOXJAmRFuV8IG1FCGLqCiCyFYPHkZGueVwPHdRbl6PY+jAMdwAmcQwCVU4RZqUAcGj/AMr/Dmae/Fe/c+Zq0r3nzmCP7I+/wB0KaOng==</latexit><latexit sha1_base64="TmJUN4C+xLmtJxNGmJ0IUVxvcn8=">AAAB7XicbZDLSgMxFIbPeK31VnXpJlgEV2VGBF0W3bisYC/QjiWTZtrYTDIkZ4Qy9B3cuFDEre/jzrcxvSy09YfAx3/OIef8USqFRd//9lZW19Y3Ngtbxe2d3b390sFhw+rMMF5nWmrTiqjlUiheR4GSt1LDaRJJ3oyGN5N684kbK7S6x1HKw4T2lYgFo+isRuA/5MG4Wyr7FX8qsgzBHMowV61b+ur0NMsSrpBJam078FMMc2pQMMnHxU5meUrZkPZ526GiCbdhPt12TE6d0yOxNu4pJFP390ROE2tHSeQ6E4oDu1ibmP/V2hnGV2EuVJohV2z2UZxJgppMTic9YThDOXJAmRFuV8IG1FCGLqCiCyFYPHkZGueVwPHdRbl6PY+jAMdwAmcQwCVU4RZqUAcGj/AMr/Dmae/Fe/c+Zq0r3nzmCP7I+/wB0KaOng==</latexit><latexit sha1_base64="TmJUN4C+xLmtJxNGmJ0IUVxvcn8=">AAAB7XicbZDLSgMxFIbPeK31VnXpJlgEV2VGBF0W3bisYC/QjiWTZtrYTDIkZ4Qy9B3cuFDEre/jzrcxvSy09YfAx3/OIef8USqFRd//9lZW19Y3Ngtbxe2d3b390sFhw+rMMF5nWmrTiqjlUiheR4GSt1LDaRJJ3oyGN5N684kbK7S6x1HKw4T2lYgFo+isRuA/5MG4Wyr7FX8qsgzBHMowV61b+ur0NMsSrpBJam078FMMc2pQMMnHxU5meUrZkPZ526GiCbdhPt12TE6d0yOxNu4pJFP390ROE2tHSeQ6E4oDu1ibmP/V2hnGV2EuVJohV2z2UZxJgppMTic9YThDOXJAmRFuV8IG1FCGLqCiCyFYPHkZGueVwPHdRbl6PY+jAMdwAmcQwCVU4RZqUAcGj/AMr/Dmae/Fe/c+Zq0r3nzmCP7I+/wB0KaOng==</latexit>

102
<latexit sha1_base64="A/It/qc33VO3maO2UZA8awI9Mgo=">AAAB7XicbZDLSgMxFIZP6q3WW9Wlm2ARXJWZIuiy6MZlBXuBdiyZNNPGZpIhyQhl6Du4caGIW9/HnW9j2s5CW38IfPznHHLOHyaCG+t536iwtr6xuVXcLu3s7u0flA+PWkalmrImVULpTkgME1yypuVWsE6iGYlDwdrh+GZWbz8xbbiS93aSsCAmQ8kjTol1Vsv3HrLatF+ueFVvLrwKfg4VyNXol796A0XTmElLBTGm63uJDTKiLaeCTUu91LCE0DEZsq5DSWJmgmy+7RSfOWeAI6XdkxbP3d8TGYmNmcSh64yJHZnl2sz8r9ZNbXQVZFwmqWWSLj6KUoGtwrPT8YBrRq2YOCBUc7crpiOiCbUuoJILwV8+eRVatarv+O6iUr/O4yjCCZzCOfhwCXW4hQY0gcIjPMMrvCGFXtA7+li0FlA+cwx/hD5/ANIrjp8=</latexit><latexit sha1_base64="A/It/qc33VO3maO2UZA8awI9Mgo=">AAAB7XicbZDLSgMxFIZP6q3WW9Wlm2ARXJWZIuiy6MZlBXuBdiyZNNPGZpIhyQhl6Du4caGIW9/HnW9j2s5CW38IfPznHHLOHyaCG+t536iwtr6xuVXcLu3s7u0flA+PWkalmrImVULpTkgME1yypuVWsE6iGYlDwdrh+GZWbz8xbbiS93aSsCAmQ8kjTol1Vsv3HrLatF+ueFVvLrwKfg4VyNXol796A0XTmElLBTGm63uJDTKiLaeCTUu91LCE0DEZsq5DSWJmgmy+7RSfOWeAI6XdkxbP3d8TGYmNmcSh64yJHZnl2sz8r9ZNbXQVZFwmqWWSLj6KUoGtwrPT8YBrRq2YOCBUc7crpiOiCbUuoJILwV8+eRVatarv+O6iUr/O4yjCCZzCOfhwCXW4hQY0gcIjPMMrvCGFXtA7+li0FlA+cwx/hD5/ANIrjp8=</latexit><latexit sha1_base64="A/It/qc33VO3maO2UZA8awI9Mgo=">AAAB7XicbZDLSgMxFIZP6q3WW9Wlm2ARXJWZIuiy6MZlBXuBdiyZNNPGZpIhyQhl6Du4caGIW9/HnW9j2s5CW38IfPznHHLOHyaCG+t536iwtr6xuVXcLu3s7u0flA+PWkalmrImVULpTkgME1yypuVWsE6iGYlDwdrh+GZWbz8xbbiS93aSsCAmQ8kjTol1Vsv3HrLatF+ueFVvLrwKfg4VyNXol796A0XTmElLBTGm63uJDTKiLaeCTUu91LCE0DEZsq5DSWJmgmy+7RSfOWeAI6XdkxbP3d8TGYmNmcSh64yJHZnl2sz8r9ZNbXQVZFwmqWWSLj6KUoGtwrPT8YBrRq2YOCBUc7crpiOiCbUuoJILwV8+eRVatarv+O6iUr/O4yjCCZzCOfhwCXW4hQY0gcIjPMMrvCGFXtA7+li0FlA+cwx/hD5/ANIrjp8=</latexit><latexit sha1_base64="A/It/qc33VO3maO2UZA8awI9Mgo=">AAAB7XicbZDLSgMxFIZP6q3WW9Wlm2ARXJWZIuiy6MZlBXuBdiyZNNPGZpIhyQhl6Du4caGIW9/HnW9j2s5CW38IfPznHHLOHyaCG+t536iwtr6xuVXcLu3s7u0flA+PWkalmrImVULpTkgME1yypuVWsE6iGYlDwdrh+GZWbz8xbbiS93aSsCAmQ8kjTol1Vsv3HrLatF+ueFVvLrwKfg4VyNXol796A0XTmElLBTGm63uJDTKiLaeCTUu91LCE0DEZsq5DSWJmgmy+7RSfOWeAI6XdkxbP3d8TGYmNmcSh64yJHZnl2sz8r9ZNbXQVZFwmqWWSLj6KUoGtwrPT8YBrRq2YOCBUc7crpiOiCbUuoJILwV8+eRVatarv+O6iUr/O4yjCCZzCOfhwCXW4hQY0gcIjPMMrvCGFXtA7+li0FlA+cwx/hD5/ANIrjp8=</latexit>

103
<latexit sha1_base64="49M/L++AWeCi1zFgBkScMSFF+N4=">AAAB7XicbZDLSgMxFIZP6q3WW9Wlm2ARXJUZFXRZdOOygr1AO5ZMmmljM8mQZIQy9B3cuFDEre/jzrcxbWehrT8EPv5zDjnnDxPBjfW8b1RYWV1b3yhulra2d3b3yvsHTaNSTVmDKqF0OySGCS5Zw3IrWDvRjMShYK1wdDOtt56YNlzJeztOWBCTgeQRp8Q6q+l7D9n5pFeueFVvJrwMfg4VyFXvlb+6fUXTmElLBTGm43uJDTKiLaeCTUrd1LCE0BEZsI5DSWJmgmy27QSfOKePI6XdkxbP3N8TGYmNGceh64yJHZrF2tT8r9ZJbXQVZFwmqWWSzj+KUoGtwtPTcZ9rRq0YOyBUc7crpkOiCbUuoJILwV88eRmaZ1Xf8d1FpXadx1GEIziGU/DhEmpwC3VoAIVHeIZXeEMKvaB39DFvLaB85hD+CH3+ANOwjqA=</latexit><latexit sha1_base64="49M/L++AWeCi1zFgBkScMSFF+N4=">AAAB7XicbZDLSgMxFIZP6q3WW9Wlm2ARXJUZFXRZdOOygr1AO5ZMmmljM8mQZIQy9B3cuFDEre/jzrcxbWehrT8EPv5zDjnnDxPBjfW8b1RYWV1b3yhulra2d3b3yvsHTaNSTVmDKqF0OySGCS5Zw3IrWDvRjMShYK1wdDOtt56YNlzJeztOWBCTgeQRp8Q6q+l7D9n5pFeueFVvJrwMfg4VyFXvlb+6fUXTmElLBTGm43uJDTKiLaeCTUrd1LCE0BEZsI5DSWJmgmy27QSfOKePI6XdkxbP3N8TGYmNGceh64yJHZrF2tT8r9ZJbXQVZFwmqWWSzj+KUoGtwtPTcZ9rRq0YOyBUc7crpkOiCbUuoJILwV88eRmaZ1Xf8d1FpXadx1GEIziGU/DhEmpwC3VoAIVHeIZXeEMKvaB39DFvLaB85hD+CH3+ANOwjqA=</latexit><latexit sha1_base64="49M/L++AWeCi1zFgBkScMSFF+N4=">AAAB7XicbZDLSgMxFIZP6q3WW9Wlm2ARXJUZFXRZdOOygr1AO5ZMmmljM8mQZIQy9B3cuFDEre/jzrcxbWehrT8EPv5zDjnnDxPBjfW8b1RYWV1b3yhulra2d3b3yvsHTaNSTVmDKqF0OySGCS5Zw3IrWDvRjMShYK1wdDOtt56YNlzJeztOWBCTgeQRp8Q6q+l7D9n5pFeueFVvJrwMfg4VyFXvlb+6fUXTmElLBTGm43uJDTKiLaeCTUrd1LCE0BEZsI5DSWJmgmy27QSfOKePI6XdkxbP3N8TGYmNGceh64yJHZrF2tT8r9ZJbXQVZFwmqWWSzj+KUoGtwtPTcZ9rRq0YOyBUc7crpkOiCbUuoJILwV88eRmaZ1Xf8d1FpXadx1GEIziGU/DhEmpwC3VoAIVHeIZXeEMKvaB39DFvLaB85hD+CH3+ANOwjqA=</latexit><latexit sha1_base64="49M/L++AWeCi1zFgBkScMSFF+N4=">AAAB7XicbZDLSgMxFIZP6q3WW9Wlm2ARXJUZFXRZdOOygr1AO5ZMmmljM8mQZIQy9B3cuFDEre/jzrcxbWehrT8EPv5zDjnnDxPBjfW8b1RYWV1b3yhulra2d3b3yvsHTaNSTVmDKqF0OySGCS5Zw3IrWDvRjMShYK1wdDOtt56YNlzJeztOWBCTgeQRp8Q6q+l7D9n5pFeueFVvJrwMfg4VyFXvlb+6fUXTmElLBTGm43uJDTKiLaeCTUrd1LCE0BEZsI5DSWJmgmy27QSfOKePI6XdkxbP3N8TGYmNGceh64yJHZrF2tT8r9ZJbXQVZFwmqWWSzj+KUoGtwtPTcZ9rRq0YOyBUc7crpkOiCbUuoJILwV88eRmaZ1Xf8d1FpXadx1GEIziGU/DhEmpwC3VoAIVHeIZXeEMKvaB39DFvLaB85hD+CH3+ANOwjqA=</latexit>

104
<latexit sha1_base64="hVNG2l+8/ng3/UUqTnRsnHgMv1c=">AAAB7XicbZDLSgMxFIZP6q3WW9Wlm2ARXJUZKeiy6MZlBXuBdiyZNNPGZpIhyQhl6Du4caGIW9/HnW9j2s5CW38IfPznHHLOHyaCG+t536iwtr6xuVXcLu3s7u0flA+PWkalmrImVULpTkgME1yypuVWsE6iGYlDwdrh+GZWbz8xbbiS93aSsCAmQ8kjTol1Vsv3HrLatF+ueFVvLrwKfg4VyNXol796A0XTmElLBTGm63uJDTKiLaeCTUu91LCE0DEZsq5DSWJmgmy+7RSfOWeAI6XdkxbP3d8TGYmNmcSh64yJHZnl2sz8r9ZNbXQVZFwmqWWSLj6KUoGtwrPT8YBrRq2YOCBUc7crpiOiCbUuoJILwV8+eRVaF1Xf8V2tUr/O4yjCCZzCOfhwCXW4hQY0gcIjPMMrvCGFXtA7+li0FlA+cwx/hD5/ANU1jqE=</latexit><latexit sha1_base64="hVNG2l+8/ng3/UUqTnRsnHgMv1c=">AAAB7XicbZDLSgMxFIZP6q3WW9Wlm2ARXJUZKeiy6MZlBXuBdiyZNNPGZpIhyQhl6Du4caGIW9/HnW9j2s5CW38IfPznHHLOHyaCG+t536iwtr6xuVXcLu3s7u0flA+PWkalmrImVULpTkgME1yypuVWsE6iGYlDwdrh+GZWbz8xbbiS93aSsCAmQ8kjTol1Vsv3HrLatF+ueFVvLrwKfg4VyNXol796A0XTmElLBTGm63uJDTKiLaeCTUu91LCE0DEZsq5DSWJmgmy+7RSfOWeAI6XdkxbP3d8TGYmNmcSh64yJHZnl2sz8r9ZNbXQVZFwmqWWSLj6KUoGtwrPT8YBrRq2YOCBUc7crpiOiCbUuoJILwV8+eRVaF1Xf8V2tUr/O4yjCCZzCOfhwCXW4hQY0gcIjPMMrvCGFXtA7+li0FlA+cwx/hD5/ANU1jqE=</latexit><latexit sha1_base64="hVNG2l+8/ng3/UUqTnRsnHgMv1c=">AAAB7XicbZDLSgMxFIZP6q3WW9Wlm2ARXJUZKeiy6MZlBXuBdiyZNNPGZpIhyQhl6Du4caGIW9/HnW9j2s5CW38IfPznHHLOHyaCG+t536iwtr6xuVXcLu3s7u0flA+PWkalmrImVULpTkgME1yypuVWsE6iGYlDwdrh+GZWbz8xbbiS93aSsCAmQ8kjTol1Vsv3HrLatF+ueFVvLrwKfg4VyNXol796A0XTmElLBTGm63uJDTKiLaeCTUu91LCE0DEZsq5DSWJmgmy+7RSfOWeAI6XdkxbP3d8TGYmNmcSh64yJHZnl2sz8r9ZNbXQVZFwmqWWSLj6KUoGtwrPT8YBrRq2YOCBUc7crpiOiCbUuoJILwV8+eRVaF1Xf8V2tUr/O4yjCCZzCOfhwCXW4hQY0gcIjPMMrvCGFXtA7+li0FlA+cwx/hD5/ANU1jqE=</latexit><latexit sha1_base64="hVNG2l+8/ng3/UUqTnRsnHgMv1c=">AAAB7XicbZDLSgMxFIZP6q3WW9Wlm2ARXJUZKeiy6MZlBXuBdiyZNNPGZpIhyQhl6Du4caGIW9/HnW9j2s5CW38IfPznHHLOHyaCG+t536iwtr6xuVXcLu3s7u0flA+PWkalmrImVULpTkgME1yypuVWsE6iGYlDwdrh+GZWbz8xbbiS93aSsCAmQ8kjTol1Vsv3HrLatF+ueFVvLrwKfg4VyNXol796A0XTmElLBTGm63uJDTKiLaeCTUu91LCE0DEZsq5DSWJmgmy+7RSfOWeAI6XdkxbP3d8TGYmNmcSh64yJHZnl2sz8r9ZNbXQVZFwmqWWSLj6KUoGtwrPT8YBrRq2YOCBUc7crpiOiCbUuoJILwV8+eRVaF1Xf8V2tUr/O4yjCCZzCOfhwCXW4hQY0gcIjPMMrvCGFXtA7+li0FlA+cwx/hD5/ANU1jqE=</latexit>

10�2
<latexit sha1_base64="Th8nDr96+mObTECMD5ILVXJA+hY=">AAAB7nicbZBNS8NAEIYn9avWr6pHL4tF8GJJiqDHohePFewHtLFstpt26WYTdidCCf0RXjwo4tXf481/47bNQVtfWHh4Z4adeYNECoOu++0U1tY3NreK26Wd3b39g/LhUcvEqWa8yWIZ605ADZdC8SYKlLyTaE6jQPJ2ML6d1dtPXBsRqwecJNyP6FCJUDCK1mp77mN2UZv2yxW36s5FVsHLoQK5Gv3yV28QszTiCpmkxnQ9N0E/oxoFk3xa6qWGJ5SN6ZB3LSoaceNn83Wn5Mw6AxLG2j6FZO7+nshoZMwkCmxnRHFklmsz879aN8Xw2s+ESlLkii0+ClNJMCaz28lAaM5QTixQpoXdlbAR1ZShTahkQ/CWT16FVq3qWb6/rNRv8jiKcAKncA4eXEEd7qABTWAwhmd4hTcncV6cd+dj0Vpw8plj+CPn8wc88I7W</latexit><latexit sha1_base64="Th8nDr96+mObTECMD5ILVXJA+hY=">AAAB7nicbZBNS8NAEIYn9avWr6pHL4tF8GJJiqDHohePFewHtLFstpt26WYTdidCCf0RXjwo4tXf481/47bNQVtfWHh4Z4adeYNECoOu++0U1tY3NreK26Wd3b39g/LhUcvEqWa8yWIZ605ADZdC8SYKlLyTaE6jQPJ2ML6d1dtPXBsRqwecJNyP6FCJUDCK1mp77mN2UZv2yxW36s5FVsHLoQK5Gv3yV28QszTiCpmkxnQ9N0E/oxoFk3xa6qWGJ5SN6ZB3LSoaceNn83Wn5Mw6AxLG2j6FZO7+nshoZMwkCmxnRHFklmsz879aN8Xw2s+ESlLkii0+ClNJMCaz28lAaM5QTixQpoXdlbAR1ZShTahkQ/CWT16FVq3qWb6/rNRv8jiKcAKncA4eXEEd7qABTWAwhmd4hTcncV6cd+dj0Vpw8plj+CPn8wc88I7W</latexit><latexit sha1_base64="Th8nDr96+mObTECMD5ILVXJA+hY=">AAAB7nicbZBNS8NAEIYn9avWr6pHL4tF8GJJiqDHohePFewHtLFstpt26WYTdidCCf0RXjwo4tXf481/47bNQVtfWHh4Z4adeYNECoOu++0U1tY3NreK26Wd3b39g/LhUcvEqWa8yWIZ605ADZdC8SYKlLyTaE6jQPJ2ML6d1dtPXBsRqwecJNyP6FCJUDCK1mp77mN2UZv2yxW36s5FVsHLoQK5Gv3yV28QszTiCpmkxnQ9N0E/oxoFk3xa6qWGJ5SN6ZB3LSoaceNn83Wn5Mw6AxLG2j6FZO7+nshoZMwkCmxnRHFklmsz879aN8Xw2s+ESlLkii0+ClNJMCaz28lAaM5QTixQpoXdlbAR1ZShTahkQ/CWT16FVq3qWb6/rNRv8jiKcAKncA4eXEEd7qABTWAwhmd4hTcncV6cd+dj0Vpw8plj+CPn8wc88I7W</latexit><latexit sha1_base64="Th8nDr96+mObTECMD5ILVXJA+hY=">AAAB7nicbZBNS8NAEIYn9avWr6pHL4tF8GJJiqDHohePFewHtLFstpt26WYTdidCCf0RXjwo4tXf481/47bNQVtfWHh4Z4adeYNECoOu++0U1tY3NreK26Wd3b39g/LhUcvEqWa8yWIZ605ADZdC8SYKlLyTaE6jQPJ2ML6d1dtPXBsRqwecJNyP6FCJUDCK1mp77mN2UZv2yxW36s5FVsHLoQK5Gv3yV28QszTiCpmkxnQ9N0E/oxoFk3xa6qWGJ5SN6ZB3LSoaceNn83Wn5Mw6AxLG2j6FZO7+nshoZMwkCmxnRHFklmsz879aN8Xw2s+ESlLkii0+ClNJMCaz28lAaM5QTixQpoXdlbAR1ZShTahkQ/CWT16FVq3qWb6/rNRv8jiKcAKncA4eXEEd7qABTWAwhmd4hTcncV6cd+dj0Vpw8plj+CPn8wc88I7W</latexit>

10�3
<latexit sha1_base64="lmEPsdYEEewUZBa9xCdouYdvCG4=">AAAB7nicbZBNS8NAEIYn9avWr6pHL4tF8GJJVNBj0YvHCvYD2lg22027dLMJuxOhhP4ILx4U8erv8ea/cdvmoK0vLDy8M8POvEEihUHX/XYKK6tr6xvFzdLW9s7uXnn/oGniVDPeYLGMdTughkuheAMFSt5ONKdRIHkrGN1O660nro2I1QOOE+5HdKBEKBhFa7U89zE7u5j0yhW36s5ElsHLoQK56r3yV7cfszTiCpmkxnQ8N0E/oxoFk3xS6qaGJ5SN6IB3LCoaceNns3Un5MQ6fRLG2j6FZOb+nshoZMw4CmxnRHFoFmtT879aJ8Xw2s+ESlLkis0/ClNJMCbT20lfaM5Qji1QpoXdlbAh1ZShTahkQ/AWT16G5nnVs3x/Wand5HEU4QiO4RQ8uIIa3EEdGsBgBM/wCm9O4rw4787HvLXg5DOH8EfO5w8+dY7X</latexit><latexit sha1_base64="lmEPsdYEEewUZBa9xCdouYdvCG4=">AAAB7nicbZBNS8NAEIYn9avWr6pHL4tF8GJJVNBj0YvHCvYD2lg22027dLMJuxOhhP4ILx4U8erv8ea/cdvmoK0vLDy8M8POvEEihUHX/XYKK6tr6xvFzdLW9s7uXnn/oGniVDPeYLGMdTughkuheAMFSt5ONKdRIHkrGN1O660nro2I1QOOE+5HdKBEKBhFa7U89zE7u5j0yhW36s5ElsHLoQK56r3yV7cfszTiCpmkxnQ8N0E/oxoFk3xS6qaGJ5SN6IB3LCoaceNns3Un5MQ6fRLG2j6FZOb+nshoZMw4CmxnRHFoFmtT879aJ8Xw2s+ESlLkis0/ClNJMCbT20lfaM5Qji1QpoXdlbAh1ZShTahkQ/AWT16G5nnVs3x/Wand5HEU4QiO4RQ8uIIa3EEdGsBgBM/wCm9O4rw4787HvLXg5DOH8EfO5w8+dY7X</latexit><latexit sha1_base64="lmEPsdYEEewUZBa9xCdouYdvCG4=">AAAB7nicbZBNS8NAEIYn9avWr6pHL4tF8GJJVNBj0YvHCvYD2lg22027dLMJuxOhhP4ILx4U8erv8ea/cdvmoK0vLDy8M8POvEEihUHX/XYKK6tr6xvFzdLW9s7uXnn/oGniVDPeYLGMdTughkuheAMFSt5ONKdRIHkrGN1O660nro2I1QOOE+5HdKBEKBhFa7U89zE7u5j0yhW36s5ElsHLoQK56r3yV7cfszTiCpmkxnQ8N0E/oxoFk3xS6qaGJ5SN6IB3LCoaceNns3Un5MQ6fRLG2j6FZOb+nshoZMw4CmxnRHFoFmtT879aJ8Xw2s+ESlLkis0/ClNJMCbT20lfaM5Qji1QpoXdlbAh1ZShTahkQ/AWT16G5nnVs3x/Wand5HEU4QiO4RQ8uIIa3EEdGsBgBM/wCm9O4rw4787HvLXg5DOH8EfO5w8+dY7X</latexit><latexit sha1_base64="lmEPsdYEEewUZBa9xCdouYdvCG4=">AAAB7nicbZBNS8NAEIYn9avWr6pHL4tF8GJJVNBj0YvHCvYD2lg22027dLMJuxOhhP4ILx4U8erv8ea/cdvmoK0vLDy8M8POvEEihUHX/XYKK6tr6xvFzdLW9s7uXnn/oGniVDPeYLGMdTughkuheAMFSt5ONKdRIHkrGN1O660nro2I1QOOE+5HdKBEKBhFa7U89zE7u5j0yhW36s5ElsHLoQK56r3yV7cfszTiCpmkxnQ8N0E/oxoFk3xS6qaGJ5SN6IB3LCoaceNns3Un5MQ6fRLG2j6FZOb+nshoZMw4CmxnRHFoFmtT879aJ8Xw2s+ESlLkis0/ClNJMCbT20lfaM5Qji1QpoXdlbAh1ZShTahkQ/AWT16G5nnVs3x/Wand5HEU4QiO4RQ8uIIa3EEdGsBgBM/wCm9O4rw4787HvLXg5DOH8EfO5w8+dY7X</latexit>

10�1
<latexit sha1_base64="UKbwS1Ie99APchL93wQrL+utz3o=">AAAB7nicbZBNS8NAEIYn9avWr6pHL4tF8GJJpKDHohePFewHtLFstpN26WYTdjdCCf0RXjwo4tXf481/47bNQVtfWHh4Z4adeYNEcG1c99sprK1vbG4Vt0s7u3v7B+XDo5aOU8WwyWIRq05ANQousWm4EdhJFNIoENgOxrezevsJleaxfDCTBP2IDiUPOaPGWm3PfcwuvGm/XHGr7lxkFbwcKpCr0S9/9QYxSyOUhgmqdddzE+NnVBnOBE5LvVRjQtmYDrFrUdIItZ/N152SM+sMSBgr+6Qhc/f3REYjrSdRYDsjakZ6uTYz/6t1UxNe+xmXSWpQssVHYSqIicnsdjLgCpkREwuUKW53JWxEFWXGJlSyIXjLJ69C67LqWb6vVeo3eRxFOIFTOAcPrqAOd9CAJjAYwzO8wpuTOC/Ou/OxaC04+cwx/JHz+QM7a47V</latexit><latexit sha1_base64="UKbwS1Ie99APchL93wQrL+utz3o=">AAAB7nicbZBNS8NAEIYn9avWr6pHL4tF8GJJpKDHohePFewHtLFstpN26WYTdjdCCf0RXjwo4tXf481/47bNQVtfWHh4Z4adeYNEcG1c99sprK1vbG4Vt0s7u3v7B+XDo5aOU8WwyWIRq05ANQousWm4EdhJFNIoENgOxrezevsJleaxfDCTBP2IDiUPOaPGWm3PfcwuvGm/XHGr7lxkFbwcKpCr0S9/9QYxSyOUhgmqdddzE+NnVBnOBE5LvVRjQtmYDrFrUdIItZ/N152SM+sMSBgr+6Qhc/f3REYjrSdRYDsjakZ6uTYz/6t1UxNe+xmXSWpQssVHYSqIicnsdjLgCpkREwuUKW53JWxEFWXGJlSyIXjLJ69C67LqWb6vVeo3eRxFOIFTOAcPrqAOd9CAJjAYwzO8wpuTOC/Ou/OxaC04+cwx/JHz+QM7a47V</latexit><latexit sha1_base64="UKbwS1Ie99APchL93wQrL+utz3o=">AAAB7nicbZBNS8NAEIYn9avWr6pHL4tF8GJJpKDHohePFewHtLFstpN26WYTdjdCCf0RXjwo4tXf481/47bNQVtfWHh4Z4adeYNEcG1c99sprK1vbG4Vt0s7u3v7B+XDo5aOU8WwyWIRq05ANQousWm4EdhJFNIoENgOxrezevsJleaxfDCTBP2IDiUPOaPGWm3PfcwuvGm/XHGr7lxkFbwcKpCr0S9/9QYxSyOUhgmqdddzE+NnVBnOBE5LvVRjQtmYDrFrUdIItZ/N152SM+sMSBgr+6Qhc/f3REYjrSdRYDsjakZ6uTYz/6t1UxNe+xmXSWpQssVHYSqIicnsdjLgCpkREwuUKW53JWxEFWXGJlSyIXjLJ69C67LqWb6vVeo3eRxFOIFTOAcPrqAOd9CAJjAYwzO8wpuTOC/Ou/OxaC04+cwx/JHz+QM7a47V</latexit><latexit sha1_base64="UKbwS1Ie99APchL93wQrL+utz3o=">AAAB7nicbZBNS8NAEIYn9avWr6pHL4tF8GJJpKDHohePFewHtLFstpN26WYTdjdCCf0RXjwo4tXf481/47bNQVtfWHh4Z4adeYNEcG1c99sprK1vbG4Vt0s7u3v7B+XDo5aOU8WwyWIRq05ANQousWm4EdhJFNIoENgOxrezevsJleaxfDCTBP2IDiUPOaPGWm3PfcwuvGm/XHGr7lxkFbwcKpCr0S9/9QYxSyOUhgmqdddzE+NnVBnOBE5LvVRjQtmYDrFrUdIItZ/N152SM+sMSBgr+6Qhc/f3REYjrSdRYDsjakZ6uTYz/6t1UxNe+xmXSWpQssVHYSqIicnsdjLgCpkREwuUKW53JWxEFWXGJlSyIXjLJ69C67LqWb6vVeo3eRxFOIFTOAcPrqAOd9CAJjAYwzO8wpuTOC/Ou/OxaC04+cwx/JHz+QM7a47V</latexit>

100
<latexit sha1_base64="DvfNV/S6HEFl7xW8gMGwbBnanZQ=">AAAB7XicbZDLSgMxFIbPeK31VnXpJlgEV2VGBF0W3bisYC/QjiWTZtrYTDIkZ4Qy9B3cuFDEre/jzrcxvSy09YfAx3/OIef8USqFRd//9lZW19Y3Ngtbxe2d3b390sFhw+rMMF5nWmrTiqjlUiheR4GSt1LDaRJJ3oyGN5N684kbK7S6x1HKw4T2lYgFo+isRuA/5P64Wyr7FX8qsgzBHMowV61b+ur0NMsSrpBJam078FMMc2pQMMnHxU5meUrZkPZ526GiCbdhPt12TE6d0yOxNu4pJFP390ROE2tHSeQ6E4oDu1ibmP/V2hnGV2EuVJohV2z2UZxJgppMTic9YThDOXJAmRFuV8IG1FCGLqCiCyFYPHkZGueVwPHdRbl6PY+jAMdwAmcQwCVU4RZqUAcGj/AMr/Dmae/Fe/c+Zq0r3nzmCP7I+/wBzyGOnQ==</latexit><latexit sha1_base64="DvfNV/S6HEFl7xW8gMGwbBnanZQ=">AAAB7XicbZDLSgMxFIbPeK31VnXpJlgEV2VGBF0W3bisYC/QjiWTZtrYTDIkZ4Qy9B3cuFDEre/jzrcxvSy09YfAx3/OIef8USqFRd//9lZW19Y3Ngtbxe2d3b390sFhw+rMMF5nWmrTiqjlUiheR4GSt1LDaRJJ3oyGN5N684kbK7S6x1HKw4T2lYgFo+isRuA/5P64Wyr7FX8qsgzBHMowV61b+ur0NMsSrpBJam078FMMc2pQMMnHxU5meUrZkPZ526GiCbdhPt12TE6d0yOxNu4pJFP390ROE2tHSeQ6E4oDu1ibmP/V2hnGV2EuVJohV2z2UZxJgppMTic9YThDOXJAmRFuV8IG1FCGLqCiCyFYPHkZGueVwPHdRbl6PY+jAMdwAmcQwCVU4RZqUAcGj/AMr/Dmae/Fe/c+Zq0r3nzmCP7I+/wBzyGOnQ==</latexit><latexit sha1_base64="DvfNV/S6HEFl7xW8gMGwbBnanZQ=">AAAB7XicbZDLSgMxFIbPeK31VnXpJlgEV2VGBF0W3bisYC/QjiWTZtrYTDIkZ4Qy9B3cuFDEre/jzrcxvSy09YfAx3/OIef8USqFRd//9lZW19Y3Ngtbxe2d3b390sFhw+rMMF5nWmrTiqjlUiheR4GSt1LDaRJJ3oyGN5N684kbK7S6x1HKw4T2lYgFo+isRuA/5P64Wyr7FX8qsgzBHMowV61b+ur0NMsSrpBJam078FMMc2pQMMnHxU5meUrZkPZ526GiCbdhPt12TE6d0yOxNu4pJFP390ROE2tHSeQ6E4oDu1ibmP/V2hnGV2EuVJohV2z2UZxJgppMTic9YThDOXJAmRFuV8IG1FCGLqCiCyFYPHkZGueVwPHdRbl6PY+jAMdwAmcQwCVU4RZqUAcGj/AMr/Dmae/Fe/c+Zq0r3nzmCP7I+/wBzyGOnQ==</latexit><latexit sha1_base64="DvfNV/S6HEFl7xW8gMGwbBnanZQ=">AAAB7XicbZDLSgMxFIbPeK31VnXpJlgEV2VGBF0W3bisYC/QjiWTZtrYTDIkZ4Qy9B3cuFDEre/jzrcxvSy09YfAx3/OIef8USqFRd//9lZW19Y3Ngtbxe2d3b390sFhw+rMMF5nWmrTiqjlUiheR4GSt1LDaRJJ3oyGN5N684kbK7S6x1HKw4T2lYgFo+isRuA/5P64Wyr7FX8qsgzBHMowV61b+ur0NMsSrpBJam078FMMc2pQMMnHxU5meUrZkPZ526GiCbdhPt12TE6d0yOxNu4pJFP390ROE2tHSeQ6E4oDu1ibmP/V2hnGV2EuVJohV2z2UZxJgppMTic9YThDOXJAmRFuV8IG1FCGLqCiCyFYPHkZGueVwPHdRbl6PY+jAMdwAmcQwCVU4RZqUAcGj/AMr/Dmae/Fe/c+Zq0r3nzmCP7I+/wBzyGOnQ==</latexit>

101
<latexit sha1_base64="TmJUN4C+xLmtJxNGmJ0IUVxvcn8=">AAAB7XicbZDLSgMxFIbPeK31VnXpJlgEV2VGBF0W3bisYC/QjiWTZtrYTDIkZ4Qy9B3cuFDEre/jzrcxvSy09YfAx3/OIef8USqFRd//9lZW19Y3Ngtbxe2d3b390sFhw+rMMF5nWmrTiqjlUiheR4GSt1LDaRJJ3oyGN5N684kbK7S6x1HKw4T2lYgFo+isRuA/5MG4Wyr7FX8qsgzBHMowV61b+ur0NMsSrpBJam078FMMc2pQMMnHxU5meUrZkPZ526GiCbdhPt12TE6d0yOxNu4pJFP390ROE2tHSeQ6E4oDu1ibmP/V2hnGV2EuVJohV2z2UZxJgppMTic9YThDOXJAmRFuV8IG1FCGLqCiCyFYPHkZGueVwPHdRbl6PY+jAMdwAmcQwCVU4RZqUAcGj/AMr/Dmae/Fe/c+Zq0r3nzmCP7I+/wB0KaOng==</latexit><latexit sha1_base64="TmJUN4C+xLmtJxNGmJ0IUVxvcn8=">AAAB7XicbZDLSgMxFIbPeK31VnXpJlgEV2VGBF0W3bisYC/QjiWTZtrYTDIkZ4Qy9B3cuFDEre/jzrcxvSy09YfAx3/OIef8USqFRd//9lZW19Y3Ngtbxe2d3b390sFhw+rMMF5nWmrTiqjlUiheR4GSt1LDaRJJ3oyGN5N684kbK7S6x1HKw4T2lYgFo+isRuA/5MG4Wyr7FX8qsgzBHMowV61b+ur0NMsSrpBJam078FMMc2pQMMnHxU5meUrZkPZ526GiCbdhPt12TE6d0yOxNu4pJFP390ROE2tHSeQ6E4oDu1ibmP/V2hnGV2EuVJohV2z2UZxJgppMTic9YThDOXJAmRFuV8IG1FCGLqCiCyFYPHkZGueVwPHdRbl6PY+jAMdwAmcQwCVU4RZqUAcGj/AMr/Dmae/Fe/c+Zq0r3nzmCP7I+/wB0KaOng==</latexit><latexit sha1_base64="TmJUN4C+xLmtJxNGmJ0IUVxvcn8=">AAAB7XicbZDLSgMxFIbPeK31VnXpJlgEV2VGBF0W3bisYC/QjiWTZtrYTDIkZ4Qy9B3cuFDEre/jzrcxvSy09YfAx3/OIef8USqFRd//9lZW19Y3Ngtbxe2d3b390sFhw+rMMF5nWmrTiqjlUiheR4GSt1LDaRJJ3oyGN5N684kbK7S6x1HKw4T2lYgFo+isRuA/5MG4Wyr7FX8qsgzBHMowV61b+ur0NMsSrpBJam078FMMc2pQMMnHxU5meUrZkPZ526GiCbdhPt12TE6d0yOxNu4pJFP390ROE2tHSeQ6E4oDu1ibmP/V2hnGV2EuVJohV2z2UZxJgppMTic9YThDOXJAmRFuV8IG1FCGLqCiCyFYPHkZGueVwPHdRbl6PY+jAMdwAmcQwCVU4RZqUAcGj/AMr/Dmae/Fe/c+Zq0r3nzmCP7I+/wB0KaOng==</latexit><latexit sha1_base64="TmJUN4C+xLmtJxNGmJ0IUVxvcn8=">AAAB7XicbZDLSgMxFIbPeK31VnXpJlgEV2VGBF0W3bisYC/QjiWTZtrYTDIkZ4Qy9B3cuFDEre/jzrcxvSy09YfAx3/OIef8USqFRd//9lZW19Y3Ngtbxe2d3b390sFhw+rMMF5nWmrTiqjlUiheR4GSt1LDaRJJ3oyGN5N684kbK7S6x1HKw4T2lYgFo+isRuA/5MG4Wyr7FX8qsgzBHMowV61b+ur0NMsSrpBJam078FMMc2pQMMnHxU5meUrZkPZ526GiCbdhPt12TE6d0yOxNu4pJFP390ROE2tHSeQ6E4oDu1ibmP/V2hnGV2EuVJohV2z2UZxJgppMTic9YThDOXJAmRFuV8IG1FCGLqCiCyFYPHkZGueVwPHdRbl6PY+jAMdwAmcQwCVU4RZqUAcGj/AMr/Dmae/Fe/c+Zq0r3nzmCP7I+/wB0KaOng==</latexit>

102
<latexit sha1_base64="A/It/qc33VO3maO2UZA8awI9Mgo=">AAAB7XicbZDLSgMxFIZP6q3WW9Wlm2ARXJWZIuiy6MZlBXuBdiyZNNPGZpIhyQhl6Du4caGIW9/HnW9j2s5CW38IfPznHHLOHyaCG+t536iwtr6xuVXcLu3s7u0flA+PWkalmrImVULpTkgME1yypuVWsE6iGYlDwdrh+GZWbz8xbbiS93aSsCAmQ8kjTol1Vsv3HrLatF+ueFVvLrwKfg4VyNXol796A0XTmElLBTGm63uJDTKiLaeCTUu91LCE0DEZsq5DSWJmgmy+7RSfOWeAI6XdkxbP3d8TGYmNmcSh64yJHZnl2sz8r9ZNbXQVZFwmqWWSLj6KUoGtwrPT8YBrRq2YOCBUc7crpiOiCbUuoJILwV8+eRVatarv+O6iUr/O4yjCCZzCOfhwCXW4hQY0gcIjPMMrvCGFXtA7+li0FlA+cwx/hD5/ANIrjp8=</latexit><latexit sha1_base64="A/It/qc33VO3maO2UZA8awI9Mgo=">AAAB7XicbZDLSgMxFIZP6q3WW9Wlm2ARXJWZIuiy6MZlBXuBdiyZNNPGZpIhyQhl6Du4caGIW9/HnW9j2s5CW38IfPznHHLOHyaCG+t536iwtr6xuVXcLu3s7u0flA+PWkalmrImVULpTkgME1yypuVWsE6iGYlDwdrh+GZWbz8xbbiS93aSsCAmQ8kjTol1Vsv3HrLatF+ueFVvLrwKfg4VyNXol796A0XTmElLBTGm63uJDTKiLaeCTUu91LCE0DEZsq5DSWJmgmy+7RSfOWeAI6XdkxbP3d8TGYmNmcSh64yJHZnl2sz8r9ZNbXQVZFwmqWWSLj6KUoGtwrPT8YBrRq2YOCBUc7crpiOiCbUuoJILwV8+eRVatarv+O6iUr/O4yjCCZzCOfhwCXW4hQY0gcIjPMMrvCGFXtA7+li0FlA+cwx/hD5/ANIrjp8=</latexit><latexit sha1_base64="A/It/qc33VO3maO2UZA8awI9Mgo=">AAAB7XicbZDLSgMxFIZP6q3WW9Wlm2ARXJWZIuiy6MZlBXuBdiyZNNPGZpIhyQhl6Du4caGIW9/HnW9j2s5CW38IfPznHHLOHyaCG+t536iwtr6xuVXcLu3s7u0flA+PWkalmrImVULpTkgME1yypuVWsE6iGYlDwdrh+GZWbz8xbbiS93aSsCAmQ8kjTol1Vsv3HrLatF+ueFVvLrwKfg4VyNXol796A0XTmElLBTGm63uJDTKiLaeCTUu91LCE0DEZsq5DSWJmgmy+7RSfOWeAI6XdkxbP3d8TGYmNmcSh64yJHZnl2sz8r9ZNbXQVZFwmqWWSLj6KUoGtwrPT8YBrRq2YOCBUc7crpiOiCbUuoJILwV8+eRVatarv+O6iUr/O4yjCCZzCOfhwCXW4hQY0gcIjPMMrvCGFXtA7+li0FlA+cwx/hD5/ANIrjp8=</latexit><latexit sha1_base64="A/It/qc33VO3maO2UZA8awI9Mgo=">AAAB7XicbZDLSgMxFIZP6q3WW9Wlm2ARXJWZIuiy6MZlBXuBdiyZNNPGZpIhyQhl6Du4caGIW9/HnW9j2s5CW38IfPznHHLOHyaCG+t536iwtr6xuVXcLu3s7u0flA+PWkalmrImVULpTkgME1yypuVWsE6iGYlDwdrh+GZWbz8xbbiS93aSsCAmQ8kjTol1Vsv3HrLatF+ueFVvLrwKfg4VyNXol796A0XTmElLBTGm63uJDTKiLaeCTUu91LCE0DEZsq5DSWJmgmy+7RSfOWeAI6XdkxbP3d8TGYmNmcSh64yJHZnl2sz8r9ZNbXQVZFwmqWWSLj6KUoGtwrPT8YBrRq2YOCBUc7crpiOiCbUuoJILwV8+eRVatarv+O6iUr/O4yjCCZzCOfhwCXW4hQY0gcIjPMMrvCGFXtA7+li0FlA+cwx/hD5/ANIrjp8=</latexit>

103
<latexit sha1_base64="49M/L++AWeCi1zFgBkScMSFF+N4=">AAAB7XicbZDLSgMxFIZP6q3WW9Wlm2ARXJUZFXRZdOOygr1AO5ZMmmljM8mQZIQy9B3cuFDEre/jzrcxbWehrT8EPv5zDjnnDxPBjfW8b1RYWV1b3yhulra2d3b3yvsHTaNSTVmDKqF0OySGCS5Zw3IrWDvRjMShYK1wdDOtt56YNlzJeztOWBCTgeQRp8Q6q+l7D9n5pFeueFVvJrwMfg4VyFXvlb+6fUXTmElLBTGm43uJDTKiLaeCTUrd1LCE0BEZsI5DSWJmgmy27QSfOKePI6XdkxbP3N8TGYmNGceh64yJHZrF2tT8r9ZJbXQVZFwmqWWSzj+KUoGtwtPTcZ9rRq0YOyBUc7crpkOiCbUuoJILwV88eRmaZ1Xf8d1FpXadx1GEIziGU/DhEmpwC3VoAIVHeIZXeEMKvaB39DFvLaB85hD+CH3+ANOwjqA=</latexit><latexit sha1_base64="49M/L++AWeCi1zFgBkScMSFF+N4=">AAAB7XicbZDLSgMxFIZP6q3WW9Wlm2ARXJUZFXRZdOOygr1AO5ZMmmljM8mQZIQy9B3cuFDEre/jzrcxbWehrT8EPv5zDjnnDxPBjfW8b1RYWV1b3yhulra2d3b3yvsHTaNSTVmDKqF0OySGCS5Zw3IrWDvRjMShYK1wdDOtt56YNlzJeztOWBCTgeQRp8Q6q+l7D9n5pFeueFVvJrwMfg4VyFXvlb+6fUXTmElLBTGm43uJDTKiLaeCTUrd1LCE0BEZsI5DSWJmgmy27QSfOKePI6XdkxbP3N8TGYmNGceh64yJHZrF2tT8r9ZJbXQVZFwmqWWSzj+KUoGtwtPTcZ9rRq0YOyBUc7crpkOiCbUuoJILwV88eRmaZ1Xf8d1FpXadx1GEIziGU/DhEmpwC3VoAIVHeIZXeEMKvaB39DFvLaB85hD+CH3+ANOwjqA=</latexit><latexit sha1_base64="49M/L++AWeCi1zFgBkScMSFF+N4=">AAAB7XicbZDLSgMxFIZP6q3WW9Wlm2ARXJUZFXRZdOOygr1AO5ZMmmljM8mQZIQy9B3cuFDEre/jzrcxbWehrT8EPv5zDjnnDxPBjfW8b1RYWV1b3yhulra2d3b3yvsHTaNSTVmDKqF0OySGCS5Zw3IrWDvRjMShYK1wdDOtt56YNlzJeztOWBCTgeQRp8Q6q+l7D9n5pFeueFVvJrwMfg4VyFXvlb+6fUXTmElLBTGm43uJDTKiLaeCTUrd1LCE0BEZsI5DSWJmgmy27QSfOKePI6XdkxbP3N8TGYmNGceh64yJHZrF2tT8r9ZJbXQVZFwmqWWSzj+KUoGtwtPTcZ9rRq0YOyBUc7crpkOiCbUuoJILwV88eRmaZ1Xf8d1FpXadx1GEIziGU/DhEmpwC3VoAIVHeIZXeEMKvaB39DFvLaB85hD+CH3+ANOwjqA=</latexit><latexit sha1_base64="49M/L++AWeCi1zFgBkScMSFF+N4=">AAAB7XicbZDLSgMxFIZP6q3WW9Wlm2ARXJUZFXRZdOOygr1AO5ZMmmljM8mQZIQy9B3cuFDEre/jzrcxbWehrT8EPv5zDjnnDxPBjfW8b1RYWV1b3yhulra2d3b3yvsHTaNSTVmDKqF0OySGCS5Zw3IrWDvRjMShYK1wdDOtt56YNlzJeztOWBCTgeQRp8Q6q+l7D9n5pFeueFVvJrwMfg4VyFXvlb+6fUXTmElLBTGm43uJDTKiLaeCTUrd1LCE0BEZsI5DSWJmgmy27QSfOKePI6XdkxbP3N8TGYmNGceh64yJHZrF2tT8r9ZJbXQVZFwmqWWSzj+KUoGtwtPTcZ9rRq0YOyBUc7crpkOiCbUuoJILwV88eRmaZ1Xf8d1FpXadx1GEIziGU/DhEmpwC3VoAIVHeIZXeEMKvaB39DFvLaB85hD+CH3+ANOwjqA=</latexit>

104
<latexit sha1_base64="hVNG2l+8/ng3/UUqTnRsnHgMv1c=">AAAB7XicbZDLSgMxFIZP6q3WW9Wlm2ARXJUZKeiy6MZlBXuBdiyZNNPGZpIhyQhl6Du4caGIW9/HnW9j2s5CW38IfPznHHLOHyaCG+t536iwtr6xuVXcLu3s7u0flA+PWkalmrImVULpTkgME1yypuVWsE6iGYlDwdrh+GZWbz8xbbiS93aSsCAmQ8kjTol1Vsv3HrLatF+ueFVvLrwKfg4VyNXol796A0XTmElLBTGm63uJDTKiLaeCTUu91LCE0DEZsq5DSWJmgmy+7RSfOWeAI6XdkxbP3d8TGYmNmcSh64yJHZnl2sz8r9ZNbXQVZFwmqWWSLj6KUoGtwrPT8YBrRq2YOCBUc7crpiOiCbUuoJILwV8+eRVaF1Xf8V2tUr/O4yjCCZzCOfhwCXW4hQY0gcIjPMMrvCGFXtA7+li0FlA+cwx/hD5/ANU1jqE=</latexit><latexit sha1_base64="hVNG2l+8/ng3/UUqTnRsnHgMv1c=">AAAB7XicbZDLSgMxFIZP6q3WW9Wlm2ARXJUZKeiy6MZlBXuBdiyZNNPGZpIhyQhl6Du4caGIW9/HnW9j2s5CW38IfPznHHLOHyaCG+t536iwtr6xuVXcLu3s7u0flA+PWkalmrImVULpTkgME1yypuVWsE6iGYlDwdrh+GZWbz8xbbiS93aSsCAmQ8kjTol1Vsv3HrLatF+ueFVvLrwKfg4VyNXol796A0XTmElLBTGm63uJDTKiLaeCTUu91LCE0DEZsq5DSWJmgmy+7RSfOWeAI6XdkxbP3d8TGYmNmcSh64yJHZnl2sz8r9ZNbXQVZFwmqWWSLj6KUoGtwrPT8YBrRq2YOCBUc7crpiOiCbUuoJILwV8+eRVaF1Xf8V2tUr/O4yjCCZzCOfhwCXW4hQY0gcIjPMMrvCGFXtA7+li0FlA+cwx/hD5/ANU1jqE=</latexit><latexit sha1_base64="hVNG2l+8/ng3/UUqTnRsnHgMv1c=">AAAB7XicbZDLSgMxFIZP6q3WW9Wlm2ARXJUZKeiy6MZlBXuBdiyZNNPGZpIhyQhl6Du4caGIW9/HnW9j2s5CW38IfPznHHLOHyaCG+t536iwtr6xuVXcLu3s7u0flA+PWkalmrImVULpTkgME1yypuVWsE6iGYlDwdrh+GZWbz8xbbiS93aSsCAmQ8kjTol1Vsv3HrLatF+ueFVvLrwKfg4VyNXol796A0XTmElLBTGm63uJDTKiLaeCTUu91LCE0DEZsq5DSWJmgmy+7RSfOWeAI6XdkxbP3d8TGYmNmcSh64yJHZnl2sz8r9ZNbXQVZFwmqWWSLj6KUoGtwrPT8YBrRq2YOCBUc7crpiOiCbUuoJILwV8+eRVaF1Xf8V2tUr/O4yjCCZzCOfhwCXW4hQY0gcIjPMMrvCGFXtA7+li0FlA+cwx/hD5/ANU1jqE=</latexit><latexit sha1_base64="hVNG2l+8/ng3/UUqTnRsnHgMv1c=">AAAB7XicbZDLSgMxFIZP6q3WW9Wlm2ARXJUZKeiy6MZlBXuBdiyZNNPGZpIhyQhl6Du4caGIW9/HnW9j2s5CW38IfPznHHLOHyaCG+t536iwtr6xuVXcLu3s7u0flA+PWkalmrImVULpTkgME1yypuVWsE6iGYlDwdrh+GZWbz8xbbiS93aSsCAmQ8kjTol1Vsv3HrLatF+ueFVvLrwKfg4VyNXol796A0XTmElLBTGm63uJDTKiLaeCTUu91LCE0DEZsq5DSWJmgmy+7RSfOWeAI6XdkxbP3d8TGYmNmcSh64yJHZnl2sz8r9ZNbXQVZFwmqWWSLj6KUoGtwrPT8YBrRq2YOCBUc7crpiOiCbUuoJILwV8+eRVaF1Xf8V2tUr/O4yjCCZzCOfhwCXW4hQY0gcIjPMMrvCGFXtA7+li0FlA+cwx/hD5/ANU1jqE=</latexit>

tDe↵
r<latexit sha1_base64="dn8WaWL+Ri9kXCvXZYl3TETTqBE=">AAACA3icbZDLSsNAFIYnXmu9Rd3pJlgEVyURQZdFXbisYC/Q1jKZnrRDJ5MwcyKWEHDjq7hxoYhbX8Kdb+O0zUJbfxj45j/nMHN+PxZco+t+WwuLS8srq4W14vrG5ta2vbNb11GiGNRYJCLV9KkGwSXUkKOAZqyAhr6Ahj+8HNcb96A0j+QtjmLohLQvecAZRWN17X28ukvbCA+YQhBkWTe/KIN2yS27Eznz4OVQIrmqXfur3YtYEoJEJqjWLc+NsZNShZwJyIrtRENM2ZD2oWVQ0hB0J53skDlHxuk5QaTMkehM3N8TKQ21HoW+6QwpDvRsbWz+V2slGJx3Ui7jBEGy6UNBIhyMnHEgTo8rYChGBihT3PzVYQOqKEMTW9GE4M2uPA/1k7Jn+Oa0VLnI4yiQA3JIjolHzkiFXJMqqRFGHskzeSVv1pP1Yr1bH9PWBSuf2SN/ZH3+ANMgmOk=</latexit><latexit sha1_base64="dn8WaWL+Ri9kXCvXZYl3TETTqBE=">AAACA3icbZDLSsNAFIYnXmu9Rd3pJlgEVyURQZdFXbisYC/Q1jKZnrRDJ5MwcyKWEHDjq7hxoYhbX8Kdb+O0zUJbfxj45j/nMHN+PxZco+t+WwuLS8srq4W14vrG5ta2vbNb11GiGNRYJCLV9KkGwSXUkKOAZqyAhr6Ahj+8HNcb96A0j+QtjmLohLQvecAZRWN17X28ukvbCA+YQhBkWTe/KIN2yS27Eznz4OVQIrmqXfur3YtYEoJEJqjWLc+NsZNShZwJyIrtRENM2ZD2oWVQ0hB0J53skDlHxuk5QaTMkehM3N8TKQ21HoW+6QwpDvRsbWz+V2slGJx3Ui7jBEGy6UNBIhyMnHEgTo8rYChGBihT3PzVYQOqKEMTW9GE4M2uPA/1k7Jn+Oa0VLnI4yiQA3JIjolHzkiFXJMqqRFGHskzeSVv1pP1Yr1bH9PWBSuf2SN/ZH3+ANMgmOk=</latexit><latexit sha1_base64="dn8WaWL+Ri9kXCvXZYl3TETTqBE=">AAACA3icbZDLSsNAFIYnXmu9Rd3pJlgEVyURQZdFXbisYC/Q1jKZnrRDJ5MwcyKWEHDjq7hxoYhbX8Kdb+O0zUJbfxj45j/nMHN+PxZco+t+WwuLS8srq4W14vrG5ta2vbNb11GiGNRYJCLV9KkGwSXUkKOAZqyAhr6Ahj+8HNcb96A0j+QtjmLohLQvecAZRWN17X28ukvbCA+YQhBkWTe/KIN2yS27Eznz4OVQIrmqXfur3YtYEoJEJqjWLc+NsZNShZwJyIrtRENM2ZD2oWVQ0hB0J53skDlHxuk5QaTMkehM3N8TKQ21HoW+6QwpDvRsbWz+V2slGJx3Ui7jBEGy6UNBIhyMnHEgTo8rYChGBihT3PzVYQOqKEMTW9GE4M2uPA/1k7Jn+Oa0VLnI4yiQA3JIjolHzkiFXJMqqRFGHskzeSVv1pP1Yr1bH9PWBSuf2SN/ZH3+ANMgmOk=</latexit><latexit sha1_base64="dn8WaWL+Ri9kXCvXZYl3TETTqBE=">AAACA3icbZDLSsNAFIYnXmu9Rd3pJlgEVyURQZdFXbisYC/Q1jKZnrRDJ5MwcyKWEHDjq7hxoYhbX8Kdb+O0zUJbfxj45j/nMHN+PxZco+t+WwuLS8srq4W14vrG5ta2vbNb11GiGNRYJCLV9KkGwSXUkKOAZqyAhr6Ahj+8HNcb96A0j+QtjmLohLQvecAZRWN17X28ukvbCA+YQhBkWTe/KIN2yS27Eznz4OVQIrmqXfur3YtYEoJEJqjWLc+NsZNShZwJyIrtRENM2ZD2oWVQ0hB0J53skDlHxuk5QaTMkehM3N8TKQ21HoW+6QwpDvRsbWz+V2slGJx3Ui7jBEGy6UNBIhyMnHEgTo8rYChGBihT3PzVYQOqKEMTW9GE4M2uPA/1k7Jn+Oa0VLnI4yiQA3JIjolHzkiFXJMqqRFGHskzeSVv1pP1Yr1bH9PWBSuf2SN/ZH3+ANMgmOk=</latexit>

frev = 1.0 Dr
<latexit sha1_base64="HoZOTUO5cTRORxmK2L2rEcVGQTI=">AAACCnicbZDJSgNBEIZ74hbjFvXopTUInsKMCHoRgnrwGMEskITQ06lJmvQsdNcEwzBevfgqXjwo4tUn8Obb2FkQTfyh4eOvKqrrdyMpNNr2l5VZWFxaXsmu5tbWNza38ts7VR3GikOFhzJUdZdpkCKACgqUUI8UMN+VUHP7l6N6bQBKizC4xWEELZ91A+EJztBY7fy+106aCHeYKBikKT2nTtG+v/ox07SdL9hFeyw6D84UCmSqcjv/2eyEPPYhQC6Z1g3HjrCVMIWCS0hzzVhDxHifdaFhMGA+6FYyPiWlh8bpUC9U5gVIx+7viYT5Wg9913T6DHt6tjYy/6s1YvTOWokIohgh4JNFXiwphnSUC+0IBRzl0ADjSpi/Ut5jinE06eVMCM7syfNQPS46hm9OCqWLaRxZskcOyBFxyCkpkWtSJhXCyQN5Ii/k1Xq0nq03633SmrGmM7vkj6yPb4dhmsg=</latexit><latexit sha1_base64="HoZOTUO5cTRORxmK2L2rEcVGQTI=">AAACCnicbZDJSgNBEIZ74hbjFvXopTUInsKMCHoRgnrwGMEskITQ06lJmvQsdNcEwzBevfgqXjwo4tUn8Obb2FkQTfyh4eOvKqrrdyMpNNr2l5VZWFxaXsmu5tbWNza38ts7VR3GikOFhzJUdZdpkCKACgqUUI8UMN+VUHP7l6N6bQBKizC4xWEELZ91A+EJztBY7fy+106aCHeYKBikKT2nTtG+v/ox07SdL9hFeyw6D84UCmSqcjv/2eyEPPYhQC6Z1g3HjrCVMIWCS0hzzVhDxHifdaFhMGA+6FYyPiWlh8bpUC9U5gVIx+7viYT5Wg9913T6DHt6tjYy/6s1YvTOWokIohgh4JNFXiwphnSUC+0IBRzl0ADjSpi/Ut5jinE06eVMCM7syfNQPS46hm9OCqWLaRxZskcOyBFxyCkpkWtSJhXCyQN5Ii/k1Xq0nq03633SmrGmM7vkj6yPb4dhmsg=</latexit><latexit sha1_base64="HoZOTUO5cTRORxmK2L2rEcVGQTI=">AAACCnicbZDJSgNBEIZ74hbjFvXopTUInsKMCHoRgnrwGMEskITQ06lJmvQsdNcEwzBevfgqXjwo4tUn8Obb2FkQTfyh4eOvKqrrdyMpNNr2l5VZWFxaXsmu5tbWNza38ts7VR3GikOFhzJUdZdpkCKACgqUUI8UMN+VUHP7l6N6bQBKizC4xWEELZ91A+EJztBY7fy+106aCHeYKBikKT2nTtG+v/ox07SdL9hFeyw6D84UCmSqcjv/2eyEPPYhQC6Z1g3HjrCVMIWCS0hzzVhDxHifdaFhMGA+6FYyPiWlh8bpUC9U5gVIx+7viYT5Wg9913T6DHt6tjYy/6s1YvTOWokIohgh4JNFXiwphnSUC+0IBRzl0ADjSpi/Ut5jinE06eVMCM7syfNQPS46hm9OCqWLaRxZskcOyBFxyCkpkWtSJhXCyQN5Ii/k1Xq0nq03633SmrGmM7vkj6yPb4dhmsg=</latexit><latexit sha1_base64="HoZOTUO5cTRORxmK2L2rEcVGQTI=">AAACCnicbZDJSgNBEIZ74hbjFvXopTUInsKMCHoRgnrwGMEskITQ06lJmvQsdNcEwzBevfgqXjwo4tUn8Obb2FkQTfyh4eOvKqrrdyMpNNr2l5VZWFxaXsmu5tbWNza38ts7VR3GikOFhzJUdZdpkCKACgqUUI8UMN+VUHP7l6N6bQBKizC4xWEELZ91A+EJztBY7fy+106aCHeYKBikKT2nTtG+v/ox07SdL9hFeyw6D84UCmSqcjv/2eyEPPYhQC6Z1g3HjrCVMIWCS0hzzVhDxHifdaFhMGA+6FYyPiWlh8bpUC9U5gVIx+7viYT5Wg9913T6DHt6tjYy/6s1YvTOWokIohgh4JNFXiwphnSUC+0IBRzl0ADjSpi/Ut5jinE06eVMCM7syfNQPS46hm9OCqWLaRxZskcOyBFxyCkpkWtSJhXCyQN5Ii/k1Xq0nq03633SmrGmM7vkj6yPb4dhmsg=</latexit>

frev = 10 Dr
<latexit sha1_base64="idJSqQHga3AYO6Y/iZ660cokKn0=">AAACCnicbZDJSgNBEIZ74hbjFvXopTUInsKMCHoRgnrwGMEskITQ06lJmvQsdNcEwzBevfgqXjwo4tUn8Obb2FkQTfyh4eOvKqrrdyMpNNr2l5VZWFxaXsmu5tbWNza38ts7VR3GikOFhzJUdZdpkCKACgqUUI8UMN+VUHP7l6N6bQBKizC4xWEELZ91A+EJztBY7fy+106aCHeYKBikKT2njk3vr37MNG3nC3bRHovOgzOFApmq3M5/Njshj30IkEumdcOxI2wlTKHgEtJcM9YQMd5nXWgYDJgPupWMT0npoXE61AuVeQHSsft7ImG+1kPfNZ0+w56erY3M/2qNGL2zViKCKEYI+GSRF0uKIR3lQjtCAUc5NMC4EuavlPeYYhxNejkTgjN78jxUj4uO4ZuTQuliGkeW7JEDckQcckpK5JqUSYVw8kCeyAt5tR6tZ+vNep+0ZqzpzC75I+vjG3F1mro=</latexit><latexit sha1_base64="idJSqQHga3AYO6Y/iZ660cokKn0=">AAACCnicbZDJSgNBEIZ74hbjFvXopTUInsKMCHoRgnrwGMEskITQ06lJmvQsdNcEwzBevfgqXjwo4tUn8Obb2FkQTfyh4eOvKqrrdyMpNNr2l5VZWFxaXsmu5tbWNza38ts7VR3GikOFhzJUdZdpkCKACgqUUI8UMN+VUHP7l6N6bQBKizC4xWEELZ91A+EJztBY7fy+106aCHeYKBikKT2njk3vr37MNG3nC3bRHovOgzOFApmq3M5/Njshj30IkEumdcOxI2wlTKHgEtJcM9YQMd5nXWgYDJgPupWMT0npoXE61AuVeQHSsft7ImG+1kPfNZ0+w56erY3M/2qNGL2zViKCKEYI+GSRF0uKIR3lQjtCAUc5NMC4EuavlPeYYhxNejkTgjN78jxUj4uO4ZuTQuliGkeW7JEDckQcckpK5JqUSYVw8kCeyAt5tR6tZ+vNep+0ZqzpzC75I+vjG3F1mro=</latexit><latexit sha1_base64="idJSqQHga3AYO6Y/iZ660cokKn0=">AAACCnicbZDJSgNBEIZ74hbjFvXopTUInsKMCHoRgnrwGMEskITQ06lJmvQsdNcEwzBevfgqXjwo4tUn8Obb2FkQTfyh4eOvKqrrdyMpNNr2l5VZWFxaXsmu5tbWNza38ts7VR3GikOFhzJUdZdpkCKACgqUUI8UMN+VUHP7l6N6bQBKizC4xWEELZ91A+EJztBY7fy+106aCHeYKBikKT2njk3vr37MNG3nC3bRHovOgzOFApmq3M5/Njshj30IkEumdcOxI2wlTKHgEtJcM9YQMd5nXWgYDJgPupWMT0npoXE61AuVeQHSsft7ImG+1kPfNZ0+w56erY3M/2qNGL2zViKCKEYI+GSRF0uKIR3lQjtCAUc5NMC4EuavlPeYYhxNejkTgjN78jxUj4uO4ZuTQuliGkeW7JEDckQcckpK5JqUSYVw8kCeyAt5tR6tZ+vNep+0ZqzpzC75I+vjG3F1mro=</latexit><latexit sha1_base64="idJSqQHga3AYO6Y/iZ660cokKn0=">AAACCnicbZDJSgNBEIZ74hbjFvXopTUInsKMCHoRgnrwGMEskITQ06lJmvQsdNcEwzBevfgqXjwo4tUn8Obb2FkQTfyh4eOvKqrrdyMpNNr2l5VZWFxaXsmu5tbWNza38ts7VR3GikOFhzJUdZdpkCKACgqUUI8UMN+VUHP7l6N6bQBKizC4xWEELZ91A+EJztBY7fy+106aCHeYKBikKT2njk3vr37MNG3nC3bRHovOgzOFApmq3M5/Njshj30IkEumdcOxI2wlTKHgEtJcM9YQMd5nXWgYDJgPupWMT0npoXE61AuVeQHSsft7ImG+1kPfNZ0+w56erY3M/2qNGL2zViKCKEYI+GSRF0uKIR3lQjtCAUc5NMC4EuavlPeYYhxNejkTgjN78jxUj4uO4ZuTQuliGkeW7JEDckQcckpK5JqUSYVw8kCeyAt5tR6tZ+vNep+0ZqzpzC75I+vjG3F1mro=</latexit>

frev = 0.1 Dr
<latexit sha1_base64="Z4khTPt+KuihWnvJduIKobqsTZk=">AAACCnicbZDJSgNBEIZ74hbjFvXopTUInsKMCHoRgnrwGMEskITQ06lJmvQsdNcEwzBevfgqXjwo4tUn8Obb2FkQTfyh4eOvKqrrdyMpNNr2l5VZWFxaXsmu5tbWNza38ts7VR3GikOFhzJUdZdpkCKACgqUUI8UMN+VUHP7l6N6bQBKizC4xWEELZ91A+EJztBY7fy+106aCHeYKBikKT2ndtG5v/ox07SdL9hFeyw6D84UCmSqcjv/2eyEPPYhQC6Z1g3HjrCVMIWCS0hzzVhDxHifdaFhMGA+6FYyPiWlh8bpUC9U5gVIx+7viYT5Wg9913T6DHt6tjYy/6s1YvTOWokIohgh4JNFXiwphnSUC+0IBRzl0ADjSpi/Ut5jinE06eVMCM7syfNQPS46hm9OCqWLaRxZskcOyBFxyCkpkWtSJhXCyQN5Ii/k1Xq0nq03633SmrGmM7vkj6yPb4dfmsg=</latexit><latexit sha1_base64="Z4khTPt+KuihWnvJduIKobqsTZk=">AAACCnicbZDJSgNBEIZ74hbjFvXopTUInsKMCHoRgnrwGMEskITQ06lJmvQsdNcEwzBevfgqXjwo4tUn8Obb2FkQTfyh4eOvKqrrdyMpNNr2l5VZWFxaXsmu5tbWNza38ts7VR3GikOFhzJUdZdpkCKACgqUUI8UMN+VUHP7l6N6bQBKizC4xWEELZ91A+EJztBY7fy+106aCHeYKBikKT2ndtG5v/ox07SdL9hFeyw6D84UCmSqcjv/2eyEPPYhQC6Z1g3HjrCVMIWCS0hzzVhDxHifdaFhMGA+6FYyPiWlh8bpUC9U5gVIx+7viYT5Wg9913T6DHt6tjYy/6s1YvTOWokIohgh4JNFXiwphnSUC+0IBRzl0ADjSpi/Ut5jinE06eVMCM7syfNQPS46hm9OCqWLaRxZskcOyBFxyCkpkWtSJhXCyQN5Ii/k1Xq0nq03633SmrGmM7vkj6yPb4dfmsg=</latexit><latexit sha1_base64="Z4khTPt+KuihWnvJduIKobqsTZk=">AAACCnicbZDJSgNBEIZ74hbjFvXopTUInsKMCHoRgnrwGMEskITQ06lJmvQsdNcEwzBevfgqXjwo4tUn8Obb2FkQTfyh4eOvKqrrdyMpNNr2l5VZWFxaXsmu5tbWNza38ts7VR3GikOFhzJUdZdpkCKACgqUUI8UMN+VUHP7l6N6bQBKizC4xWEELZ91A+EJztBY7fy+106aCHeYKBikKT2ndtG5v/ox07SdL9hFeyw6D84UCmSqcjv/2eyEPPYhQC6Z1g3HjrCVMIWCS0hzzVhDxHifdaFhMGA+6FYyPiWlh8bpUC9U5gVIx+7viYT5Wg9913T6DHt6tjYy/6s1YvTOWokIohgh4JNFXiwphnSUC+0IBRzl0ADjSpi/Ut5jinE06eVMCM7syfNQPS46hm9OCqWLaRxZskcOyBFxyCkpkWtSJhXCyQN5Ii/k1Xq0nq03633SmrGmM7vkj6yPb4dfmsg=</latexit><latexit sha1_base64="Z4khTPt+KuihWnvJduIKobqsTZk=">AAACCnicbZDJSgNBEIZ74hbjFvXopTUInsKMCHoRgnrwGMEskITQ06lJmvQsdNcEwzBevfgqXjwo4tUn8Obb2FkQTfyh4eOvKqrrdyMpNNr2l5VZWFxaXsmu5tbWNza38ts7VR3GikOFhzJUdZdpkCKACgqUUI8UMN+VUHP7l6N6bQBKizC4xWEELZ91A+EJztBY7fy+106aCHeYKBikKT2ndtG5v/ox07SdL9hFeyw6D84UCmSqcjv/2eyEPPYhQC6Z1g3HjrCVMIWCS0hzzVhDxHifdaFhMGA+6FYyPiWlh8bpUC9U5gVIx+7viYT5Wg9913T6DHt6tjYy/6s1YvTOWokIohgh4JNFXiwphnSUC+0IBRzl0ADjSpi/Ut5jinE06eVMCM7syfNQPS46hm9OCqWLaRxZskcOyBFxyCkpkWtSJhXCyQN5Ii/k1Xq0nq03633SmrGmM7vkj6yPb4dfmsg=</latexit>

analytic
<latexit sha1_base64="tJ5N4Rnz9nNbQN4UIy7srBJB2m8=">AAAB+HicbZDLSsNAFIYn9VbrpVGXboJFcFUSEXRZdOOygr1AG8rJdNIOnUzCzIkYQ5/EjQtF3Poo7nwbp20W2npg4OP/z5k58weJ4Bpd99sqra1vbG6Vtys7u3v7VfvgsK3jVFHWorGIVTcAzQSXrIUcBesmikEUCNYJJjczv/PAlOaxvMcsYX4EI8lDTgGNNLCrfWSPmIMEkSGn04Fdc+vuvJxV8AqokaKaA/urP4xpGjGJVIDWPc9N0M9BmdsEm1b6qWYJ0AmMWM+ghIhpP58vPnVOjTJ0wliZI9GZq78ncoi0zqLAdEaAY73szcT/vF6K4ZWfc5mkyCRdPBSmwsHYmaXgDLliFEVmAKjiZleHjkEBRZNVxYTgLX95Fdrndc/w3UWtcV3EUSbH5IScEY9ckga5JU3SIpSk5Jm8kjfryXqx3q2PRWvJKmaOyJ+yPn8AmTaTrw==</latexit><latexit sha1_base64="tJ5N4Rnz9nNbQN4UIy7srBJB2m8=">AAAB+HicbZDLSsNAFIYn9VbrpVGXboJFcFUSEXRZdOOygr1AG8rJdNIOnUzCzIkYQ5/EjQtF3Poo7nwbp20W2npg4OP/z5k58weJ4Bpd99sqra1vbG6Vtys7u3v7VfvgsK3jVFHWorGIVTcAzQSXrIUcBesmikEUCNYJJjczv/PAlOaxvMcsYX4EI8lDTgGNNLCrfWSPmIMEkSGn04Fdc+vuvJxV8AqokaKaA/urP4xpGjGJVIDWPc9N0M9BmdsEm1b6qWYJ0AmMWM+ghIhpP58vPnVOjTJ0wliZI9GZq78ncoi0zqLAdEaAY73szcT/vF6K4ZWfc5mkyCRdPBSmwsHYmaXgDLliFEVmAKjiZleHjkEBRZNVxYTgLX95Fdrndc/w3UWtcV3EUSbH5IScEY9ckga5JU3SIpSk5Jm8kjfryXqx3q2PRWvJKmaOyJ+yPn8AmTaTrw==</latexit><latexit sha1_base64="tJ5N4Rnz9nNbQN4UIy7srBJB2m8=">AAAB+HicbZDLSsNAFIYn9VbrpVGXboJFcFUSEXRZdOOygr1AG8rJdNIOnUzCzIkYQ5/EjQtF3Poo7nwbp20W2npg4OP/z5k58weJ4Bpd99sqra1vbG6Vtys7u3v7VfvgsK3jVFHWorGIVTcAzQSXrIUcBesmikEUCNYJJjczv/PAlOaxvMcsYX4EI8lDTgGNNLCrfWSPmIMEkSGn04Fdc+vuvJxV8AqokaKaA/urP4xpGjGJVIDWPc9N0M9BmdsEm1b6qWYJ0AmMWM+ghIhpP58vPnVOjTJ0wliZI9GZq78ncoi0zqLAdEaAY73szcT/vF6K4ZWfc5mkyCRdPBSmwsHYmaXgDLliFEVmAKjiZleHjkEBRZNVxYTgLX95Fdrndc/w3UWtcV3EUSbH5IScEY9ckga5JU3SIpSk5Jm8kjfryXqx3q2PRWvJKmaOyJ+yPn8AmTaTrw==</latexit><latexit sha1_base64="tJ5N4Rnz9nNbQN4UIy7srBJB2m8=">AAAB+HicbZDLSsNAFIYn9VbrpVGXboJFcFUSEXRZdOOygr1AG8rJdNIOnUzCzIkYQ5/EjQtF3Poo7nwbp20W2npg4OP/z5k58weJ4Bpd99sqra1vbG6Vtys7u3v7VfvgsK3jVFHWorGIVTcAzQSXrIUcBesmikEUCNYJJjczv/PAlOaxvMcsYX4EI8lDTgGNNLCrfWSPmIMEkSGn04Fdc+vuvJxV8AqokaKaA/urP4xpGjGJVIDWPc9N0M9BmdsEm1b6qWYJ0AmMWM+ghIhpP58vPnVOjTJ0wliZI9GZq78ncoi0zqLAdEaAY73szcT/vF6K4ZWfc5mkyCRdPBSmwsHYmaXgDLliFEVmAKjiZleHjkEBRZNVxYTgLX95Fdrndc/w3UWtcV3EUSbH5IScEY9ckga5JU3SIpSk5Jm8kjfryXqx3q2PRWvJKmaOyJ+yPn8AmTaTrw==</latexit>
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10�1

<latexit sha1_base64="UKbwS1Ie99APchL93wQrL+utz3o=">AAAB7nicbZBNS8NAEIYn9avWr6pHL4tF8GJJpKDHohePFewHtLFstpN26WYTdjdCCf0RXjwo4tXf481/47bNQVtfWHh4Z4adeYNEcG1c99sprK1vbG4Vt0s7u3v7B+XDo5aOU8WwyWIRq05ANQousWm4EdhJFNIoENgOxrezevsJleaxfDCTBP2IDiUPOaPGWm3PfcwuvGm/XHGr7lxkFbwcKpCr0S9/9QYxSyOUhgmqdddzE+NnVBnOBE5LvVRjQtmYDrFrUdIItZ/N152SM+sMSBgr+6Qhc/f3REYjrSdRYDsjakZ6uTYz/6t1UxNe+xmXSWpQssVHYSqIicnsdjLgCpkREwuUKW53JWxEFWXGJlSyIXjLJ69C67LqWb6vVeo3eRxFOIFTOAcPrqAOd9CAJjAYwzO8wpuTOC/Ou/OxaC04+cwx/JHz+QM7a47V</latexit><latexit sha1_base64="UKbwS1Ie99APchL93wQrL+utz3o=">AAAB7nicbZBNS8NAEIYn9avWr6pHL4tF8GJJpKDHohePFewHtLFstpN26WYTdjdCCf0RXjwo4tXf481/47bNQVtfWHh4Z4adeYNEcG1c99sprK1vbG4Vt0s7u3v7B+XDo5aOU8WwyWIRq05ANQousWm4EdhJFNIoENgOxrezevsJleaxfDCTBP2IDiUPOaPGWm3PfcwuvGm/XHGr7lxkFbwcKpCr0S9/9QYxSyOUhgmqdddzE+NnVBnOBE5LvVRjQtmYDrFrUdIItZ/N152SM+sMSBgr+6Qhc/f3REYjrSdRYDsjakZ6uTYz/6t1UxNe+xmXSWpQssVHYSqIicnsdjLgCpkREwuUKW53JWxEFWXGJlSyIXjLJ69C67LqWb6vVeo3eRxFOIFTOAcPrqAOd9CAJjAYwzO8wpuTOC/Ou/OxaC04+cwx/JHz+QM7a47V</latexit><latexit sha1_base64="UKbwS1Ie99APchL93wQrL+utz3o=">AAAB7nicbZBNS8NAEIYn9avWr6pHL4tF8GJJpKDHohePFewHtLFstpN26WYTdjdCCf0RXjwo4tXf481/47bNQVtfWHh4Z4adeYNEcG1c99sprK1vbG4Vt0s7u3v7B+XDo5aOU8WwyWIRq05ANQousWm4EdhJFNIoENgOxrezevsJleaxfDCTBP2IDiUPOaPGWm3PfcwuvGm/XHGr7lxkFbwcKpCr0S9/9QYxSyOUhgmqdddzE+NnVBnOBE5LvVRjQtmYDrFrUdIItZ/N152SM+sMSBgr+6Qhc/f3REYjrSdRYDsjakZ6uTYz/6t1UxNe+xmXSWpQssVHYSqIicnsdjLgCpkREwuUKW53JWxEFWXGJlSyIXjLJ69C67LqWb6vVeo3eRxFOIFTOAcPrqAOd9CAJjAYwzO8wpuTOC/Ou/OxaC04+cwx/JHz+QM7a47V</latexit><latexit sha1_base64="UKbwS1Ie99APchL93wQrL+utz3o=">AAAB7nicbZBNS8NAEIYn9avWr6pHL4tF8GJJpKDHohePFewHtLFstpN26WYTdjdCCf0RXjwo4tXf481/47bNQVtfWHh4Z4adeYNEcG1c99sprK1vbG4Vt0s7u3v7B+XDo5aOU8WwyWIRq05ANQousWm4EdhJFNIoENgOxrezevsJleaxfDCTBP2IDiUPOaPGWm3PfcwuvGm/XHGr7lxkFbwcKpCr0S9/9QYxSyOUhgmqdddzE+NnVBnOBE5LvVRjQtmYDrFrUdIItZ/N152SM+sMSBgr+6Qhc/f3REYjrSdRYDsjakZ6uTYz/6t1UxNe+xmXSWpQssVHYSqIicnsdjLgCpkREwuUKW53JWxEFWXGJlSyIXjLJ69C67LqWb6vVeo3eRxFOIFTOAcPrqAOd9CAJjAYwzO8wpuTOC/Ou/OxaC04+cwx/JHz+QM7a47V</latexit>

100
<latexit sha1_base64="DvfNV/S6HEFl7xW8gMGwbBnanZQ=">AAAB7XicbZDLSgMxFIbPeK31VnXpJlgEV2VGBF0W3bisYC/QjiWTZtrYTDIkZ4Qy9B3cuFDEre/jzrcxvSy09YfAx3/OIef8USqFRd//9lZW19Y3Ngtbxe2d3b390sFhw+rMMF5nWmrTiqjlUiheR4GSt1LDaRJJ3oyGN5N684kbK7S6x1HKw4T2lYgFo+isRuA/5P64Wyr7FX8qsgzBHMowV61b+ur0NMsSrpBJam078FMMc2pQMMnHxU5meUrZkPZ526GiCbdhPt12TE6d0yOxNu4pJFP390ROE2tHSeQ6E4oDu1ibmP/V2hnGV2EuVJohV2z2UZxJgppMTic9YThDOXJAmRFuV8IG1FCGLqCiCyFYPHkZGueVwPHdRbl6PY+jAMdwAmcQwCVU4RZqUAcGj/AMr/Dmae/Fe/c+Zq0r3nzmCP7I+/wBzyGOnQ==</latexit><latexit sha1_base64="DvfNV/S6HEFl7xW8gMGwbBnanZQ=">AAAB7XicbZDLSgMxFIbPeK31VnXpJlgEV2VGBF0W3bisYC/QjiWTZtrYTDIkZ4Qy9B3cuFDEre/jzrcxvSy09YfAx3/OIef8USqFRd//9lZW19Y3Ngtbxe2d3b390sFhw+rMMF5nWmrTiqjlUiheR4GSt1LDaRJJ3oyGN5N684kbK7S6x1HKw4T2lYgFo+isRuA/5P64Wyr7FX8qsgzBHMowV61b+ur0NMsSrpBJam078FMMc2pQMMnHxU5meUrZkPZ526GiCbdhPt12TE6d0yOxNu4pJFP390ROE2tHSeQ6E4oDu1ibmP/V2hnGV2EuVJohV2z2UZxJgppMTic9YThDOXJAmRFuV8IG1FCGLqCiCyFYPHkZGueVwPHdRbl6PY+jAMdwAmcQwCVU4RZqUAcGj/AMr/Dmae/Fe/c+Zq0r3nzmCP7I+/wBzyGOnQ==</latexit><latexit sha1_base64="DvfNV/S6HEFl7xW8gMGwbBnanZQ=">AAAB7XicbZDLSgMxFIbPeK31VnXpJlgEV2VGBF0W3bisYC/QjiWTZtrYTDIkZ4Qy9B3cuFDEre/jzrcxvSy09YfAx3/OIef8USqFRd//9lZW19Y3Ngtbxe2d3b390sFhw+rMMF5nWmrTiqjlUiheR4GSt1LDaRJJ3oyGN5N684kbK7S6x1HKw4T2lYgFo+isRuA/5P64Wyr7FX8qsgzBHMowV61b+ur0NMsSrpBJam078FMMc2pQMMnHxU5meUrZkPZ526GiCbdhPt12TE6d0yOxNu4pJFP390ROE2tHSeQ6E4oDu1ibmP/V2hnGV2EuVJohV2z2UZxJgppMTic9YThDOXJAmRFuV8IG1FCGLqCiCyFYPHkZGueVwPHdRbl6PY+jAMdwAmcQwCVU4RZqUAcGj/AMr/Dmae/Fe/c+Zq0r3nzmCP7I+/wBzyGOnQ==</latexit><latexit sha1_base64="DvfNV/S6HEFl7xW8gMGwbBnanZQ=">AAAB7XicbZDLSgMxFIbPeK31VnXpJlgEV2VGBF0W3bisYC/QjiWTZtrYTDIkZ4Qy9B3cuFDEre/jzrcxvSy09YfAx3/OIef8USqFRd//9lZW19Y3Ngtbxe2d3b390sFhw+rMMF5nWmrTiqjlUiheR4GSt1LDaRJJ3oyGN5N684kbK7S6x1HKw4T2lYgFo+isRuA/5P64Wyr7FX8qsgzBHMowV61b+ur0NMsSrpBJam078FMMc2pQMMnHxU5meUrZkPZ526GiCbdhPt12TE6d0yOxNu4pJFP390ROE2tHSeQ6E4oDu1ibmP/V2hnGV2EuVJohV2z2UZxJgppMTic9YThDOXJAmRFuV8IG1FCGLqCiCyFYPHkZGueVwPHdRbl6PY+jAMdwAmcQwCVU4RZqUAcGj/AMr/Dmae/Fe/c+Zq0r3nzmCP7I+/wBzyGOnQ==</latexit>

101
<latexit sha1_base64="TmJUN4C+xLmtJxNGmJ0IUVxvcn8=">AAAB7XicbZDLSgMxFIbPeK31VnXpJlgEV2VGBF0W3bisYC/QjiWTZtrYTDIkZ4Qy9B3cuFDEre/jzrcxvSy09YfAx3/OIef8USqFRd//9lZW19Y3Ngtbxe2d3b390sFhw+rMMF5nWmrTiqjlUiheR4GSt1LDaRJJ3oyGN5N684kbK7S6x1HKw4T2lYgFo+isRuA/5MG4Wyr7FX8qsgzBHMowV61b+ur0NMsSrpBJam078FMMc2pQMMnHxU5meUrZkPZ526GiCbdhPt12TE6d0yOxNu4pJFP390ROE2tHSeQ6E4oDu1ibmP/V2hnGV2EuVJohV2z2UZxJgppMTic9YThDOXJAmRFuV8IG1FCGLqCiCyFYPHkZGueVwPHdRbl6PY+jAMdwAmcQwCVU4RZqUAcGj/AMr/Dmae/Fe/c+Zq0r3nzmCP7I+/wB0KaOng==</latexit><latexit sha1_base64="TmJUN4C+xLmtJxNGmJ0IUVxvcn8=">AAAB7XicbZDLSgMxFIbPeK31VnXpJlgEV2VGBF0W3bisYC/QjiWTZtrYTDIkZ4Qy9B3cuFDEre/jzrcxvSy09YfAx3/OIef8USqFRd//9lZW19Y3Ngtbxe2d3b390sFhw+rMMF5nWmrTiqjlUiheR4GSt1LDaRJJ3oyGN5N684kbK7S6x1HKw4T2lYgFo+isRuA/5MG4Wyr7FX8qsgzBHMowV61b+ur0NMsSrpBJam078FMMc2pQMMnHxU5meUrZkPZ526GiCbdhPt12TE6d0yOxNu4pJFP390ROE2tHSeQ6E4oDu1ibmP/V2hnGV2EuVJohV2z2UZxJgppMTic9YThDOXJAmRFuV8IG1FCGLqCiCyFYPHkZGueVwPHdRbl6PY+jAMdwAmcQwCVU4RZqUAcGj/AMr/Dmae/Fe/c+Zq0r3nzmCP7I+/wB0KaOng==</latexit><latexit sha1_base64="TmJUN4C+xLmtJxNGmJ0IUVxvcn8=">AAAB7XicbZDLSgMxFIbPeK31VnXpJlgEV2VGBF0W3bisYC/QjiWTZtrYTDIkZ4Qy9B3cuFDEre/jzrcxvSy09YfAx3/OIef8USqFRd//9lZW19Y3Ngtbxe2d3b390sFhw+rMMF5nWmrTiqjlUiheR4GSt1LDaRJJ3oyGN5N684kbK7S6x1HKw4T2lYgFo+isRuA/5MG4Wyr7FX8qsgzBHMowV61b+ur0NMsSrpBJam078FMMc2pQMMnHxU5meUrZkPZ526GiCbdhPt12TE6d0yOxNu4pJFP390ROE2tHSeQ6E4oDu1ibmP/V2hnGV2EuVJohV2z2UZxJgppMTic9YThDOXJAmRFuV8IG1FCGLqCiCyFYPHkZGueVwPHdRbl6PY+jAMdwAmcQwCVU4RZqUAcGj/AMr/Dmae/Fe/c+Zq0r3nzmCP7I+/wB0KaOng==</latexit><latexit sha1_base64="TmJUN4C+xLmtJxNGmJ0IUVxvcn8=">AAAB7XicbZDLSgMxFIbPeK31VnXpJlgEV2VGBF0W3bisYC/QjiWTZtrYTDIkZ4Qy9B3cuFDEre/jzrcxvSy09YfAx3/OIef8USqFRd//9lZW19Y3Ngtbxe2d3b390sFhw+rMMF5nWmrTiqjlUiheR4GSt1LDaRJJ3oyGN5N684kbK7S6x1HKw4T2lYgFo+isRuA/5MG4Wyr7FX8qsgzBHMowV61b+ur0NMsSrpBJam078FMMc2pQMMnHxU5meUrZkPZ526GiCbdhPt12TE6d0yOxNu4pJFP390ROE2tHSeQ6E4oDu1ibmP/V2hnGV2EuVJohV2z2UZxJgppMTic9YThDOXJAmRFuV8IG1FCGLqCiCyFYPHkZGueVwPHdRbl6PY+jAMdwAmcQwCVU4RZqUAcGj/AMr/Dmae/Fe/c+Zq0r3nzmCP7I+/wB0KaOng==</latexit>

10�2
<latexit sha1_base64="Th8nDr96+mObTECMD5ILVXJA+hY=">AAAB7nicbZBNS8NAEIYn9avWr6pHL4tF8GJJiqDHohePFewHtLFstpt26WYTdidCCf0RXjwo4tXf481/47bNQVtfWHh4Z4adeYNECoOu++0U1tY3NreK26Wd3b39g/LhUcvEqWa8yWIZ605ADZdC8SYKlLyTaE6jQPJ2ML6d1dtPXBsRqwecJNyP6FCJUDCK1mp77mN2UZv2yxW36s5FVsHLoQK5Gv3yV28QszTiCpmkxnQ9N0E/oxoFk3xa6qWGJ5SN6ZB3LSoaceNn83Wn5Mw6AxLG2j6FZO7+nshoZMwkCmxnRHFklmsz879aN8Xw2s+ESlLkii0+ClNJMCaz28lAaM5QTixQpoXdlbAR1ZShTahkQ/CWT16FVq3qWb6/rNRv8jiKcAKncA4eXEEd7qABTWAwhmd4hTcncV6cd+dj0Vpw8plj+CPn8wc88I7W</latexit><latexit sha1_base64="Th8nDr96+mObTECMD5ILVXJA+hY=">AAAB7nicbZBNS8NAEIYn9avWr6pHL4tF8GJJiqDHohePFewHtLFstpt26WYTdidCCf0RXjwo4tXf481/47bNQVtfWHh4Z4adeYNECoOu++0U1tY3NreK26Wd3b39g/LhUcvEqWa8yWIZ605ADZdC8SYKlLyTaE6jQPJ2ML6d1dtPXBsRqwecJNyP6FCJUDCK1mp77mN2UZv2yxW36s5FVsHLoQK5Gv3yV28QszTiCpmkxnQ9N0E/oxoFk3xa6qWGJ5SN6ZB3LSoaceNn83Wn5Mw6AxLG2j6FZO7+nshoZMwkCmxnRHFklmsz879aN8Xw2s+ESlLkii0+ClNJMCaz28lAaM5QTixQpoXdlbAR1ZShTahkQ/CWT16FVq3qWb6/rNRv8jiKcAKncA4eXEEd7qABTWAwhmd4hTcncV6cd+dj0Vpw8plj+CPn8wc88I7W</latexit><latexit sha1_base64="Th8nDr96+mObTECMD5ILVXJA+hY=">AAAB7nicbZBNS8NAEIYn9avWr6pHL4tF8GJJiqDHohePFewHtLFstpt26WYTdidCCf0RXjwo4tXf481/47bNQVtfWHh4Z4adeYNECoOu++0U1tY3NreK26Wd3b39g/LhUcvEqWa8yWIZ605ADZdC8SYKlLyTaE6jQPJ2ML6d1dtPXBsRqwecJNyP6FCJUDCK1mp77mN2UZv2yxW36s5FVsHLoQK5Gv3yV28QszTiCpmkxnQ9N0E/oxoFk3xa6qWGJ5SN6ZB3LSoaceNn83Wn5Mw6AxLG2j6FZO7+nshoZMwkCmxnRHFklmsz879aN8Xw2s+ESlLkii0+ClNJMCaz28lAaM5QTixQpoXdlbAR1ZShTahkQ/CWT16FVq3qWb6/rNRv8jiKcAKncA4eXEEd7qABTWAwhmd4hTcncV6cd+dj0Vpw8plj+CPn8wc88I7W</latexit><latexit sha1_base64="Th8nDr96+mObTECMD5ILVXJA+hY=">AAAB7nicbZBNS8NAEIYn9avWr6pHL4tF8GJJiqDHohePFewHtLFstpt26WYTdidCCf0RXjwo4tXf481/47bNQVtfWHh4Z4adeYNECoOu++0U1tY3NreK26Wd3b39g/LhUcvEqWa8yWIZ605ADZdC8SYKlLyTaE6jQPJ2ML6d1dtPXBsRqwecJNyP6FCJUDCK1mp77mN2UZv2yxW36s5FVsHLoQK5Gv3yV28QszTiCpmkxnQ9N0E/oxoFk3xa6qWGJ5SN6ZB3LSoaceNn83Wn5Mw6AxLG2j6FZO7+nshoZMwkCmxnRHFklmsz879aN8Xw2s+ESlLkii0+ClNJMCaz28lAaM5QTixQpoXdlbAR1ZShTahkQ/CWT16FVq3qWb6/rNRv8jiKcAKncA4eXEEd7qABTWAwhmd4hTcncV6cd+dj0Vpw8plj+CPn8wc88I7W</latexit>

10�1
<latexit sha1_base64="UKbwS1Ie99APchL93wQrL+utz3o=">AAAB7nicbZBNS8NAEIYn9avWr6pHL4tF8GJJpKDHohePFewHtLFstpN26WYTdjdCCf0RXjwo4tXf481/47bNQVtfWHh4Z4adeYNEcG1c99sprK1vbG4Vt0s7u3v7B+XDo5aOU8WwyWIRq05ANQousWm4EdhJFNIoENgOxrezevsJleaxfDCTBP2IDiUPOaPGWm3PfcwuvGm/XHGr7lxkFbwcKpCr0S9/9QYxSyOUhgmqdddzE+NnVBnOBE5LvVRjQtmYDrFrUdIItZ/N152SM+sMSBgr+6Qhc/f3REYjrSdRYDsjakZ6uTYz/6t1UxNe+xmXSWpQssVHYSqIicnsdjLgCpkREwuUKW53JWxEFWXGJlSyIXjLJ69C67LqWb6vVeo3eRxFOIFTOAcPrqAOd9CAJjAYwzO8wpuTOC/Ou/OxaC04+cwx/JHz+QM7a47V</latexit><latexit sha1_base64="UKbwS1Ie99APchL93wQrL+utz3o=">AAAB7nicbZBNS8NAEIYn9avWr6pHL4tF8GJJpKDHohePFewHtLFstpN26WYTdjdCCf0RXjwo4tXf481/47bNQVtfWHh4Z4adeYNEcG1c99sprK1vbG4Vt0s7u3v7B+XDo5aOU8WwyWIRq05ANQousWm4EdhJFNIoENgOxrezevsJleaxfDCTBP2IDiUPOaPGWm3PfcwuvGm/XHGr7lxkFbwcKpCr0S9/9QYxSyOUhgmqdddzE+NnVBnOBE5LvVRjQtmYDrFrUdIItZ/N152SM+sMSBgr+6Qhc/f3REYjrSdRYDsjakZ6uTYz/6t1UxNe+xmXSWpQssVHYSqIicnsdjLgCpkREwuUKW53JWxEFWXGJlSyIXjLJ69C67LqWb6vVeo3eRxFOIFTOAcPrqAOd9CAJjAYwzO8wpuTOC/Ou/OxaC04+cwx/JHz+QM7a47V</latexit><latexit sha1_base64="UKbwS1Ie99APchL93wQrL+utz3o=">AAAB7nicbZBNS8NAEIYn9avWr6pHL4tF8GJJpKDHohePFewHtLFstpN26WYTdjdCCf0RXjwo4tXf481/47bNQVtfWHh4Z4adeYNEcG1c99sprK1vbG4Vt0s7u3v7B+XDo5aOU8WwyWIRq05ANQousWm4EdhJFNIoENgOxrezevsJleaxfDCTBP2IDiUPOaPGWm3PfcwuvGm/XHGr7lxkFbwcKpCr0S9/9QYxSyOUhgmqdddzE+NnVBnOBE5LvVRjQtmYDrFrUdIItZ/N152SM+sMSBgr+6Qhc/f3REYjrSdRYDsjakZ6uTYz/6t1UxNe+xmXSWpQssVHYSqIicnsdjLgCpkREwuUKW53JWxEFWXGJlSyIXjLJ69C67LqWb6vVeo3eRxFOIFTOAcPrqAOd9CAJjAYwzO8wpuTOC/Ou/OxaC04+cwx/JHz+QM7a47V</latexit><latexit sha1_base64="UKbwS1Ie99APchL93wQrL+utz3o=">AAAB7nicbZBNS8NAEIYn9avWr6pHL4tF8GJJpKDHohePFewHtLFstpN26WYTdjdCCf0RXjwo4tXf481/47bNQVtfWHh4Z4adeYNEcG1c99sprK1vbG4Vt0s7u3v7B+XDo5aOU8WwyWIRq05ANQousWm4EdhJFNIoENgOxrezevsJleaxfDCTBP2IDiUPOaPGWm3PfcwuvGm/XHGr7lxkFbwcKpCr0S9/9QYxSyOUhgmqdddzE+NnVBnOBE5LvVRjQtmYDrFrUdIItZ/N152SM+sMSBgr+6Qhc/f3REYjrSdRYDsjakZ6uTYz/6t1UxNe+xmXSWpQssVHYSqIicnsdjLgCpkREwuUKW53JWxEFWXGJlSyIXjLJ69C67LqWb6vVeo3eRxFOIFTOAcPrqAOd9CAJjAYwzO8wpuTOC/Ou/OxaC04+cwx/JHz+QM7a47V</latexit>

100
<latexit sha1_base64="DvfNV/S6HEFl7xW8gMGwbBnanZQ=">AAAB7XicbZDLSgMxFIbPeK31VnXpJlgEV2VGBF0W3bisYC/QjiWTZtrYTDIkZ4Qy9B3cuFDEre/jzrcxvSy09YfAx3/OIef8USqFRd//9lZW19Y3Ngtbxe2d3b390sFhw+rMMF5nWmrTiqjlUiheR4GSt1LDaRJJ3oyGN5N684kbK7S6x1HKw4T2lYgFo+isRuA/5P64Wyr7FX8qsgzBHMowV61b+ur0NMsSrpBJam078FMMc2pQMMnHxU5meUrZkPZ526GiCbdhPt12TE6d0yOxNu4pJFP390ROE2tHSeQ6E4oDu1ibmP/V2hnGV2EuVJohV2z2UZxJgppMTic9YThDOXJAmRFuV8IG1FCGLqCiCyFYPHkZGueVwPHdRbl6PY+jAMdwAmcQwCVU4RZqUAcGj/AMr/Dmae/Fe/c+Zq0r3nzmCP7I+/wBzyGOnQ==</latexit><latexit sha1_base64="DvfNV/S6HEFl7xW8gMGwbBnanZQ=">AAAB7XicbZDLSgMxFIbPeK31VnXpJlgEV2VGBF0W3bisYC/QjiWTZtrYTDIkZ4Qy9B3cuFDEre/jzrcxvSy09YfAx3/OIef8USqFRd//9lZW19Y3Ngtbxe2d3b390sFhw+rMMF5nWmrTiqjlUiheR4GSt1LDaRJJ3oyGN5N684kbK7S6x1HKw4T2lYgFo+isRuA/5P64Wyr7FX8qsgzBHMowV61b+ur0NMsSrpBJam078FMMc2pQMMnHxU5meUrZkPZ526GiCbdhPt12TE6d0yOxNu4pJFP390ROE2tHSeQ6E4oDu1ibmP/V2hnGV2EuVJohV2z2UZxJgppMTic9YThDOXJAmRFuV8IG1FCGLqCiCyFYPHkZGueVwPHdRbl6PY+jAMdwAmcQwCVU4RZqUAcGj/AMr/Dmae/Fe/c+Zq0r3nzmCP7I+/wBzyGOnQ==</latexit><latexit sha1_base64="DvfNV/S6HEFl7xW8gMGwbBnanZQ=">AAAB7XicbZDLSgMxFIbPeK31VnXpJlgEV2VGBF0W3bisYC/QjiWTZtrYTDIkZ4Qy9B3cuFDEre/jzrcxvSy09YfAx3/OIef8USqFRd//9lZW19Y3Ngtbxe2d3b390sFhw+rMMF5nWmrTiqjlUiheR4GSt1LDaRJJ3oyGN5N684kbK7S6x1HKw4T2lYgFo+isRuA/5P64Wyr7FX8qsgzBHMowV61b+ur0NMsSrpBJam078FMMc2pQMMnHxU5meUrZkPZ526GiCbdhPt12TE6d0yOxNu4pJFP390ROE2tHSeQ6E4oDu1ibmP/V2hnGV2EuVJohV2z2UZxJgppMTic9YThDOXJAmRFuV8IG1FCGLqCiCyFYPHkZGueVwPHdRbl6PY+jAMdwAmcQwCVU4RZqUAcGj/AMr/Dmae/Fe/c+Zq0r3nzmCP7I+/wBzyGOnQ==</latexit><latexit sha1_base64="DvfNV/S6HEFl7xW8gMGwbBnanZQ=">AAAB7XicbZDLSgMxFIbPeK31VnXpJlgEV2VGBF0W3bisYC/QjiWTZtrYTDIkZ4Qy9B3cuFDEre/jzrcxvSy09YfAx3/OIef8USqFRd//9lZW19Y3Ngtbxe2d3b390sFhw+rMMF5nWmrTiqjlUiheR4GSt1LDaRJJ3oyGN5N684kbK7S6x1HKw4T2lYgFo+isRuA/5P64Wyr7FX8qsgzBHMowV61b+ur0NMsSrpBJam078FMMc2pQMMnHxU5meUrZkPZ526GiCbdhPt12TE6d0yOxNu4pJFP390ROE2tHSeQ6E4oDu1ibmP/V2hnGV2EuVJohV2z2UZxJgppMTic9YThDOXJAmRFuV8IG1FCGLqCiCyFYPHkZGueVwPHdRbl6PY+jAMdwAmcQwCVU4RZqUAcGj/AMr/Dmae/Fe/c+Zq0r3nzmCP7I+/wBzyGOnQ==</latexit>
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FIG. 2. Reversals affect rotational diffusion. (A) Mean square
displacement (MSD) versus time for single particles, plotted
for various reversal frequencies. The data for different reversal
frequencies collapse when time is scaled by the reorientation
time τ−1

r = Deff
r . The solid line is described by Eq. S7. (B)

Experimental MSD for isolated wild-type (blue) and ∆FrzE
(red) M. xanthus cells. Time is scaled by Deff,WT

r = 0.336
min−1 and Deff,∆FrzE

r = 0.065 min−1, respectively. Shaded
regions represent the combined standard error taking into ac-
count uncertainty in the measured speed, reversal frequency,
and Dr.

same for active 2D aggregation (MIPS simulation) and
M. xanthus FB formation.

We next sought to investigate the effect of changes
in motility on FB formation. The total activity in self-
propelled systems can be quantified using the dimension-
less inverse rotational Péclet number, given by the ratio
of the cell size `c to the persistence length of the motility
paths `p = v0/Dr [25–27, 29],

Pe−1
r = `c/`p = `cDr/v0 . (1)

As M. xanthus cells can spontaneously reverse their direc-
tion of motion at rate frev, we sought to understand how
these reversal events might change the Péclet number.
Introducing a reversal frequency adds a new timescale,
the effects of which can be incorporated in an effective
rotational diffusion coefficient (see SM and [30])

Deff
r = Dr + 2frev . (2)

We confirmed that Equation 2 accurately describes
the trajectories from both simulations and moving cells.
Adding reversals as a Poisson process with mean fre-
quency frev to a model of ABPs [16, 18, 31], we
found that the single-particle mean squared displace-
ment (MSD) for different reversal frequencies collapses
when time is scaled by the reorientation time τ−1

r = Deff
r

(Fig. 2A). Moreover, the crossover between ballistic and
diffusive motion occurs at time t = τ−1

r for all frev at
both low and high particle density (Fig. S6).

To measure the effect of reversals on trajectories of
moving cells, we performed experiments at very low cell
density so that the motion of individual cells was not af-
fected by cell-cell collisions and motion was purely two-
dimensional, as opposed to the three-dimensional motion
in the FBs (Fig. S2A). The velocity autocorrelation func-
tion for the WT cells calculated from these data decays
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Cell Density (cell/mL)
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FIG. 3. (A) Experimental phase diagram for M. xanthus
phase separation of the non-reversing mutant ∆FrzE. For each
experiment at a particular density and Pe−1

r , we determined
whether the system is phase separated via spinodal decompo-
sition (red squares) or not phase separated (black circles) after
24 hours. The estimated region of phase space containing the
spinodal line is shaded in dark blue while the spinodal region
is shaded in light blue. Dashed horizontal lines denote the
Pe−1

r for wild-type cells one hour after inoculation (t=−6 h),
at the moment coarsening is first observed (t=0 h), and 3
hours into the coarsening process (t=3 h). (B) The phase
diagram for reversing ABPs showing the spinodal boundary.
Spinodal points correspond to the peaks of a bimodal distri-
bution of local density (see SM) for different values of the
ratio frev/Dr = 0.1(triangles), 1(squares), 10(circles) and of
the packing fraction φ0 = 0.45(blue), 0.55(red), 0.65(green).
The dashed line is a guide to the eye. The horizontal axis is
the local particle packing fraction φlocal.

exponentially with small scale oscillations that die out at
longer times due to the directional reversals (Fig. S2B).
We fit the autocorrelation functions from both the wild-
type (WT) and the non-reversing mutant ∆FrzE [32] and
found that Deff, WT

r = 0.336 min−1 and Deff, FrzE
r = 0.065

min−1. When time is scaled by these values of Deff
r ,

the MSD versus time plots for WT and ∆FrzE cells
collapse together. Interestingly, with a measured wild-
type reversal frequency of 6.3 h−1, this implies that the
underlying rotational diffusion coefficient of WT cells,
Dr,WT = 0.127 min−1 is larger than that of ∆FrzE cells,
Dr,FrzE = 0.065 min−1, potentially indicating the the Frz
pathway may affect directionality in addition to reversal.

If FB formation is an actively driven process, changes
to Pe−1

r could affect the occurrence of cellular aggre-
gation as it does in the MIPS. To control the Pe−1

r of
M. xanthus experimentally, we used non-reversing ∆FrzE
cells and altered the propulsion speed v0 using the drug
nigericin [33]. The inverse Péclet number for each experi-
mental condition was estimated by separately measuring
cell velocity and Dr, combined with the average cell size
of `c = 2.5 µm (half a cell length). We mixed a small
number of fluorescently-labeled cells with non-fluorescent
cells at a ratio of 1:400 and tracked the fluorescent cells
to measure their speed. We find that the velocity of
∆FrzE cells decreases monotonically from 1.25 µm/min
in the absence of drug to 0.36 µm/min in the presence
of 10 µM nigericin (Fig. S2C). By tracking isolated cells
at very low density, we find that Dr does not change
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FIG. 4. Cell tracking over time after starvation. Cell speed
(A), reversal frequency (B), and the resulting Pe−1

r (C) are
shown for wild-type (blue) and non-reversing ∆FrzE cells
(red). ∆FrzE cells do not reverse, so no red points are plot-
ted in B. Error bars represent the standard error of the mean.
t = 0 corresponds to 7 hours post inoculation, when macro-
scopic coarsening was first observed in these experiments.

when nigericin is added up to a concentration of 10 µM
(Fig. S2D), in contrast to the effect in eukaryotes [34].

We generated a phase diagram for M xanthus FB
formation by performing experiments with ∆FrzE cells
at different inoculation densities and nigericin concen-
trations (Fig. 3A). When starved, non-reversing cells
coarsen into FBs with the same temporal scaling as WT
cells, although these aggregates are unstable and short
lived (Fig. S7, Movies S7 and S8). As predicted, at
low density or high Pe−1

r , the system does not form
FBs (black circles). At high density or low Pe−1

r , the
system phase separates via spinodal decomposition (red
squares). The estimated region of the phase space that
includes the spinodal line is shaded in dark blue on
the phase diagram, and at high density lies between
Pe−1

r = 0.20 and 0.48. In Fig. 3B, we show a simi-
lar phase diagram obtained from simulations of revers-
ing ABPs. The scaling of the data for different values
of frev and mean density confirms that the effect of re-
versals can be incorporated into Pe−1

r using the effective
rotational diffusion coefficient Deff

r . Our results are in
good agreement with previous studies of ABPs without
reversals [26, 27].

Pe−1
r depends on four parameters, two of which M.

xanthus potentially has the ability to control during FB
formation. Cells do not grow during aggregation due to
the starvation conditions and Dr is presumably set by
thermal fluctuations of the cell body and molecular noise
in the motility process. However, both the cell speed
v0 and the reversal frequency frev are known to be un-
der cellular control, suggesting that the cells might have
adapted to take advantage of such control [33, 35].

We tracked individual fluorescent wild-type cells at a
population density of 5 × 108 cell/mL for 11 hours af-
ter starvation and found cells changed both their gliding
speed and reversal frequency (Fig. 4). In the first 2–3
hours, cells exhibited low gliding speeds of ∼ 1.3µm/min.
By the time macroscopic coarsening was first observed,

about 7 hours after starvation (t = 0), M. xanthus cells
had sped up to ∼ 2.5µm/min (Fig. 4A). We observed
that wild-type cells became more active over the time
course of our experiment (Fig. S3), in agreement with
previous reports of an initial “resting” phase upon star-
vation [36] [37] . We also found that reversal frequency
decreased from 8.5 h−1 to 5 h−1 over the coarse of the
experiment, with most of the reduction occurring before
t = 0 (Fig. 4B).

A combination of increased v0 and decreased frev pro-
duces a reduction in Pe−1

r from ∼ 1.8 before starva-
tion to ∼ 0.25 when mature fruiting bodies have been
formed (Fig. 4C). Most of this reduction occurs in the
first 7 hours after starvation, and Pe−1

r plateaus at the
same time as the onset of macroscopic coarsening (t = 0,
Fig. 3). The apparent critical Pe−1

r ∼ 0.3 lies in the re-
gion of phase space that we estimate to include the spin-
odal line. We note that the phase diagram in Figure 3
is made by examining the behavior of non-reversing cells
that do not alter their behavior over time (Fig. 4A). The
correspondence between the critical Pe−1

r at which starv-
ing wild-type cells start to undergo macroscopic coarsen-
ing and the estimated spinodal line derived from ∆FrzE
cells strongly indicates that Pe−1

r is sufficient for under-
standing the initial process of phase separation.

To further test this idea, we added nigericin to starv-
ing WT cells and found that above a concentration of
2.5µM, the population was unable to form FBs. This
is likely due to the inability of these cells to speed up
enough to cross the critical Pe−1

r . Finally, it is possible
that M. xanthus cells could alter their reversal frequency
directly as a function of cell density, explaining the ob-
served reduction in frev over time. However, we measured
reversal frequency for isolated cells and did not observe
any significant change in reversal frequency (Fig. S4).

Here we present a simple physical picture of M. xanthus
FB formation based on the statistical physics of active
populations. Before starvation, cells move slowly and re-
verse frequently, favoring a homogeneous population on
the surface. Upon starvation, wild-type cells speed up
and reverse less often, producing a situation favorable
for phase separation and FB formation. However, fruit-
ing body formation is ultimately a sophisticated biolog-
ical process and it is likely that our simple model does
not capture the entirety of its complexity. Many of the
details that we purposely left out of our analysis could
play a role in the specific evolution and shape of the fi-
nal fruiting bodies. These include cell-cell alignment, the
effects of “slime following,” and cell-cell communication
via the C- and A-signaling mechanisms. For example,
∆FrzE cells do not form stable fruiting bodies. While
initially stable, droplets typically fall apart at the end of
24 hours, towards the end of traditional FB development.
This potentially indicates that additional biological or
chemical mechanisms could play a role in FB stability
over long times. More complicated models of M. xanthus
aggregation may uncover the role of these additional pa-
rameters [see e.g. ref 38], but it is unlikely that they will
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change the basic features we have observed here.

The two-dimensional ABP model we used differs from
FB formation in several important ways. ABPs phase
separate via a jamming aggregation process where the
particles slow down due to crowding, whereas M. xanthus
cells remain motile throughout the process of FB forma-
tion (see e.g. Movie S3 and S6). Importantly, the fruit-
ing bodies are three-dimensional structures that appear
to be ’dewetted’ from the initial homogenously spread
quasi-two-dimensional layer of cells. However, the sim-
ilarity in the scaling exponents for coarsening and the
phase diagrams may potentially indicate that these pro-
cesses, while seemingly very different on the microscopic
scale, may in fact belong to the same universality class
of active systems. Future work tracking cells and moni-
toring droplet shape in three dimensions should lead to
a more accurate theory of the phase separation which
might be viewed as the dewetting of an active bacterial
fluid layer into 3D droplets.
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Supplementary Material

I. METHODS

A. Bacterial strains, growth conditions, and developmental experiments

Liquid cultures of wild-type M. xanthus strain DK1622 and ∆FrzE were grown at 32◦C in agitating CTTYE medium
(1.0% Casitone, 0.5% yeast extract, 10.0 mM Tris-HCl at pH 8.0, 1.0 mM KH2PO4, and 8.0 mM MgSO4). Kanamycin
(40 µg/ml) was added to liquid cultures of ∆FrzE. Starvation assays were performed using non-nutritive Tris phosphate
medium (TPM) agarose (10.0 mM Tris-HCl at pH 7.6, 1.0 mM KH2PO4, 8.0 mM MgSO4, and 1.5% agarose).
To induce fruiting body (FB) development, growing cells were harvested from liquid culture at mid-log phase and
resuspended to a final concentration of various densities in TPM: 5×107, 1.5×108, 2.5×108, 5×108, 2.5×109 cells/mL.
10 µl spots were plated on a TPM agarose slide complex and allowed to dry as described previously [14, 19]. To
modulate velocity, cells suspensions and TPM agarose was supplemented with nigericin sodium salt at concentrations
of 0, 1, 2, 4, and 10 µM.

B. Imaging and tracking

Cells were imaged at 100× and 20× magnification to record the behavior of both single cells and aggregates,
respectively. For 100× magnification experiments, cells were imaged on a modified Nikon TE2000 inverted microscope
with an oil-immersion objective (NA 1.49). Details of this imaging setup and auto-focusing strategy were reported
previously [14, 39]. Images were recorded at a rate of one frame per 10 seconds with single cell resolution. For
20× magnification experiments, bright-field movies were taken with phase contrast on a Nikon microscope with 1
minute time resolution. To measure the length-scale evolution during phase separation, we used a 20× magnification
home-built bright field microscope at a rate of one frame every 10 seconds for 24 hours. For wild-type starvation
experiments, we visually inspected each movie to identify the time, τ0, at which macroscopic coarsening began. Across
experiments, τ0 ranged from 4 to 11 hours, with an average of 8.1 ± 1.9 hours (Fig. S1). For each movie, this time
was labeled as t = 0, with negative times occurring before the onset of coarsening and positive times occurring after.
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FIG. S1. Probability density of times between inoculation and the first evidence of macroscopic coarsening (defined as t = 0 in
the text).

Cell tracking using 100× bright-field images was performed using the previously published BCTracker algorithm [14].
Cell velocities were calculated as the spatial displacement of the tracked centroid of each cell per frame divided by the
frame rate. Because of noise in the tracking, we slightly overestimate the speed of very slow cells but this small effect
does not affect the conclusions in the paper. Additionally, the speed shown for ∆FrzE shown in Fig.S2C is corrected
by taking into account the fact that only 75% of cells in our field of view were motile.

The rotational diffusion coefficient (Deff
r ) was calculated from the decay time of the velocity autocorrelation function

from isolated cells. The autocorrelation functions from ∼30 cells were first averaged together and then fit to a single
decaying exponential (Fig. S2). Only tracks with a trajectory longer than 25µm were included in this analysis.

The mean square displacement (MSD) versus time for both wild-type and the non-reversing cells was calculated
using low density, high magnification tracking data. Time was rescaled by the Deff

r calculated from the velocity
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m
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<latexit sha1_base64="m9ruXmtM4DbhB+K968v+8gaM6hc=">AAAB73icbZDNSgMxFIXv1L9a/6ou3QSLUDdlRgRdFt24rOC0hXYomTTThiaZMckIw9CXcONCEbe+jjvfxrSdhbYeCHycey+594QJZ9q47rdTWlvf2Nwqb1d2dvf2D6qHR20dp4pQn8Q8Vt0Qa8qZpL5hhtNuoigWIaedcHI7q3eeqNIslg8mS2gg8EiyiBFsrNXN6n2RInE+qNbchjsXWgWvgBoUag2qX/1hTFJBpSEca93z3MQEOVaGEU6nlX6qaYLJBI9oz6LEguogn+87RWfWGaIoVvZJg+bu74kcC60zEdpOgc1YL9dm5n+1Xmqi6yBnMkkNlWTxUZRyZGI0Ox4NmaLE8MwCJorZXREZY4WJsRFVbAje8smr0L5oeJbvL2vNmyKOMpzAKdTBgytowh20wAcCHJ7hFd6cR+fFeXc+Fq0lp5g5hj9yPn8AJquPXw==</latexit><latexit sha1_base64="m9ruXmtM4DbhB+K968v+8gaM6hc=">AAAB73icbZDNSgMxFIXv1L9a/6ou3QSLUDdlRgRdFt24rOC0hXYomTTThiaZMckIw9CXcONCEbe+jjvfxrSdhbYeCHycey+594QJZ9q47rdTWlvf2Nwqb1d2dvf2D6qHR20dp4pQn8Q8Vt0Qa8qZpL5hhtNuoigWIaedcHI7q3eeqNIslg8mS2gg8EiyiBFsrNXN6n2RInE+qNbchjsXWgWvgBoUag2qX/1hTFJBpSEca93z3MQEOVaGEU6nlX6qaYLJBI9oz6LEguogn+87RWfWGaIoVvZJg+bu74kcC60zEdpOgc1YL9dm5n+1Xmqi6yBnMkkNlWTxUZRyZGI0Ox4NmaLE8MwCJorZXREZY4WJsRFVbAje8smr0L5oeJbvL2vNmyKOMpzAKdTBgytowh20wAcCHJ7hFd6cR+fFeXc+Fq0lp5g5hj9yPn8AJquPXw==</latexit><latexit sha1_base64="m9ruXmtM4DbhB+K968v+8gaM6hc=">AAAB73icbZDNSgMxFIXv1L9a/6ou3QSLUDdlRgRdFt24rOC0hXYomTTThiaZMckIw9CXcONCEbe+jjvfxrSdhbYeCHycey+594QJZ9q47rdTWlvf2Nwqb1d2dvf2D6qHR20dp4pQn8Q8Vt0Qa8qZpL5hhtNuoigWIaedcHI7q3eeqNIslg8mS2gg8EiyiBFsrNXN6n2RInE+qNbchjsXWgWvgBoUag2qX/1hTFJBpSEca93z3MQEOVaGEU6nlX6qaYLJBI9oz6LEguogn+87RWfWGaIoVvZJg+bu74kcC60zEdpOgc1YL9dm5n+1Xmqi6yBnMkkNlWTxUZRyZGI0Ox4NmaLE8MwCJorZXREZY4WJsRFVbAje8smr0L5oeJbvL2vNmyKOMpzAKdTBgytowh20wAcCHJ7hFd6cR+fFeXc+Fq0lp5g5hj9yPn8AJquPXw==</latexit><latexit sha1_base64="m9ruXmtM4DbhB+K968v+8gaM6hc=">AAAB73icbZDNSgMxFIXv1L9a/6ou3QSLUDdlRgRdFt24rOC0hXYomTTThiaZMckIw9CXcONCEbe+jjvfxrSdhbYeCHycey+594QJZ9q47rdTWlvf2Nwqb1d2dvf2D6qHR20dp4pQn8Q8Vt0Qa8qZpL5hhtNuoigWIaedcHI7q3eeqNIslg8mS2gg8EiyiBFsrNXN6n2RInE+qNbchjsXWgWvgBoUag2qX/1hTFJBpSEca93z3MQEOVaGEU6nlX6qaYLJBI9oz6LEguogn+87RWfWGaIoVvZJg+bu74kcC60zEdpOgc1YL9dm5n+1Xmqi6yBnMkkNlWTxUZRyZGI0Ox4NmaLE8MwCJorZXREZY4WJsRFVbAje8smr0L5oeJbvL2vNmyKOMpzAKdTBgytowh20wAcCHJ7hFd6cR+fFeXc+Fq0lp5g5hj9yPn8AJquPXw==</latexit>
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<latexit sha1_base64="+2OoeZ6PdFKYULKVzrCbNYTvn9g=">AAAB/HicbZDLSgNBEEV7fMb4Gs3STWMQXIUZEXQZDYjLCOYByRB6OpWkSc+D7hpxGOKvuHGhiFs/xJ1/YyeZhSZeaDjcqqKqrx9LodFxvq2V1bX1jc3CVnF7Z3dv3z44bOooURwaPJKRavtMgxQhNFCghHasgAW+hJY/rk3rrQdQWkThPaYxeAEbhmIgOENj9exSF+ERsybIiAtM6VXtZtKzy07FmYkug5tDmeSq9+yvbj/iSQAhcsm07rhOjF7GFAouYVLsJhpixsdsCB2DIQtAe9ns+Ak9MU6fDiJlXoh05v6eyFigdRr4pjNgONKLtan5X62T4ODSy0QYJwghny8aJJJiRKdJ0L5QwFGmBhhXwtxK+YgpxtHkVTQhuItfXobmWcU1fHderl7ncRTIETkmp8QlF6RKbkmdNAgnKXkmr+TNerJerHfrY966YuUzJfJH1ucPoJSUuw==</latexit><latexit sha1_base64="+2OoeZ6PdFKYULKVzrCbNYTvn9g=">AAAB/HicbZDLSgNBEEV7fMb4Gs3STWMQXIUZEXQZDYjLCOYByRB6OpWkSc+D7hpxGOKvuHGhiFs/xJ1/YyeZhSZeaDjcqqKqrx9LodFxvq2V1bX1jc3CVnF7Z3dv3z44bOooURwaPJKRavtMgxQhNFCghHasgAW+hJY/rk3rrQdQWkThPaYxeAEbhmIgOENj9exSF+ERsybIiAtM6VXtZtKzy07FmYkug5tDmeSq9+yvbj/iSQAhcsm07rhOjF7GFAouYVLsJhpixsdsCB2DIQtAe9ns+Ak9MU6fDiJlXoh05v6eyFigdRr4pjNgONKLtan5X62T4ODSy0QYJwghny8aJJJiRKdJ0L5QwFGmBhhXwtxK+YgpxtHkVTQhuItfXobmWcU1fHderl7ncRTIETkmp8QlF6RKbkmdNAgnKXkmr+TNerJerHfrY966YuUzJfJH1ucPoJSUuw==</latexit><latexit sha1_base64="+2OoeZ6PdFKYULKVzrCbNYTvn9g=">AAAB/HicbZDLSgNBEEV7fMb4Gs3STWMQXIUZEXQZDYjLCOYByRB6OpWkSc+D7hpxGOKvuHGhiFs/xJ1/YyeZhSZeaDjcqqKqrx9LodFxvq2V1bX1jc3CVnF7Z3dv3z44bOooURwaPJKRavtMgxQhNFCghHasgAW+hJY/rk3rrQdQWkThPaYxeAEbhmIgOENj9exSF+ERsybIiAtM6VXtZtKzy07FmYkug5tDmeSq9+yvbj/iSQAhcsm07rhOjF7GFAouYVLsJhpixsdsCB2DIQtAe9ns+Ak9MU6fDiJlXoh05v6eyFigdRr4pjNgONKLtan5X62T4ODSy0QYJwghny8aJJJiRKdJ0L5QwFGmBhhXwtxK+YgpxtHkVTQhuItfXobmWcU1fHderl7ncRTIETkmp8QlF6RKbkmdNAgnKXkmr+TNerJerHfrY966YuUzJfJH1ucPoJSUuw==</latexit><latexit sha1_base64="+2OoeZ6PdFKYULKVzrCbNYTvn9g=">AAAB/HicbZDLSgNBEEV7fMb4Gs3STWMQXIUZEXQZDYjLCOYByRB6OpWkSc+D7hpxGOKvuHGhiFs/xJ1/YyeZhSZeaDjcqqKqrx9LodFxvq2V1bX1jc3CVnF7Z3dv3z44bOooURwaPJKRavtMgxQhNFCghHasgAW+hJY/rk3rrQdQWkThPaYxeAEbhmIgOENj9exSF+ERsybIiAtM6VXtZtKzy07FmYkug5tDmeSq9+yvbj/iSQAhcsm07rhOjF7GFAouYVLsJhpixsdsCB2DIQtAe9ns+Ak9MU6fDiJlXoh05v6eyFigdRr4pjNgONKLtan5X62T4ODSy0QYJwghny8aJJJiRKdJ0L5QwFGmBhhXwtxK+YgpxtHkVTQhuItfXobmWcU1fHderl7ncRTIETkmp8QlF6RKbkmdNAgnKXkmr+TNerJerHfrY966YuUzJfJH1ucPoJSUuw==</latexit>

⌧(min)
<latexit sha1_base64="lpjFcBh2J+GI5zp4yeRf6qwbXck=">AAAB+nicbZDLSgMxFIYzXmu9TXXpJliEuikzIuiy6MZlBXuBdiiZNNOGJpkhOaOWsY/ixoUibn0Sd76NaTsLbf0h8PGfczgnf5gIbsDzvp2V1bX1jc3CVnF7Z3dv3y0dNE2casoaNBaxbofEMMEVawAHwdqJZkSGgrXC0fW03rpn2vBY3cE4YYEkA8UjTglYq+eWukBSXOkCe4RMcjU57bllr+rNhJfBz6GMctV77le3H9NUMgVUEGM6vpdAkBENnAo2KXZTwxJCR2TAOhYVkcwE2ez0CT6xTh9HsbZPAZ65vycyIo0Zy9B2SgJDs1ibmv/VOilEl0HGVZICU3S+KEoFhhhPc8B9rhkFMbZAqOb2VkyHRBMKNq2iDcFf/PIyNM+qvuXb83LtKo+jgI7QMaogH12gGrpBddRAFD2gZ/SK3pwn58V5dz7mrStOPnOI/sj5/AHyiJPJ</latexit><latexit sha1_base64="lpjFcBh2J+GI5zp4yeRf6qwbXck=">AAAB+nicbZDLSgMxFIYzXmu9TXXpJliEuikzIuiy6MZlBXuBdiiZNNOGJpkhOaOWsY/ixoUibn0Sd76NaTsLbf0h8PGfczgnf5gIbsDzvp2V1bX1jc3CVnF7Z3dv3y0dNE2casoaNBaxbofEMMEVawAHwdqJZkSGgrXC0fW03rpn2vBY3cE4YYEkA8UjTglYq+eWukBSXOkCe4RMcjU57bllr+rNhJfBz6GMctV77le3H9NUMgVUEGM6vpdAkBENnAo2KXZTwxJCR2TAOhYVkcwE2ez0CT6xTh9HsbZPAZ65vycyIo0Zy9B2SgJDs1ibmv/VOilEl0HGVZICU3S+KEoFhhhPc8B9rhkFMbZAqOb2VkyHRBMKNq2iDcFf/PIyNM+qvuXb83LtKo+jgI7QMaogH12gGrpBddRAFD2gZ/SK3pwn58V5dz7mrStOPnOI/sj5/AHyiJPJ</latexit><latexit sha1_base64="lpjFcBh2J+GI5zp4yeRf6qwbXck=">AAAB+nicbZDLSgMxFIYzXmu9TXXpJliEuikzIuiy6MZlBXuBdiiZNNOGJpkhOaOWsY/ixoUibn0Sd76NaTsLbf0h8PGfczgnf5gIbsDzvp2V1bX1jc3CVnF7Z3dv3y0dNE2casoaNBaxbofEMMEVawAHwdqJZkSGgrXC0fW03rpn2vBY3cE4YYEkA8UjTglYq+eWukBSXOkCe4RMcjU57bllr+rNhJfBz6GMctV77le3H9NUMgVUEGM6vpdAkBENnAo2KXZTwxJCR2TAOhYVkcwE2ez0CT6xTh9HsbZPAZ65vycyIo0Zy9B2SgJDs1ibmv/VOilEl0HGVZICU3S+KEoFhhhPc8B9rhkFMbZAqOb2VkyHRBMKNq2iDcFf/PIyNM+qvuXb83LtKo+jgI7QMaogH12gGrpBddRAFD2gZ/SK3pwn58V5dz7mrStOPnOI/sj5/AHyiJPJ</latexit><latexit sha1_base64="lpjFcBh2J+GI5zp4yeRf6qwbXck=">AAAB+nicbZDLSgMxFIYzXmu9TXXpJliEuikzIuiy6MZlBXuBdiiZNNOGJpkhOaOWsY/ixoUibn0Sd76NaTsLbf0h8PGfczgnf5gIbsDzvp2V1bX1jc3CVnF7Z3dv3y0dNE2casoaNBaxbofEMMEVawAHwdqJZkSGgrXC0fW03rpn2vBY3cE4YYEkA8UjTglYq+eWukBSXOkCe4RMcjU57bllr+rNhJfBz6GMctV77le3H9NUMgVUEGM6vpdAkBENnAo2KXZTwxJCR2TAOhYVkcwE2ez0CT6xTh9HsbZPAZ65vycyIo0Zy9B2SgJDs1ibmv/VOilEl0HGVZICU3S+KEoFhhhPc8B9rhkFMbZAqOb2VkyHRBMKNq2iDcFf/PIyNM+qvuXb83LtKo+jgI7QMaogH12gGrpBddRAFD2gZ/SK3pwn58V5dz7mrStOPnOI/sj5/AHyiJPJ</latexit>

Nigericin Concentration(µM)
<latexit sha1_base64="DOjIsGvzwF7TL/1k68V+Q8nRL38=">AAACFHicbVDLSgMxFM3UV62vqks3wSJUhDIjgi6L3bhRKtgHtKVk0ts2NJMZkjtiGfoRbvwVNy4UcevCnX9j+lho64HA4Zxzk9zjR1IYdN1vJ7W0vLK6ll7PbGxube9kd/eqJow1hwoPZajrPjMghYIKCpRQjzSwwJdQ8welsV+7B21EqO5wGEErYD0luoIztFI7e9JEeMDkRvRACy4ULYWKg0I98Uf5ZhBPE9ej43Y25xbcCegi8WYkR2Yot7NfzU7I48DexyUzpuG5EbYSplFwCaNMMzYQMT5gPWhYqlgAppVMlhrRI6t0aDfU9iikE/X3RMICY4aBb5MBw76Z98bif14jxu5FKxEqihEUnz7UjSXFkI4boh2hgaMcWsK4FvavlPeZZhxtjxlbgje/8iKpnhY8y2/PcsXLWR1pckAOSZ545JwUyRUpkwrh5JE8k1fy5jw5L8678zGNppzZzD75A+fzBxt8n3Y=</latexit><latexit sha1_base64="DOjIsGvzwF7TL/1k68V+Q8nRL38=">AAACFHicbVDLSgMxFM3UV62vqks3wSJUhDIjgi6L3bhRKtgHtKVk0ts2NJMZkjtiGfoRbvwVNy4UcevCnX9j+lho64HA4Zxzk9zjR1IYdN1vJ7W0vLK6ll7PbGxube9kd/eqJow1hwoPZajrPjMghYIKCpRQjzSwwJdQ8welsV+7B21EqO5wGEErYD0luoIztFI7e9JEeMDkRvRACy4ULYWKg0I98Uf5ZhBPE9ej43Y25xbcCegi8WYkR2Yot7NfzU7I48DexyUzpuG5EbYSplFwCaNMMzYQMT5gPWhYqlgAppVMlhrRI6t0aDfU9iikE/X3RMICY4aBb5MBw76Z98bif14jxu5FKxEqihEUnz7UjSXFkI4boh2hgaMcWsK4FvavlPeZZhxtjxlbgje/8iKpnhY8y2/PcsXLWR1pckAOSZ545JwUyRUpkwrh5JE8k1fy5jw5L8678zGNppzZzD75A+fzBxt8n3Y=</latexit><latexit sha1_base64="DOjIsGvzwF7TL/1k68V+Q8nRL38=">AAACFHicbVDLSgMxFM3UV62vqks3wSJUhDIjgi6L3bhRKtgHtKVk0ts2NJMZkjtiGfoRbvwVNy4UcevCnX9j+lho64HA4Zxzk9zjR1IYdN1vJ7W0vLK6ll7PbGxube9kd/eqJow1hwoPZajrPjMghYIKCpRQjzSwwJdQ8welsV+7B21EqO5wGEErYD0luoIztFI7e9JEeMDkRvRACy4ULYWKg0I98Uf5ZhBPE9ej43Y25xbcCegi8WYkR2Yot7NfzU7I48DexyUzpuG5EbYSplFwCaNMMzYQMT5gPWhYqlgAppVMlhrRI6t0aDfU9iikE/X3RMICY4aBb5MBw76Z98bif14jxu5FKxEqihEUnz7UjSXFkI4boh2hgaMcWsK4FvavlPeZZhxtjxlbgje/8iKpnhY8y2/PcsXLWR1pckAOSZ545JwUyRUpkwrh5JE8k1fy5jw5L8678zGNppzZzD75A+fzBxt8n3Y=</latexit><latexit sha1_base64="DOjIsGvzwF7TL/1k68V+Q8nRL38=">AAACFHicbVDLSgMxFM3UV62vqks3wSJUhDIjgi6L3bhRKtgHtKVk0ts2NJMZkjtiGfoRbvwVNy4UcevCnX9j+lho64HA4Zxzk9zjR1IYdN1vJ7W0vLK6ll7PbGxube9kd/eqJow1hwoPZajrPjMghYIKCpRQjzSwwJdQ8welsV+7B21EqO5wGEErYD0luoIztFI7e9JEeMDkRvRACy4ULYWKg0I98Uf5ZhBPE9ej43Y25xbcCegi8WYkR2Yot7NfzU7I48DexyUzpuG5EbYSplFwCaNMMzYQMT5gPWhYqlgAppVMlhrRI6t0aDfU9iikE/X3RMICY4aBb5MBw76Z98bif14jxu5FKxEqihEUnz7UjSXFkI4boh2hgaMcWsK4FvavlPeZZhxtjxlbgje/8iKpnhY8y2/PcsXLWR1pckAOSZ545JwUyRUpkwrh5JE8k1fy5jw5L8678zGNppzZzD75A+fzBxt8n3Y=</latexit>

Nigericin Concentration(µM)
<latexit sha1_base64="DOjIsGvzwF7TL/1k68V+Q8nRL38=">AAACFHicbVDLSgMxFM3UV62vqks3wSJUhDIjgi6L3bhRKtgHtKVk0ts2NJMZkjtiGfoRbvwVNy4UcevCnX9j+lho64HA4Zxzk9zjR1IYdN1vJ7W0vLK6ll7PbGxube9kd/eqJow1hwoPZajrPjMghYIKCpRQjzSwwJdQ8welsV+7B21EqO5wGEErYD0luoIztFI7e9JEeMDkRvRACy4ULYWKg0I98Uf5ZhBPE9ej43Y25xbcCegi8WYkR2Yot7NfzU7I48DexyUzpuG5EbYSplFwCaNMMzYQMT5gPWhYqlgAppVMlhrRI6t0aDfU9iikE/X3RMICY4aBb5MBw76Z98bif14jxu5FKxEqihEUnz7UjSXFkI4boh2hgaMcWsK4FvavlPeZZhxtjxlbgje/8iKpnhY8y2/PcsXLWR1pckAOSZ545JwUyRUpkwrh5JE8k1fy5jw5L8678zGNppzZzD75A+fzBxt8n3Y=</latexit><latexit sha1_base64="DOjIsGvzwF7TL/1k68V+Q8nRL38=">AAACFHicbVDLSgMxFM3UV62vqks3wSJUhDIjgi6L3bhRKtgHtKVk0ts2NJMZkjtiGfoRbvwVNy4UcevCnX9j+lho64HA4Zxzk9zjR1IYdN1vJ7W0vLK6ll7PbGxube9kd/eqJow1hwoPZajrPjMghYIKCpRQjzSwwJdQ8welsV+7B21EqO5wGEErYD0luoIztFI7e9JEeMDkRvRACy4ULYWKg0I98Uf5ZhBPE9ej43Y25xbcCegi8WYkR2Yot7NfzU7I48DexyUzpuG5EbYSplFwCaNMMzYQMT5gPWhYqlgAppVMlhrRI6t0aDfU9iikE/X3RMICY4aBb5MBw76Z98bif14jxu5FKxEqihEUnz7UjSXFkI4boh2hgaMcWsK4FvavlPeZZhxtjxlbgje/8iKpnhY8y2/PcsXLWR1pckAOSZ545JwUyRUpkwrh5JE8k1fy5jw5L8678zGNppzZzD75A+fzBxt8n3Y=</latexit><latexit sha1_base64="DOjIsGvzwF7TL/1k68V+Q8nRL38=">AAACFHicbVDLSgMxFM3UV62vqks3wSJUhDIjgi6L3bhRKtgHtKVk0ts2NJMZkjtiGfoRbvwVNy4UcevCnX9j+lho64HA4Zxzk9zjR1IYdN1vJ7W0vLK6ll7PbGxube9kd/eqJow1hwoPZajrPjMghYIKCpRQjzSwwJdQ8welsV+7B21EqO5wGEErYD0luoIztFI7e9JEeMDkRvRACy4ULYWKg0I98Uf5ZhBPE9ej43Y25xbcCegi8WYkR2Yot7NfzU7I48DexyUzpuG5EbYSplFwCaNMMzYQMT5gPWhYqlgAppVMlhrRI6t0aDfU9iikE/X3RMICY4aBb5MBw76Z98bif14jxu5FKxEqihEUnz7UjSXFkI4boh2hgaMcWsK4FvavlPeZZhxtjxlbgje/8iKpnhY8y2/PcsXLWR1pckAOSZ545JwUyRUpkwrh5JE8k1fy5jw5L8678zGNppzZzD75A+fzBxt8n3Y=</latexit><latexit sha1_base64="DOjIsGvzwF7TL/1k68V+Q8nRL38=">AAACFHicbVDLSgMxFM3UV62vqks3wSJUhDIjgi6L3bhRKtgHtKVk0ts2NJMZkjtiGfoRbvwVNy4UcevCnX9j+lho64HA4Zxzk9zjR1IYdN1vJ7W0vLK6ll7PbGxube9kd/eqJow1hwoPZajrPjMghYIKCpRQjzSwwJdQ8welsV+7B21EqO5wGEErYD0luoIztFI7e9JEeMDkRvRACy4ULYWKg0I98Uf5ZhBPE9ej43Y25xbcCegi8WYkR2Yot7NfzU7I48DexyUzpuG5EbYSplFwCaNMMzYQMT5gPWhYqlgAppVMlhrRI6t0aDfU9iikE/X3RMICY4aBb5MBw76Z98bif14jxu5FKxEqihEUnz7UjSXFkI4boh2hgaMcWsK4FvavlPeZZhxtjxlbgje/8iKpnhY8y2/PcsXLWR1pckAOSZ545JwUyRUpkwrh5JE8k1fy5jw5L8678zGNppzZzD75A+fzBxt8n3Y=</latexit>
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FIG. S2. Isolated cell tracking. (A) Ten example tracking of isolated ∆FrzE cells. Each track starts at position (0, 0). (B)
Average velocity autocorrelation function (ACF) for WT (blue, N=29) and ∆FrzE (red, N=32) in absence of nigericin. The
rotational diffusion constant Deff

r is equal to the temporal decay constant calculated from the fit to a single exponential function
(solid lines). (C) Speed of ∆FrzE cells in the presence of various nigericin concentrations. ∼30 cells are used to calculated
each average and standard error. (D) Rotational diffusion coefficient of the non-reversing mutant calculated at each nigericin
concentration.

autocorrelation functions. Upper and lower bond of the shaded uncertainty area were calculated as one standard
error of the mean when considering uncertainty in v and Deff

r .

To study cell motility in dense populations where phase separation occurred, we mixed fluorescently-labeled cells
with unlabeled cells at ratio of 1:400 and tracked the fluorescent signal over time. Both wild-type and ∆FrzE cells
were labeled with Alexa Fluor 594 carboxylic acid succinimidyl ester. To stain cells, cells were grown to mid-log
phase, harvested by centrifugation and resuspended in MC7 buffer. 2 µl of dye (10 mg/ml, dissolved in DMSO) and
5µL of 1M NaHCO2 were added to 100 µl of cells and shaken vigorously at 100 RPM for 1 hour in the dark at
room temperature. Cells were then pelleted by centrifugation, washed 3 times in TPM and microscopically examined.
Fluorescent microscopy images were taken at a rate of one frame per minute for the first 15 min in each hour to
minimize the amount of laser exposure for cells. Experiments lasted 11 hours in total. Fluorescent cells were tracked
using a particle tracking algorithm developed by Crocker, Grier and Weeks [40], and cell velocity was calculated in
the same manner as for the high magnification movies. Detailed speed distributions for WT and ∆FrzE are shown in
Figure S3.

We calculate directional reversals by examining changes in cell velocity. A reversal event in both tracking methods
was recorded when the two-dimensional dot product of the velocity vectors between two successive time points was
negative. We counted the number of reversal events for each bacterium during the length of its track to calculate its
reversal frequency, and then averaged the reversal frequency for all tracked cells. This analysis was done separately
for each hour for the duration of an experiment to estimate the change in frev over time. We do not include the
reversal frequencies from the first hour of the experiments shown in Fig. 4B because cell speed is very low during this
time and we overestimate the reversal frequencies due to tracking noise.

At high cell densities, it is experimentally difficult to break up cell clumps that have formed in the liquid culture.
Thus, at the beginning of a movie we sometimes see isolated clumps of cells that are not fruiting bodies and which
dissolve within the first hour of experiment as cells migrate out of them. The locations of these cell clumps are
uncorrelated with the eventual positions of the aggregates and fruiting bodies, and we conclude that clumps are
unrelated to fruiting body formation.
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FIG. S3. Speed distributions for wild-type (blue) and the non-reversing mutant (red). Mean values are indicated with a black
line; median values with a red line.
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FIG. S4. Distribution of reversal frequencies for wild-type cells in groups at high density (blue) and in isolation at low density
(red). Wild-type M. xanthus cells do not show significantly different reversal frequency in isolation versus in groups. The mean
reversal frequency for isolated cells is 6.28±1.49 h−1 and for cells in groups is 8.58±2.36 h−1. Kolmogorov-Smirnov test yields
p = 0.10

.
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C. Simulation details and parameters

Each reversing ABP is modeled as a disk of radius a, with dynamics governed by over-damped Langevin equations
of motion (Fig. S5),

ṙi = v0κi(t)n̂i + µ
∑
j

F ij , θ̇i =
√

2Dr ηi(t) , (S1)

where ri and n̂i = (cos θi, sin θi) are the position and orientation of the ith disk. (S1) describes the velocity of the
ith particle as a function of its self-propulsion and steric interactions. The direction of self-propulsion is updated
stochastically according to a random torque ηi(t) of unit variance. In (S1) We modify the standard ABP model
by incorporating directional reversals through a function κi(t), which takes the values ±1, changing sign at times
given by a Poisson process with a mean reversal frequency frev. The force F ij is purely repulsive and represents
an excluded-volume interaction. We use a harmonic potential, with F ij = k(2a − rij)r̂ij for r < 2a and Fij = 0
otherwise, where r̂ij = ri − rj/|ri − rj |

Fjk

a
-Fjk

�jk

i
j

k

iv0n̂i

t
FIG. S5. Schematic of a minimal reversing ABP model.

We simulated Equation (S1) using a standard Brownian Dynamics algorithm in an L×L box with periodic boundary
conditions. In all cases, we use k = µ = 1 so the interaction timescale τD = (µk)−1 sets the unit time and we use
the particle radius a as the unit of length (a = 1). To prevent particles from passing through each other, we set
v0 = (aµk)/100. We fix the packing fraction φ = Nπa2/L2, which sets the total number of particles, N . The
rotational diffusion Dr and the reversal frequency frev are varied to obtain the desired Pe−1

r .
The integration timestep ∆t has to be kept very small with respect to τr = 1/Deff

r , which, together with our choice
of a smooth spring potential for the repulsion, means that the particle positions can be safely updated with a simple
Euler method. There are two choices for the reversals. One option is to consider them in an event-driven way, i.e.,
generate a reversal time trev from a Poisson distribution with λ = 1/frev and then integrate until time trev is reached,
at which point the orientation of the velocity is reversed and a new trev is generated. However, since ∆t� 1/frev we
have instead checked for reversals at each time step (i.e., changing the sign of the velocity with probability ∆tfrev).
This method is, in principle, marginally less efficient, since it requires more random numbers, but this operation is
computationally negligible compared with the evaluation of particle forces. Finally, in order to represent the rotational
diffusion one only has to evaluate θi(t + ∆t) = θi(t) + ζi(t), where ζi is a Gaussian random variable with zero mean
and σ =

√
2Dr∆t.

For each set of parameters, we average over 10–100 runs and use a jackknife method [27, 41] to estimate statistical
errors. In order to compute the length scale L(t) and its coarsening exponent (Fig. 1D) we used a large system
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size with L = 1000, Pe−1
r = 0.01 and a packing fraction of φ = 0.5 (N = 159, 154 particles), averaging over 100

independent runs. For other quantities we did not need such a large system size. The phase diagram was computed
on systems with L = 200 (10 runs for each set of parameters).
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FIG. S6. MSD for finite simulation densities. Collisions reduce the particles’ displacement, but the crossover from ballistic to
diffusive motion is still controlled by τ−1

r .

D. Measuring L(t)

We estimated local density in our movies as the intensity of measured light intensity at each pixel, where density has
an inverse relationship with light intensity (darker is more dense). For cases of nucleation and growth in wild-type M.
xanthus, L(t) was measured as the averaged over 7 individual fruiting bodies. Time t = 0 for each fruiting body was
estimated when the nuclei was first visible. For cases of spinodal decomposition, we calculated the radial component
of the Fourier transform of each frame as the experimental S(k) distribution. The radial Fourier transform was then
fit to the sum of a Gaussian function and an exponential decay to account for the inhomogeneous lighting effects in
the experiments. In our analysis, we fitted conditions where no visible M. xanthus structures were visible and found
that the decay constant in the exponential function has a length scale = 358.3µm. This constant was then fixed for
all other experiments and the mean wave number extracted from the Gaussian function was taken to be the inverse
of the dominant length scale in each frame. For shorter times (< 100 min), it is difficult to pick out a distinctive peak
position from the Fourier transform. Thus we only present scaling form t/τr > 10. Non-reversing cell populations
also coarsen upon starvation with the same temporal scaling as the wild-type, although this only occurs for a short
time as these droplets are unstable (Fig. S7).

In simulations, we discretize the system by dividing it into bins with width equal to the particle radius a and assigne
a binary 1 or 0 value to each bin depending on whether or not a particle is centered in it. In order to reduce noise, the
resulting density distribution is averaged over exponentially increasing temporal bins [27]. The FFT is then computed
in 2D to produce the structure factor S(k, t) (Fig. S8). The average length scale was calculated from the first moment
of S(k, t)

L(t) =

∫ kmax

2π/NFFT
S(k, t) dk∫ kmax

2π/NFFT
kS(k, t) dk

, (S2)
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FIG. S7. Coarsening behavior of non-reversing mutant. Similar scaling to wild-type (Fig.1D) is found, with an exponent of
α∆FrzE = 0.27± 0.02. Time is rescaled as described with τr = 10 min.
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FIG. S8. Static structure factor calculated for time intervals used to produce L(t) (φ = 0.5,Pe−1
r = 0.01, L = 103). This is

an example of spinodal phase decomposition, where this distribution is expected to tighten around smaller k as dense regions
coarsen with time.

where kmax is chosen to exclude noisy, high-frequency modes and sample the mean of the lowest-wavenumber peak in
S(k). We use a jackknife method [27, 41] to estimate errors.
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E. Distinguishing phase behavior
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6.25⇥ 107cells/mL
<latexit sha1_base64="Lpteffd0X2HnIdd2YKcyiPX7vHU=">AAACCXicbZC7SgNBFIZnvcZ4W7W0GQyCVdwNaiyDNhYWEcwFkhhmJyfJkNkLM2fFsGxr46vYWChi6xvY+TZOLoUm/jDw8Z9zOHN+L5JCo+N8WwuLS8srq5m17PrG5ta2vbNb1WGsOFR4KENV95gGKQKooEAJ9UgB8z0JNW9wOarX7kFpEQa3OIyg5bNeILqCMzRW26Zn+cJpE4UP2nXukmJKmwgPmHCQUh/712nbzjl5Zyw6D+4UcmSqctv+anZCHvsQIJdM64brRNhKmELBJaTZZqwhYnzAetAwGDCzupWML0npoXE6tBsq8wKkY/f3RMJ8rYe+Zzp9hn09WxuZ/9UaMXbPW4kIohgh4JNF3VhSDOkoFtoRCjjKoQHGlTB/pbzPFONowsuaENzZk+ehWsi7hm9OcqWLaRwZsk8OyBFxSZGUyBUpkwrh5JE8k1fyZj1ZL9a79TFpXbCmM3vkj6zPHxmVmVY=</latexit><latexit sha1_base64="Lpteffd0X2HnIdd2YKcyiPX7vHU=">AAACCXicbZC7SgNBFIZnvcZ4W7W0GQyCVdwNaiyDNhYWEcwFkhhmJyfJkNkLM2fFsGxr46vYWChi6xvY+TZOLoUm/jDw8Z9zOHN+L5JCo+N8WwuLS8srq5m17PrG5ta2vbNb1WGsOFR4KENV95gGKQKooEAJ9UgB8z0JNW9wOarX7kFpEQa3OIyg5bNeILqCMzRW26Zn+cJpE4UP2nXukmJKmwgPmHCQUh/712nbzjl5Zyw6D+4UcmSqctv+anZCHvsQIJdM64brRNhKmELBJaTZZqwhYnzAetAwGDCzupWML0npoXE6tBsq8wKkY/f3RMJ8rYe+Zzp9hn09WxuZ/9UaMXbPW4kIohgh4JNF3VhSDOkoFtoRCjjKoQHGlTB/pbzPFONowsuaENzZk+ehWsi7hm9OcqWLaRwZsk8OyBFxSZGUyBUpkwrh5JE8k1fyZj1ZL9a79TFpXbCmM3vkj6zPHxmVmVY=</latexit><latexit sha1_base64="Lpteffd0X2HnIdd2YKcyiPX7vHU=">AAACCXicbZC7SgNBFIZnvcZ4W7W0GQyCVdwNaiyDNhYWEcwFkhhmJyfJkNkLM2fFsGxr46vYWChi6xvY+TZOLoUm/jDw8Z9zOHN+L5JCo+N8WwuLS8srq5m17PrG5ta2vbNb1WGsOFR4KENV95gGKQKooEAJ9UgB8z0JNW9wOarX7kFpEQa3OIyg5bNeILqCMzRW26Zn+cJpE4UP2nXukmJKmwgPmHCQUh/712nbzjl5Zyw6D+4UcmSqctv+anZCHvsQIJdM64brRNhKmELBJaTZZqwhYnzAetAwGDCzupWML0npoXE6tBsq8wKkY/f3RMJ8rYe+Zzp9hn09WxuZ/9UaMXbPW4kIohgh4JNF3VhSDOkoFtoRCjjKoQHGlTB/pbzPFONowsuaENzZk+ehWsi7hm9OcqWLaRwZsk8OyBFxSZGUyBUpkwrh5JE8k1fyZj1ZL9a79TFpXbCmM3vkj6zPHxmVmVY=</latexit><latexit sha1_base64="Lpteffd0X2HnIdd2YKcyiPX7vHU=">AAACCXicbZC7SgNBFIZnvcZ4W7W0GQyCVdwNaiyDNhYWEcwFkhhmJyfJkNkLM2fFsGxr46vYWChi6xvY+TZOLoUm/jDw8Z9zOHN+L5JCo+N8WwuLS8srq5m17PrG5ta2vbNb1WGsOFR4KENV95gGKQKooEAJ9UgB8z0JNW9wOarX7kFpEQa3OIyg5bNeILqCMzRW26Zn+cJpE4UP2nXukmJKmwgPmHCQUh/712nbzjl5Zyw6D+4UcmSqctv+anZCHvsQIJdM64brRNhKmELBJaTZZqwhYnzAetAwGDCzupWML0npoXE6tBsq8wKkY/f3RMJ8rYe+Zzp9hn09WxuZ/9UaMXbPW4kIohgh4JNF3VhSDOkoFtoRCjjKoQHGlTB/pbzPFONowsuaENzZk+ehWsi7hm9OcqWLaRwZsk8OyBFxSZGUyBUpkwrh5JE8k1fyZj1ZL9a79TFpXbCmM3vkj6zPHxmVmVY=</latexit>

2.5⇥ 108cells/mL
<latexit sha1_base64="5PpaZnqEAJjNP/Ahhj8Z53IXiwg=">AAACCHicbZC7SgNBFIZnvcZ4i1paOBgEq7gbFFMGbSwsIpgLJDHMTs4mQ2YvzJwVw7Klja9iY6GIrY9g59s4uRSa+MPAx3/O4cz53UgKjbb9bS0sLi2vrGbWsusbm1vbuZ3dmg5jxaHKQxmqhss0SBFAFQVKaEQKmO9KqLuDy1G9fg9KizC4xWEEbZ/1AuEJztBYndxBsXDWQuGDduy7pJTSFsIDJhyk1Cf+ddrJ5e2CPRadB2cKeTJVpZP7anVDHvsQIJdM66ZjR9hOmELBJaTZVqwhYnzAetA0GDCzup2MD0npkXG61AuVeQHSsft7ImG+1kPfNZ0+w76erY3M/2rNGL1SOxFBFCMEfLLIiyXFkI5SoV2hgKMcGmBcCfNXyvtMMY4mu6wJwZk9eR5qxYJj+OY0X76YxpEh++SQHBOHnJMyuSIVUiWcPJJn8krerCfrxXq3PiatC9Z0Zo/8kfX5A51+mRc=</latexit><latexit sha1_base64="5PpaZnqEAJjNP/Ahhj8Z53IXiwg=">AAACCHicbZC7SgNBFIZnvcZ4i1paOBgEq7gbFFMGbSwsIpgLJDHMTs4mQ2YvzJwVw7Klja9iY6GIrY9g59s4uRSa+MPAx3/O4cz53UgKjbb9bS0sLi2vrGbWsusbm1vbuZ3dmg5jxaHKQxmqhss0SBFAFQVKaEQKmO9KqLuDy1G9fg9KizC4xWEEbZ/1AuEJztBYndxBsXDWQuGDduy7pJTSFsIDJhyk1Cf+ddrJ5e2CPRadB2cKeTJVpZP7anVDHvsQIJdM66ZjR9hOmELBJaTZVqwhYnzAetA0GDCzup2MD0npkXG61AuVeQHSsft7ImG+1kPfNZ0+w76erY3M/2rNGL1SOxFBFCMEfLLIiyXFkI5SoV2hgKMcGmBcCfNXyvtMMY4mu6wJwZk9eR5qxYJj+OY0X76YxpEh++SQHBOHnJMyuSIVUiWcPJJn8krerCfrxXq3PiatC9Z0Zo/8kfX5A51+mRc=</latexit><latexit sha1_base64="5PpaZnqEAJjNP/Ahhj8Z53IXiwg=">AAACCHicbZC7SgNBFIZnvcZ4i1paOBgEq7gbFFMGbSwsIpgLJDHMTs4mQ2YvzJwVw7Klja9iY6GIrY9g59s4uRSa+MPAx3/O4cz53UgKjbb9bS0sLi2vrGbWsusbm1vbuZ3dmg5jxaHKQxmqhss0SBFAFQVKaEQKmO9KqLuDy1G9fg9KizC4xWEEbZ/1AuEJztBYndxBsXDWQuGDduy7pJTSFsIDJhyk1Cf+ddrJ5e2CPRadB2cKeTJVpZP7anVDHvsQIJdM66ZjR9hOmELBJaTZVqwhYnzAetA0GDCzup2MD0npkXG61AuVeQHSsft7ImG+1kPfNZ0+w76erY3M/2rNGL1SOxFBFCMEfLLIiyXFkI5SoV2hgKMcGmBcCfNXyvtMMY4mu6wJwZk9eR5qxYJj+OY0X76YxpEh++SQHBOHnJMyuSIVUiWcPJJn8krerCfrxXq3PiatC9Z0Zo/8kfX5A51+mRc=</latexit><latexit sha1_base64="5PpaZnqEAJjNP/Ahhj8Z53IXiwg=">AAACCHicbZC7SgNBFIZnvcZ4i1paOBgEq7gbFFMGbSwsIpgLJDHMTs4mQ2YvzJwVw7Klja9iY6GIrY9g59s4uRSa+MPAx3/O4cz53UgKjbb9bS0sLi2vrGbWsusbm1vbuZ3dmg5jxaHKQxmqhss0SBFAFQVKaEQKmO9KqLuDy1G9fg9KizC4xWEEbZ/1AuEJztBYndxBsXDWQuGDduy7pJTSFsIDJhyk1Cf+ddrJ5e2CPRadB2cKeTJVpZP7anVDHvsQIJdM66ZjR9hOmELBJaTZVqwhYnzAetA0GDCzup2MD0npkXG61AuVeQHSsft7ImG+1kPfNZ0+w76erY3M/2rNGL1SOxFBFCMEfLLIiyXFkI5SoV2hgKMcGmBcCfNXyvtMMY4mu6wJwZk9eR5qxYJj+OY0X76YxpEh++SQHBOHnJMyuSIVUiWcPJJn8krerCfrxXq3PiatC9Z0Zo/8kfX5A51+mRc=</latexit>

1⇥ 109cells/mL
<latexit sha1_base64="Gt5csqFb2+XhB68B9iPw62tsAbg=">AAACBnicbZC7SgNBFIZnvcZ4W7UUYTAIVnFXBLUL2lhYRDAXyMYwOzlJhsxemDkrhmUrG1/FxkIRW5/Bzrdxcik08YeBj/+cw5nz+7EUGh3n25qbX1hcWs6t5FfX1jc27a3tqo4SxaHCIxmpus80SBFCBQVKqMcKWOBLqPn9y2G9dg9Kiyi8xUEMzYB1Q9ERnKGxWvae66EIQLvOXXqeUQ/hAVMOUuqj4Dpr2QWn6IxEZ8GdQIFMVG7ZX1474kkAIXLJtG64TozNlCkUXEKW9xINMeN91oWGwZCZ1c10dEZGD4zTpp1ImRciHbm/J1IWaD0IfNMZMOzp6drQ/K/WSLBz1kxFGCcIIR8v6iSSYkSHmdC2UMBRDgwwroT5K+U9phhHk1zehOBOnzwL1eOia/jmpFC6mMSRI7tknxwSl5ySErkiZVIhnDySZ/JK3qwn68V6tz7GrXPWZGaH/JH1+QOxepig</latexit><latexit sha1_base64="Gt5csqFb2+XhB68B9iPw62tsAbg=">AAACBnicbZC7SgNBFIZnvcZ4W7UUYTAIVnFXBLUL2lhYRDAXyMYwOzlJhsxemDkrhmUrG1/FxkIRW5/Bzrdxcik08YeBj/+cw5nz+7EUGh3n25qbX1hcWs6t5FfX1jc27a3tqo4SxaHCIxmpus80SBFCBQVKqMcKWOBLqPn9y2G9dg9Kiyi8xUEMzYB1Q9ERnKGxWvae66EIQLvOXXqeUQ/hAVMOUuqj4Dpr2QWn6IxEZ8GdQIFMVG7ZX1474kkAIXLJtG64TozNlCkUXEKW9xINMeN91oWGwZCZ1c10dEZGD4zTpp1ImRciHbm/J1IWaD0IfNMZMOzp6drQ/K/WSLBz1kxFGCcIIR8v6iSSYkSHmdC2UMBRDgwwroT5K+U9phhHk1zehOBOnzwL1eOia/jmpFC6mMSRI7tknxwSl5ySErkiZVIhnDySZ/JK3qwn68V6tz7GrXPWZGaH/JH1+QOxepig</latexit><latexit sha1_base64="Gt5csqFb2+XhB68B9iPw62tsAbg=">AAACBnicbZC7SgNBFIZnvcZ4W7UUYTAIVnFXBLUL2lhYRDAXyMYwOzlJhsxemDkrhmUrG1/FxkIRW5/Bzrdxcik08YeBj/+cw5nz+7EUGh3n25qbX1hcWs6t5FfX1jc27a3tqo4SxaHCIxmpus80SBFCBQVKqMcKWOBLqPn9y2G9dg9Kiyi8xUEMzYB1Q9ERnKGxWvae66EIQLvOXXqeUQ/hAVMOUuqj4Dpr2QWn6IxEZ8GdQIFMVG7ZX1474kkAIXLJtG64TozNlCkUXEKW9xINMeN91oWGwZCZ1c10dEZGD4zTpp1ImRciHbm/J1IWaD0IfNMZMOzp6drQ/K/WSLBz1kxFGCcIIR8v6iSSYkSHmdC2UMBRDgwwroT5K+U9phhHk1zehOBOnzwL1eOia/jmpFC6mMSRI7tknxwSl5ySErkiZVIhnDySZ/JK3qwn68V6tz7GrXPWZGaH/JH1+QOxepig</latexit><latexit sha1_base64="Gt5csqFb2+XhB68B9iPw62tsAbg=">AAACBnicbZC7SgNBFIZnvcZ4W7UUYTAIVnFXBLUL2lhYRDAXyMYwOzlJhsxemDkrhmUrG1/FxkIRW5/Bzrdxcik08YeBj/+cw5nz+7EUGh3n25qbX1hcWs6t5FfX1jc27a3tqo4SxaHCIxmpus80SBFCBQVKqMcKWOBLqPn9y2G9dg9Kiyi8xUEMzYB1Q9ERnKGxWvae66EIQLvOXXqeUQ/hAVMOUuqj4Dpr2QWn6IxEZ8GdQIFMVG7ZX1474kkAIXLJtG64TozNlCkUXEKW9xINMeN91oWGwZCZ1c10dEZGD4zTpp1ImRciHbm/J1IWaD0IfNMZMOzp6drQ/K/WSLBz1kxFGCcIIR8v6iSSYkSHmdC2UMBRDgwwroT5K+U9phhHk1zehOBOnzwL1eOia/jmpFC6mMSRI7tknxwSl5ySErkiZVIhnDySZ/JK3qwn68V6tz7GrXPWZGaH/JH1+QOxepig</latexit>

3⇥ 109cells/mL
<latexit sha1_base64="oXS5Ru7+oevmIfyZ/tl0gjplkks=">AAACBnicbZC7SgNBFIZn4y3GW9RShMEgWMVdFdQuaGNhEcFcIBvD7OQkGTJ7YeasGJZUNr6KjYUitj6DnW/jJNlCE38Y+PjPOZw5vxdJodG2v63M3PzC4lJ2Obeyura+kd/cquowVhwqPJShqntMgxQBVFCghHqkgPmehJrXvxzVa/egtAiDWxxE0PRZNxAdwRkaq5XfPXZR+KAd+y45H1IX4QETDlLqQ/962MoX7KI9Fp0FJ4UCSVVu5b/cdshjHwLkkmndcOwImwlTKLiEYc6NNUSM91kXGgYDZlY3k/EZQ7pvnDbthMq8AOnY/T2RMF/rge+ZTp9hT0/XRuZ/tUaMnbNmIoIoRgj4ZFEnlhRDOsqEtoUCjnJggHElzF8p7zHFOJrkciYEZ/rkWageFR3DNyeF0kUaR5bskD1yQBxySkrkipRJhXDySJ7JK3mznqwX6936mLRmrHRmm/yR9fkDtLqYog==</latexit><latexit sha1_base64="oXS5Ru7+oevmIfyZ/tl0gjplkks=">AAACBnicbZC7SgNBFIZn4y3GW9RShMEgWMVdFdQuaGNhEcFcIBvD7OQkGTJ7YeasGJZUNr6KjYUitj6DnW/jJNlCE38Y+PjPOZw5vxdJodG2v63M3PzC4lJ2Obeyura+kd/cquowVhwqPJShqntMgxQBVFCghHqkgPmehJrXvxzVa/egtAiDWxxE0PRZNxAdwRkaq5XfPXZR+KAd+y45H1IX4QETDlLqQ/962MoX7KI9Fp0FJ4UCSVVu5b/cdshjHwLkkmndcOwImwlTKLiEYc6NNUSM91kXGgYDZlY3k/EZQ7pvnDbthMq8AOnY/T2RMF/rge+ZTp9hT0/XRuZ/tUaMnbNmIoIoRgj4ZFEnlhRDOsqEtoUCjnJggHElzF8p7zHFOJrkciYEZ/rkWageFR3DNyeF0kUaR5bskD1yQBxySkrkipRJhXDySJ7JK3mznqwX6936mLRmrHRmm/yR9fkDtLqYog==</latexit><latexit sha1_base64="oXS5Ru7+oevmIfyZ/tl0gjplkks=">AAACBnicbZC7SgNBFIZn4y3GW9RShMEgWMVdFdQuaGNhEcFcIBvD7OQkGTJ7YeasGJZUNr6KjYUitj6DnW/jJNlCE38Y+PjPOZw5vxdJodG2v63M3PzC4lJ2Obeyura+kd/cquowVhwqPJShqntMgxQBVFCghHqkgPmehJrXvxzVa/egtAiDWxxE0PRZNxAdwRkaq5XfPXZR+KAd+y45H1IX4QETDlLqQ/962MoX7KI9Fp0FJ4UCSVVu5b/cdshjHwLkkmndcOwImwlTKLiEYc6NNUSM91kXGgYDZlY3k/EZQ7pvnDbthMq8AOnY/T2RMF/rge+ZTp9hT0/XRuZ/tUaMnbNmIoIoRgj4ZFEnlhRDOsqEtoUCjnJggHElzF8p7zHFOJrkciYEZ/rkWageFR3DNyeF0kUaR5bskD1yQBxySkrkipRJhXDySJ7JK3mznqwX6936mLRmrHRmm/yR9fkDtLqYog==</latexit><latexit sha1_base64="oXS5Ru7+oevmIfyZ/tl0gjplkks=">AAACBnicbZC7SgNBFIZn4y3GW9RShMEgWMVdFdQuaGNhEcFcIBvD7OQkGTJ7YeasGJZUNr6KjYUitj6DnW/jJNlCE38Y+PjPOZw5vxdJodG2v63M3PzC4lJ2Obeyura+kd/cquowVhwqPJShqntMgxQBVFCghHqkgPmehJrXvxzVa/egtAiDWxxE0PRZNxAdwRkaq5XfPXZR+KAd+y45H1IX4QETDlLqQ/962MoX7KI9Fp0FJ4UCSVVu5b/cdshjHwLkkmndcOwImwlTKLiEYc6NNUSM91kXGgYDZlY3k/EZQ7pvnDbthMq8AOnY/T2RMF/rge+ZTp9hT0/XRuZ/tUaMnbNmIoIoRgj4ZFEnlhRDOsqEtoUCjnJggHElzF8p7zHFOJrkciYEZ/rkWageFR3DNyeF0kUaR5bskD1yQBxySkrkipRJhXDySJ7JK3mznqwX6936mLRmrHRmm/yR9fkDtLqYog==</latexit>

Cell Density (1⇥ 109cells/mL)
<latexit sha1_base64="rDVsgDkApl0qbbzNuSVpqkDDXnY=">AAACHXicbVC7SgNBFJ2N7/hatbQZDEJsdFcCaidqYWGhYDSQxDA7uTFDZmeXmbtiWNYPsfFXbCwUsbAR/8bJo9DEAwOHc87lzj1BLIVBz/t2chOTU9Mzs3P5+YXFpWV3ZfXKRInmUOaRjHQlYAakUFBGgRIqsQYWBhKug85xz7++A21EpC6xG0M9ZLdKtARnaKWGW6oh3GN6DFLSE1BGYPcho0W/hiIE43s36UFGBxluM2YnPMu2Gm7B2/b6oOPEH5ICGeK84X7WmhFPQlDIJTOm6nsx1lOmUXAJWb6WGIgZ77BbqFqqmN1dT/vXZXTTKk3airR9Cmlf/T2RstCYbhjYZMiwbUa9nvifV02wtV9PhYoTBMUHi1qJpBjRXlW0KTRwlF1LGNfC/pXyNtOMoy00b0vwR08eJ1e7277lF6XC4dGwjlmyTjZIkfhkjxySU3JOyoSTR/JMXsmb8+S8OO/OxyCac4Yza+QPnK8fXC6iDg==</latexit><latexit sha1_base64="rDVsgDkApl0qbbzNuSVpqkDDXnY=">AAACHXicbVC7SgNBFJ2N7/hatbQZDEJsdFcCaidqYWGhYDSQxDA7uTFDZmeXmbtiWNYPsfFXbCwUsbAR/8bJo9DEAwOHc87lzj1BLIVBz/t2chOTU9Mzs3P5+YXFpWV3ZfXKRInmUOaRjHQlYAakUFBGgRIqsQYWBhKug85xz7++A21EpC6xG0M9ZLdKtARnaKWGW6oh3GN6DFLSE1BGYPcho0W/hiIE43s36UFGBxluM2YnPMu2Gm7B2/b6oOPEH5ICGeK84X7WmhFPQlDIJTOm6nsx1lOmUXAJWb6WGIgZ77BbqFqqmN1dT/vXZXTTKk3airR9Cmlf/T2RstCYbhjYZMiwbUa9nvifV02wtV9PhYoTBMUHi1qJpBjRXlW0KTRwlF1LGNfC/pXyNtOMoy00b0vwR08eJ1e7277lF6XC4dGwjlmyTjZIkfhkjxySU3JOyoSTR/JMXsmb8+S8OO/OxyCac4Yza+QPnK8fXC6iDg==</latexit><latexit sha1_base64="rDVsgDkApl0qbbzNuSVpqkDDXnY=">AAACHXicbVC7SgNBFJ2N7/hatbQZDEJsdFcCaidqYWGhYDSQxDA7uTFDZmeXmbtiWNYPsfFXbCwUsbAR/8bJo9DEAwOHc87lzj1BLIVBz/t2chOTU9Mzs3P5+YXFpWV3ZfXKRInmUOaRjHQlYAakUFBGgRIqsQYWBhKug85xz7++A21EpC6xG0M9ZLdKtARnaKWGW6oh3GN6DFLSE1BGYPcho0W/hiIE43s36UFGBxluM2YnPMu2Gm7B2/b6oOPEH5ICGeK84X7WmhFPQlDIJTOm6nsx1lOmUXAJWb6WGIgZ77BbqFqqmN1dT/vXZXTTKk3airR9Cmlf/T2RstCYbhjYZMiwbUa9nvifV02wtV9PhYoTBMUHi1qJpBjRXlW0KTRwlF1LGNfC/pXyNtOMoy00b0vwR08eJ1e7277lF6XC4dGwjlmyTjZIkfhkjxySU3JOyoSTR/JMXsmb8+S8OO/OxyCac4Yza+QPnK8fXC6iDg==</latexit><latexit sha1_base64="rDVsgDkApl0qbbzNuSVpqkDDXnY=">AAACHXicbVC7SgNBFJ2N7/hatbQZDEJsdFcCaidqYWGhYDSQxDA7uTFDZmeXmbtiWNYPsfFXbCwUsbAR/8bJo9DEAwOHc87lzj1BLIVBz/t2chOTU9Mzs3P5+YXFpWV3ZfXKRInmUOaRjHQlYAakUFBGgRIqsQYWBhKug85xz7++A21EpC6xG0M9ZLdKtARnaKWGW6oh3GN6DFLSE1BGYPcho0W/hiIE43s36UFGBxluM2YnPMu2Gm7B2/b6oOPEH5ICGeK84X7WmhFPQlDIJTOm6nsx1lOmUXAJWb6WGIgZ77BbqFqqmN1dT/vXZXTTKk3airR9Cmlf/T2RstCYbhjYZMiwbUa9nvifV02wtV9PhYoTBMUHi1qJpBjRXlW0KTRwlF1LGNfC/pXyNtOMoy00b0vwR08eJ1e7277lF6XC4dGwjlmyTjZIkfhkjxySU3JOyoSTR/JMXsmb8+S8OO/OxyCac4Yza+QPnK8fXC6iDg==</latexit>
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FIG. S9. (A) Examples of WT FB size evolution at different experimental densities. The top two conditions display nucleation
and growth as fruiting bodies form at varying times. The bottom two conditions show spinodal decomposition where the
emergence of fruiting bodies is synchronized. (B) Standard deviation in the time when fruit bodies grow to half of their
maximal size versus inoculation density. Red dots represent the system undergoing nucleation and growth and blue dots
represent spinodal decomposition. We use a threshold of σ = 1 hour to distinguish between the different kinetic mechanisms
(black line). (C) The simulated fraction of cells in clusters observed over time is shown for 100 simulations at varying packing
fractions (Pe−1

r = 0.01). The resulting deviation of the nucleation times shows how as density is decreasing from just inside
the coexistence region, significantly longer mean times and wider variances in times of nucleation occur. This provides a clear
distinction between spinodal decomposition and nucleation and growth, allowing for a quantitative threshold between the two.

To quantitatively distinguish between nucleation and growth phenomena and spinodal decomposition, we take
advantage of the temporally spontaneous nature of the spinodal decomposition phase transition. In spinodal decom-
position, as microscopic fluctuations are unstable, FBs form everywhere throughout the field of view at the same time.
In nucleation and growth, the time at which a microscopic density fluctuation becomes large enough to seed a FB
is broadly distributed so that FBs form at random times throughout the field. We measured the size of aggregates
over time (Fig. S9A) and then calculated the distribution of times at which aggregates reach one half of their final
sizes. The standard deviation in the time when FBs reach half-maximal size is then compared across experiments
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at different cell densities (Fig. S9B). We then set a threshold at σ = 1 hour to distinguish different phase transition
behaviors.

We performed a similar calculation using the simulations. Since we are limited by the simulation size, in many cases
we only get one cluster at the end. To probe if a system undergoes a spontaneous transition for each set of parameters,
we performed 100 simulations and compared the cluster growth across simulations (Fig. S9C). For sets of parameters
that lead to spinodal decomposition, the distribution of aggregation times has a clear peak, while for nucleation and
growth a large tail develops (with an eventually diverging average as we approach the phase boundary).

F. Phase diagrams

The experimental phase diagram was produced with the non-reversing mutant ∆FrzE. Experimental conditions
used and parameters calculated are specified in Table S1. All motility parameters were measured at very low densities
(< 5× 107 cell/mL).

TABLE S1. Experimental conditions and parameters used to produce the phase diagram. (SD Density= densities where
spinodal decomposion occured.)

Nigericin(µM) Speed(µm/min) Dr(min−1) No Aggregation Density(×108 cell/mL) SD Density(×108 cell/mL) Pe−1
r

0 1.25 0.065 0.5, 1 2.5, 4, 5, 25 0.130

1 1.19 0.070 0.5, 1 2.5, 5, 25 0.147

2 1.05 0.067 0.5, 1 2.5, 25 0.159

4 0.84 0.068 0.5, 1 2.5, 25 0.202

10 0.36 0.070 4, 5, 25 None 0.481

To make the phase diagram from simulations, we follow a simple technique used previously for ABPs by measuring
the distribution of local densities in our simulations [42]. In this technique, a unimodal distribution signifies a
homogeneous system while a bimodal distribution signifies phase-separated state. Examples of these are shown in
Fig. S10. We sample local density using square windows of width LW = 20a (the total size of the system is L = 200a).
For high density circle-packing, which is at a density above those we generally measure in the dense phase, a window
would contain ≈ 115 particles. We use this to set the density bin width of length dφ ≈ 0.01.

Drawing from the last half (steady state) of each run, we average histograms over 10 runs. We determine dominant
phase densities by selecting the peaks from each distribution. These densities are then used as coordinates in our
phase diagram, paired with the configuration Per.

II. EFFECTIVE ROTATIONAL DIFFUSION IN THE PRESENCE OF DIRECTIONAL REVERSALS

We consider the over-damped dynamics of a single self-propelled particle with directional reversals in two dimensions.
The directional unit vector n̂ = (cos θ, sin θ) is set by the angular direction θ ∈ [0, 2π). This evolves in time as

dθ =
√

2DrdWt , (S3)

where Dr is rotational diffusion and Wt is a Wiener process. Particle direction periodically reverses as a Poisson
process where the waiting time distribution between two reversals is exponential. The overdamped equation of
motion is expressed as a stochastic process driven by dichotomous Markov noise (DMN)[43],

dx(t) = v0n̂(t)dξt , (S4)

where ξt ∈ {−1, 1} is the symmetric DMN with zero mean and exponential correlation E[ξt, ξt′ ] = exp(−2frev|t− t′|),
and frev is the mean reversal rate. Particle position (x(t), y(t)) evolves as

x(t) = x0 + v0

∫ t

0

dξt′ cos θ(t′) (S5)

y(t) = y0 + v0

∫ t

0

dξt′ sin θ(t′) , (S6)
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FIG. S10. Local density distributions for three different mean densities, φ = {0.45, 0.55, 0.65}, at three different rotational
Peclet numbers, Pe−1

r = {0.005, 0.0025, 0.00125}. The peaks of these distributions are used to draw the boundary in the
simulation phase diagram.

where (x0, y0) is the initial position. Since θ(t) and ξt are independent random variables, we separately average over
all realizations of the rotational noise and initial angular conditions and then average over all realizations of the DMN
to calculate the mean-square displacement

〈|x(t)− x(t′)|2〉 =
v2

0

2Deff
r

[
t− 1

Deff
r

(
1− e−Deff

r t
)]
, (S7)

where Deff
r = Dr + 2frev is the effective rotational diffusion.

III. SUPPLEMENT MOVIES

Movie S1: Gas phase of WT M.xanthus at 2.5× 107 cells/mL

Movie S2: Nucleation and growth phase of WT M.xanthus at 1.5× 108 cells/mL

Movie S3: Spinodal decomposition phase of WT M.xanthus at 5× 108 cells/mL

Movie S4: Gas phase of ABP simulation at φ = 0.1

Movie S5: Nucleation and growth phase of ABP simulation at φ = 0.29

Movie S6: Spinodal decomposition phase of ABP simulation at φ = 0.5

Movie S7: ∆FrzE cells undergoing spinodal decomposition at 5 × 108 cells/mL without nigericin

Movie S8: ∆FrzE cells don’t form aggregates at 5 × 108 cells/mL with 10µM nigericin


