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Lattice thermal conductivities of zirconium carbide (ZrCy, x=1, 0.75 and 0.5) ceramics with different car-
bon vacancy concentrations were calculated using a combination of first-principles calculations and the
Debye-Callaway model. The Griineisen parameters, Debye temperatures, and phonon group velocities
were deduced from phonon dispersions of ZrC, determined using first-principles calculations. In addi-
tion, the effects of average atomic mass, grain size, average atomic volume and Zr isotopes on the lattice
thermal conductivities of ZrC, were analyzed using phonon scattering models. The lattice thermal con-
ductivity decreased as temperature increased for ZrC, ZrCo 75 and ZrCos (Zr,C), and decreased as carbon
vacancy concentration increased. Intriguingly, ZrC, can be tailored from a thermal conducting material
for ZrC with high lattice thermal conductivity to a thermal insulating material for ZrCy s with low lattice
thermal conductivity. Thus, it opens a window to tune the thermal properties of ZrCy by controlling the
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1. Introduction

Zirconium carbide (ZrCy) is a promising candidate material for
nuclear energy applications as a layer in tri-isotropic (TRISO) fuel
particles [1], which are used in high-temperature gas-cooled reac-
tors [2]. The main function of the ZrCy layer is as a diffusion barrier
for fission products from the kernel. Currently, SiC is the material of
choice for such an application [3]. However, ZrC is stronger, which
increases the crushing strength of ZrC-TRISO particles at elevated
temperatures compared to SiC-TRISO particles [4]. In addition, ZrC
is more stable than SiC under neutron irradiation at elevated tem-
peratures [5,6], which increases the integrity of ZrC-TRISO fuel
particles. Other potential applications of ZrC include heating ele-
ments in vacuum furnaces, coatings and matrices of ultra-high
temperature ceramic matrix composites that could be used in
hypersonic aerospace vehicles, rocket nozzles [7-11], and cutting
tools [12-14].

For all the applications mentioned above, thermal conductivity
plays a pivotal role. However, significant discrepancies exist among
previously measured values of thermal conductivity of ZrCy ceram-
ics [15-19] as shown in Fig. 1. For example, in one study ZrC with
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a relative density of 93.3 % had a thermal conductivity range from
31 to 38W m~1 K- at temperatures from 200 to 1000 °C [15]. In
another study, ZrC with a relative density of 91.9 % had a thermal
conductivity range from 18 to 26 W m~! K-! at temperatures from
300 to 1100 °C [14]. One possible reason for such differences is
that these ZrCy samples were prepared by different methods that
resulted in different average grain sizes, carbon vacancy contents,
and/or porosity levels/distributions and relative densities. Table 1
summarizes the preparation methods and characteristics of zirco-
nium carbide ceramics from previous studies. The highest thermal
conductivity values were reported for ZrC with larger grain sizes,
lower carbon vacancy contents, and higher relative densities [13].
The typical room temperature thermal conductivity is about 30 W
m~1K-1, depending on relative density [15].

In the Zr-C phase diagram, rock salt structured zirconium car-
bide is stable across a wide composition range and is represented by
ZrCy with x ranging from 0.98 to 0.63 (i.e., carbon vacancy contents
from 0.02 to 0.37) [20]. The change of carbon content influences not
only the lattice constant of ZrCy, but also the thermal and mechani-
cal properties. Previous studies demonstrated that the total thermal
conductivity of ZrCyx decreased with increasing carbon vacancy con-
tent [21] due to the scattering of phonons and electrons by carbon
vacancies. Likewise, theoretical studies [22,23] predicted that the
elastic properties, Vickers hardness, and thermal conductivities of
ZrCy decreased with increasing carbon vacancy content. However,
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Table 1
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Densification methods and sample characteristics of ZrCy from previous studies sorted by highest to lowest thermal conductivity.

Ref. Densification method Composition Relative density Average grain size Impurity Content Thermal conductivity
(Wm K1)
[13] HP ZrCo.g 95% 50 .m <02wt% 32.2,600 °C
[16] HP ZrCo.s 95% 50 .m <02wt% 38.5,1300 °C
[15] SPS ZrC 933% ~10 pm N/A 31.3,200°C
[17] HP ZrC 91.5% N/A >0.165 wt.% 26.7,1325°C
[14] HP ZrC 91.9% 3.7 pm N/A 17.7,300 °C
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Fig. 1. Thermal conductivities of zirconium carbide measured in previous studies
[15-19].

relatively few studies have been conducted using first-principles
calculations to examine the lattice thermal conductivities of ZrCy
with different carbon vacancy contents. Molecular dynamics [24]
and the Debye-Slack model [21] have been used to calculate the
lattice thermal conductivities of ZrC, with different carbon vacancy
concentrations. However, the Debye-Callaway model has not been
used to evaluate the effect of carbon vacancy on the lattice ther-
mal conductivity of ZrCy [25,26]. The effect of ordering of carbon
vacancies on the lattice thermal conductivity was also investigated
since the carbon vacancy ordered phase ZrCys has not only been
predicted computationally [27,28] but also been observed exper-
imentally [29,30]. However, because the carbon vacancy ordered
Zr,C always coexists with rock salt structured ZrCy, its effect on the
thermal conductivity of ZrCy is difficult to determine experimen-
tally. Thus, theoretical prediction of the lattice thermal conductivity
of this ordered phase is needed.

ZrCy is electrically conductive such that both electron and
phonon transport contribute to thermal conductivity. As shown
in Fig. 1, the total thermal conductivity of ZrCy increases with
increasing temperature, which is attributed to the increasing con-
tribution of the electron contribution as temperature increases
[31]. In addition, oxygen can dissolve into the ZrCy lattice and is
expected to be present in the carbon vacancy sites [32]. Further-
more, phonon scattering is expected to increase when impurity
atoms are present [33] so that the phonon thermal conductivity
of ZrCy should decrease with increasing dissolved oxygen con-
tent. Thus, tailoring the thermal conductivity of zirconium carbide
requires a deeper understanding of the mechanisms affecting the
phonon transport in the lattice.

The Debye model is a statistical thermodynamic methodology
to estimate the phonon contribution to heat capacity [34]. When
the temperature (T) is much lower than the Debye temperature
(0p), which is designated the “low” temperature regime, the model
accurately predicts that heat capacity is proportional to T3. In

ideal (i.e., absolute zero) positions, phonons scatter. The mean time
between scattering events is defined as the relaxation time and
different relaxation time can be determined for each phonon scat-
tering process. Phonon scattering processes are typically divided
into two main types: normal processes (N) in which phonon
momentum is not changed by scattering and Umklapp processes
(U) that change phonon momentum. Normal processes dominate
in the low-temperature regime. In contrast, U processes, such
as anharmonic phonon-phonon and phonon-electron interactions,
typically dominate in the high-temperature regime. Built on the
Klemens model, Callaway argued that the total crystal momentum
was conserved in N processes, which led to the conclusion that N
processes do not contribute to thermal conduction. Callaway mod-
ified the initial model to capture the linear relationship between
group velocity and the frequency distribution of acoustic phonons
[36]. This enabled prediction of thermal conductivity in temper-
ature regimes in which the Debye model accurately captured the
phonon frequency distribution (i.e., the low-temperature regime).
However, the Debye-Callaway model is not accurate at intermedi-
ate temperatures because of inaccuracies in the predictions of the
underlying Debye model in this temperature regime.
First-principles calculations can be used to improve the accu-
racy of the Debye-Callaway model in the intermediate temperature
regime by directly determining phonon group velocities and fre-
quency distributions. Using this methodology, intrinsic thermal
conductivities have been predicted for y-Si3Ng4, y-Ge3N4 [37], ZrB,
[38], copper antimony selenium, and tin-selenium compounds
[39]. For example, this methodology predicted a lattice thermal
conductivity of about 300 W m~1 K- for y-Si3Ny4 at room temper-
ature, which is only ~50 % higher than the highest experimentally
measured value [40,41]. In contrast, the Slack model predicted a
lattice thermal conductivity of 80W m~1K-1 [42] for the same
material, which is less than half of the highest experimental value.
Hence, utilizing first-principles calculations to determine phonon
vibration frequency distributions improves the accuracy of the
Debye-Callaway model in the intermediate temperature regime.
Up to now, this methodology has not been used to predict the
thermal conductivity of ZrCy ceramics. The purpose of the present
study is to use a combination of first-principles calculations and
the Debye-Callaway model to predict the lattice thermal conduc-
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tivities of ZrCy with different carbon stoichiometries. The result of
this study is not only useful in explaining the origin of discrepan-
cies in experimentally measured thermal conductivities but also
can be used as a guideline for tuning the thermal properties of ZrCy
ceramics.

2. Calculation methods
2.1. Lattice thermal conductivity

The total thermal conductivity (kyo¢a) Of ZrCy arises from both
electron (xe) and lattice (ki) contributions, kiota = ke + k1. The
magnitude of the electron contribution can be estimated using
the Wiedemann-Franz law [43], ke = LT where Ly=2.45x10"8

W Q~1K2 is the theoretical Lorenz number. Previous studies sug-
gested that x; was the dominant contribution to ke, of ZrCy at
lower temperatures [44]. In addition, the calculation of the electron
contribution using the Wiedemann-Franz law is straight-forward.
As a result, k. will be the focus of the present study.

A combination of the Debye-Callaway model [45] and first-
principles simulations was employed for calculating k| of ZrCy with
different carbon stoichiometries (ZrC, ZrCy 75, and ZrCys which
is also called Zr,C in some studies) at different temperatures. In
the Debye-Callaway model, heat is assumed to be transported by
acoustic phonon modes because the group velocities of the optical
phonons are significantly lower, which means their contribution
to total thermal conductivity is small [46,35,47]. Two transverse
(TA1 and TA2) and one longitudinal (LA) acoustic phonon branches
contribute to «, which can be expressed by Eq. (1):

KL = KTA1 + KTA2 + KLA (1)

The acoustic phonon branches (k;, with i represents TA1, TA2
and LA) are the usual Debye-Callaway terms and are expressed by
Egs.(2)and (3):

0
KAT3 T 7i(x)x%e*
Ki1 = 1 B 3 / C( ) 5 dx (2)
3om2k’y,; (ex—1)
2
f l 1‘ (x)x%e*
1 k4T3 0 ex 1 (3)
Kin — —
SAEPYCrE i (e
fo r’ x)r’ (x)(eX—1)?

In Eq. (3), kg is the Boltzmann constant, # is the reduced Planck
constant, v; is the group velocity of the phonons, 6; is the Debye
temperature of the transverse and longitudinal acoustic phonons,
respectively, which is determined by 6; = fiwmax/kg, where wmax
is the maximum frequency of the acoustic phonon branches at
the Brillouin zone boundary [48]. The factor x is expressed by
x = hw/kgT, tc is the total relaxation time of the active phonon
scattering processes. In Eq. (3), Ty is the scattering rate for normal
phonon processes, while g is the sum of all of the resistive scat-
tering processes. The relationship between the last three factors is
tc! = 13! + 11" The total resistive phonon scattering rate (z ') is
the sum of the phonon-phonon Umklapp scattering (rlj] ), isotope
scattering (7, 1), grain boundary scattering (15 1), and phonon-
vacancy scattering (t,, 1) rates. The latter was considered only for
ZrCq.75 since ZrC has no vacancies and the space group for ZrCop s
accounts for carbon vacancies in that structure. The relaxation time
of the Umklapp scattering process can be expressed as Eq. (4) [49]:

. fy? .
[7h] o M:j,/?le,» (%) x*T3exp <3§) (4)
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where M is the average mass of atoms in the crystal, y; is the
Griineisen parameter of the acoustic phonon branch which is esti-
mated by Eq. (5) [50]:
D D 7¥1(C)

' > Glq)
where y; 4 is the mode Griineisen parameter for mode i at wave
vector g which is determined by Eq. (6):

(5)

31na)i,q
dlnV (6)

where V is the volume of the unit cell. In Eq. (5), Ci(q) is defined by
Eq. (7):

Yig= —

(7)

Isotope scattering was assumed to be scattering from static
imperfections with masses that are different from the host in a
perfect crystal structure and is expressed as Eq. (8) [51]:

[‘L'I'] -1 Vkéf

43
Arh"v?
where I' is the phonon-scattering parameter of the mass-
fluctuation which can be calculated by Eqgs. (9) and (10):

—2
r=3%g [mj,; m] (©)
J

J

P (8)

where ¢; is the fractional atomic natural abundance of the isotope
with atomic mass, m;. Scattering from Zr isotopes is also consid-
ered in the present work using analysis similar to Egs. (8) and (9).
The abundance of the isotopes is assumed to be 51.45 wt.% 90Zr,
11.22wt.%917r, 17.15wt.% 92Zr, 17.38 wt.% 94Zr, and 2.80 wt.% %6 Zr.

Grain boundary scattering was assumed to be independent of
temperature and phonon frequency and only dependent on group
velocity and grain diameter [40] as shown by Eq. (11):

[ =2 (11)

where d is the effective diameter of the ZrCy grains.

Phonon-vacancy scattering was assumed to occur due to the
atomic mass and radius differences when vacancies form in a crys-
tal structure [52] as described by Eq. (12):

- - (12)

where f; is the ratio of vacancy, m and m; are the average mass before
and after the vacancy formed, ¥ and r; are the average atomic radius
before and after the vacancy formed. As noted previously, phonon-
phonon scattering was considered to be a U process and its effect
on lattice thermal conductivity is determined using the Callaway
model as shown in Eq. (13) [33]:

[tv] ™' =

- Vi3
) = 281 s (13)
Y V2
The phonon group velocity is defined by Eq. (14):
. duw(i,
(i, @)= <0 (14)
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where the gradient of the dispersion curve at I" is the group veloc-
ity.

2.2. First-principles calculations

ZrC crystallizes in rock salt structure with a space group of Fm3m
(No. 225) (Fig. 2(a)). The lattice parameter is a =4.699 A [22]. Zr and
C atoms are located at (0, 0, 0) and (0.5, 0.5, 0.5), respectively. The
crystal structure of ZrCg 75 was built by removing one C atom from
the 1 x 1x1 unit cell of ZrC, as shown in Fig. 2(b), which results in
ordered vacancies for the ZrCg 75 structure at the scale of the unit
cell. The carbon vacancy ordered crystal structure Zr,C was used
for ZrCy 5, which was built according to a Rietveld refined structure
from the X-ray diffraction pattern [53]. The space group is Fd3m
(No.227)and the lattice parameteris a=9.399 A. The Zr and C atoms
are located at (0.3702, 0.3702,0.3702) and (0.1250, 0.1250, 0.1250)
positions, respectively, as shown in Fig. 2(c). This structure is essen-
tially a 2 x 2x2 super cell of the ZrC unit cell, but with an ordered
array of carbon vacancies that requires the larger super cell to fully
describe the ordering.

Quantum espresso (QE) [54] was employed to perform the den-
sity functional theory (DFT) calculations. Crystal structures were
optimized using the Broyden-Fletcher-Goldfarb-Shanno (BFGS)
scheme to minimize the total energy and interatomic force [55].
The criteria for convergence in optimizing lattice parameters and
internal atom positions were total energy differences within 0.1
mRy atom~!. Vanderbilt-type ultrasoft pseudopotentials [56] were
employed to represent the interactions between atom cores and
valence electrons. The exchange-correlation energy was treated
under the generalized-gradient approximation (GGA)[57] based on
the Perdew-Burke-Ernzerhof (PBE) scheme. The cutoff ; of kinetic
energy for wavefunctions were fixed at 70Ry in structure relax-
ation and self-consistent calculations after convergence tests for all
structures. Brillouin zone sampling integration was conducted by
the Monkhorst-Pack method [58] with a k-points mesh separation
of 0.04A-'. Elastic constants were calculated for all three com-
positions (ZrC, ZrCq 75 and ZrCqps). A finite value of homogeneous
deformation was generated for calculating the required stress. The
three independent symmetry elements, ci1, ¢ and c4q of the
cubic structure were generated for estimating the polycrystalline
shear modulus G and bulk modulus B according to the Voigt-Reuss-
Hill approximation [59]. The Young’s modulus E, Poisson’s ratio v
and microhardness Hy were calculated based on shear modulus G
and bulk modulus B according to the following relationships for
isotropic materials [60]:

9BG
“3B+G (16)
3B-2G
V=32 B0) (17)
c3 0585
Hy=2x(55) -3 (18)

In Eq. (18), microhardness has a unit of GPa, which must also be
used for G and B in this calculation. Phonon frequencies as functions
of Brillouin zone directions were conducted using density func-
tional perturbation theory (DFPT) [61] witha 9 x 9x9, 6 x 6x6, and
5 x 5x5 k-points mesh for ZrC, ZrCy 75, and ZrCq 5, respectively. In
the phonon calculations within the quasi harmonic approximation
(QHA), the cell volume was varied by less than +-1% with respect to
the equilibrium cell volume of ZrC, ZrCy 75 and ZrCy 5.
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3. Results and discussion

3.1. Lattice parameters, elastic constants, and mechanical
properties

Lattice parameters of ZrC, ZrCy 75 and ZrCq 5 were calculated in
the present study and are compared in Table 2. The lattice param-
eter of ZrCq7s was 4.692 A, which was smaller than the lattice
parameter of 4.706 A for ZrC due to the presence of the carbon
vacancies. The lattice parameter of ZrCys was larger than those
for ZrC and ZrCg 75 since the crystal structure contains 48 atoms
compared to 8 atoms for ZrC and 7 atoms for ZrCy ;5. However,
the average distance between two neighboring Zr atoms along the
crystallographic axes was 4.717 A, which is analogous to the lattice
parameter for the other two structures. The lattice expanded for
ZrCy 5 in contrast to the trend from ZrC to ZrCqy 75. The lattice param-
eter decreased as carbon vacancy content increased initially due to
the loss of carbon atoms that resulted in shrinkage of the struc-
ture. However, when the carbon vacancy content reaches about 20
% (i.e., ZrCpg), the average distance between Zr atoms begins to
increase due to the decrease in bond strength that results from the
increasing metallic bond character with increasing carbon vacancy
content [62].

Elastic properties are direct reflection of chemical bonding.
Table 2 tabulates the elastic constants and microhardness of
ZrC, ZrCy75 and ZrCps. Data from previous publications are also
included for comparison. The calculated mechanical properties of
ZrC and ZrCy 5 are consistent with the values from previous stud-
ies. For example, the second-order elastic constants ¢4, c44 and cq»
of ZrC are 451.6 GPa, 155.4 GPa and 106.9 GPa, respectively, which
are very close to corresponding values of 451.6 GPa, 155.3 GPa and
106.9 GPa calculated in a previous report [63], demonstrating the
reliability of present calculations. The bulk modulus B, shear mod-
ulus G and elastic modulus E of polycrystalline ZrCy all decrease
with increasing carbon vacancy content. For example, G decreases
from 162.2 GPa for ZrC to 119.5 GPa ZrCq 75, and 82.1 GPa for ZrCy 5.
Correspondingly, Hy decreases from 24.2 GPa for ZrC to 16.2 GPa for
ZrCo.75 and 11.7 GPa for ZrCyp 5. In contrast, Poisson’s ratio increases
with increasing carbon vacancy content from 0.21 for ZrC to 0.25
for ZrCy s, indicating a decrease in average bond strength as carbon
atoms are removed from the structure.

3.2. Phonon dispersions and vibration properties

Phonon dispersion curves for ZrC are shown in Fig. 3(a). The
primitive ZrC cell contains one Zr atom and one C atom, which
result in six phonon branches, i.e., three acoustic (colored lines)
and three optical (black lines). No imaginary frequencies were pre-
dicted in any of the high-symmetry directions in the Brillouin zone,
indicating the dynamic stability of ZrC under perturbation. The
apparent gap between the acoustic phonon branches and optical
phonon branches (>5 THz at the L point) is due to anisotropic bond-
ing and mass differences between Zr and C in ZrC. These results
also suggest that the contribution of the optical modes to the
thermal conductivity of ZrC is negligible due to the significantly
higher frequencies, as has been demonstrated in ZrB, by Xiang et al.
[42].

The phonon group velocities for TA1, TA2, and LA of ZrC are
42kms~1,42kms~! and 8.0km !, respectively, in the I'-X direc-
tion (Table 3). Since spectral thermal conductivity is proportional to
the square of the phonon group velocity, s (w) = Cs (w) Vg(a))zr (w)
[38], the higher group velocities are an indication of higher thermal
conductivity for ZrC. Thermal conductivity is also proportional to
the phonon relaxation time [39], which is the mean time between
scattering events attributed to the various resistive processes.
The phonon relaxation time can be determined from the mode
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Fig. 2. Crystal structures of (a) ZrC, (b) ZrCp 75 and (c) Zr,C (ZrCops).

Table 2

Calculated lattice parameters (a), elastic constants (c1, Ca4, €12), shear modulus (G), bulk modulus (B), elastic modulus (E), Poisson’s ratio (v), and microhardness (Hy) of ZrC,

ZrCo75 and Zr,C (ZrCp5) in the present and (previously reported) calculations.

Composition Lattice constant a (A) c11 (Gpa) c44 (GPa) 12 (GPa) G (GPa) B (GPa) E (GPa) v Hy (GPa)
ZrC 4.706, 451.6, 1554, 106.9, 162.2, 221.8, 391.2, 0.21, 24.2,(23.4)
(4.705) [63] (451.6)[63]  (155.3)[63]  (106.9)[63]  (162.1)[63] (221.8)[63] (390.7)[63]  (0.206)[61]  [22],(24.3)
[22]
ZrCo.75 4.692 369.2 108.9 98.4 119.5 188.6 2959 0.24 16.2
Zr,C 9.369 [22] 205.3 101.6 100.0 82.1,(71) 135.1, 204.7 0.25 11.7,(8.4)
(ZrCos) [22] (137)[22] [22],(10.8)
[23]
22 3.0
20 (a) (b) o
i b o .
18 i TA2
2.5 /
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Fig. 3. Phonon dispersion (a) and mode Griineisen parameters (b) of ZrC.
Table 3

Griineisen parameters, Debye temperatures, and group velocities of ZrC, ZrCy 75 and Zr, C (ZrCq 5 ) compared with a highly thermal conductive (ZrB;) [37] and thermal insulating

rare-earth pyrochlores [64].

e Al A2 LA Orm Oraz Oa UtA1 UTA2 Vi
Composition I\JI//TA yr I () (kms)
ZrC 1.79 1.51 1.65 340 340 467 42 4.2 8.0
ZrCo.75 0.92 1.28 1.52 242 242 242 24 24 3.2
Zr,C 10.05 9.12 4.32 167 172 220 4.0 4.8 7.1
ZrB; 1.50 1.22 143 380 355 422 6.5 6.5 9.2
Nd,Zr,07 6.23 10.10 2.75 138 138 260 3.13 3.13 5.91
SmyZr,07 7.40 11.98 2.81 137 137 256 3.09 3.09 5.78
GdyZr,07 7.19 11.57 2.75 137 137 252 3.06 3.06 5.63

Griineisen parameters, y;, which is related to the anharmonicity
of the phonon vibrations and plays an important role in thermal
conductivity. The mode Griineisen parameters are calculated using
harmonic lattice dynamic calculations over a range of volumes
around the equilibrium state using Eq. (6). As shown in Fig. 3(b),
the mode Griineisen parameters of ZrC are positive across the Bril-
louin zone, which implies that ZrC is stable in the rock salt structure
at elevated pressures.

Fig. 4(a) shows the phonon dispersion curves for ZrCg 75. Com-
pared to ZrC, the phonon dispersion curves for ZrCy75 contain
additional optical phonon modes at frequencies between ~6 THz
and ~8 THz, which are due to the presence of carbon vacancy. These
moderate frequency optical phonons scatter acoustic phonons
(i.e., phonon-phonon scattering), especially the longitudinal acous-
tic phonon branch. The scattering of acoustic phonons results in
reduced group velocities as can be seen from the gradient of the
dispersion curve at the I" points in Fig. 4(a) and the data in Table 3.
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Fig. 4. Phonon dispersion (a) and mode Griineisen parameters (b) of ZrCo 7s.

In addition, the scattering of acoustic phonons by the moderate
frequency optical phonons also decreases the Debye temperature
and increases the longitudinal acoustic mode Griineisen param-
eter compared to ZrC (Fig. 4(b)). Since the Debye temperature is
determined by the maximum frequency of the acoustic branches
at the Brillouin zone boundary, a decrease in the Debye tempera-
ture is reasonable (Table 3) based on Figs. 3 and 4. For example, f1a1
and 6, decrease from 340K for ZrC to 242 K for ZrCy 75, while 6; 5
decreases from 467 K for ZrC to 242 K for ZrCg 75. As a consequence,
scattering of acoustic phonons by the moderate frequency optical
phonons is active in ZrCg 75, but not in ZrC, which should decrease
the lattice thermal conductivity of ZrCop 75.

When more carbon atoms were removed from the structure and
ZrCy 5 formed, more optical phonon modes were active at frequen-
cies between ~4THz and ~8 THz, as can be seen from the phonon
dispersion curves shown in Fig. 5(a). The number of these mod-
erate frequency optical modes increased from O for ZrC to 9 for
ZrCy.75, and 21 for ZrCqy 5. Scattering of acoustic phonons by these
low-lying optical phonons resulted in lower group velocities, which
were vra1 =4.0kms™!, vray =4.8kms—! and v 4 =7.1kms~! (ascan
be seen from the reduced gradient of the dispersion curve at the I
points in Fig. 5(a) and Table 3). In addition, the mode Griineisen
parameters of the acoustic branches were very large with TA1 and
TA2 values of more than 22 and LA of more than 5 (Fig. 5(b)). Since
the mode Griineisen parameter is a measure of lattice vibration
anharmonicity, the large values indicate that the phonon thermal
conductivity of ZrCy 5 will be much lower than ZrC or ZrCgp 75 due
to the increased anharmonicity. The longitudinal acoustic phonon
branches and the moderate frequencies optical phonon branches
overlapped due to scattering of optical phonons by carbon vacan-
cies. The frequencies of the acoustic phonon branches for ZrCy s
were lower than those for ZrCy7s, so the Debye temperatures
decreased as well (Table 3). For example, 6ra; and f1p> decreased
from 242K for ZrCy75 to 167K and 172K for ZrCys, respectively
while 6; 5 decreased from 242K for ZrCp 75 to 220K for ZrCqy 5. The
reduction in the Debye temperature for ZrCy with increasing carbon
vacancy content is consistent with previous studies [22].

3.3. Griineisen parameters

The Griineisen parameters (y;), Debye temperatures (6;) and
group velocities (v;) of the acoustic phonon branches (Table 3)
are the determinant parameters for calculating the phonon ther-
mal conductivity. The changes in the thermal properties of ZrCy
can be summarized by comparing the Griineisen parameters and
Debye temperatures with materials that have high lattice thermal
conductivities, such as ZrB, [35], and low lattice thermal conduc-
tivities, such as rare-earth pyrochlore materials [50]. Griineisen

parameters and Debye temperatures of ZrC are close to ZrB, (for
example, yra; values are 1.79 and 1.50, 6ra; values are 340K
and 380K for ZrC and ZrB, [35], respectively) as presented in
Table 3. As the carbon vacancy content increases, the values of
the Griineisen parameters and Debye temperatures tend to change
toward representative low lattice thermal conductivity materials
such as GdyZr,07 [64]. Hence, the lattice thermal conductivity of
ZrCy should decrease to values similar to thermal insulators as the
carbon vacancy content increases. This result is intriguing since it
implies that the thermal conductivity of ZrCyx can be tuned from
a high thermal conductivity/thermal dissipating material to a low
thermal conductivity/thermal insulating material through control-
ling the composition and carbon vacancy content. From this angle,
the lattice thermal conductivity can be increased with high x such
as ZrC and decreased with low x such as ZrCy 5.

3.4. Thermal conductivity

The temperature-dependent lattice thermal conductivities of
ZrC, ZrCy 75 and ZrCqp 5 predicted using the Debye-Callaway model
are shown in Fig. 6. The initial simulations predicted lattice ther-
mal conductivities, labeled «yy in Fig. 6, of 122W m~1K-! for ZrC,
33W m™! K- for ZrCy 75, and 3W m! K- for ZrCy 5, considering
the natural abundance of Zr isotopes. From these simulations, the
lattice thermal conductivity of ZrCy decreases with the increasing
carbon vacancy content. This decreasing trend is consistent with
expectations based on trends in the Griineisen parameters and
Debye temperatures discussed above. The significant change of lat-
tice thermal conductivity opens a new window to tailor the thermal
conductivity of ZrCy through composition and carbon vacancy con-
trol. However, the predicted values of ZrC and ZrCy 75 are higher
than the experimental values for total thermal conductivity at
room temperature, which are less than 30 W m~1! K~ for ZrC, with
low (but not well-characterized) carbon vacancy contents. One
reason that the predicted lattice thermal conductivity values are
higher than measured values for ZrCy ceramics is that the simu-
lations assumed perfect crystal structure without any impurities
or defects. In addition, other possible scattering mechanisms may
also need to be considered to decrease the predicted values and
make them more realistic compared to experimental values. For
ZrC, the room temperature lattice thermal conductivity decreased
from 122W m™! K-! when only considering isotope effects («y;)
to 100W m! K-1 when considering isotope and grain boundary
effects (kya),and 68 Wm~! K-! when considering isotope and grain
boundary effects along with N and U scattering processes (k). Even
with these effects, the room temperature thermal conductivity of
ZrCis still about twice of the experimental value, so other scattering
mechanisms may have a significant impact on the lattice thermal

110



Y.Zhouetal.

20

Journal of Materials Science & Technology 82 (2021) 105-113

24

/(@) (b)
H © Yrae
16 8 20 i
[ “ T
~ ———— ————=== £
':_: 14 g
16+

12 o
e c
] o
c 104 7]
2 "B 121
g o — 5
- 1 =
g - —— g s

= ]

21 \}\LA =

i TA2 |/

w T L r

Fig. 5. Phonon dispersion (a) and mode Griineisen parameters (b) of Zr,C (ZrCo).
50 4
140 — ku — ku — Ku
kud £ 4w/ kua kua
— Kn — Kn

Thermal conductivity (W/(m K))
Thermal conductivity (W/(m K))

Thermal conductivity (W/(m K))

T T T T T T T T
400 600 800 1000 1200 1400 1600 1800 2000
Temperature (K)

(a)

T T T T T T T T
400 600 800 1000 1200 1400 1600 1800 2000
Temperature (K)

400 600 800 1000 1200 1400 1600 1800 2000
Temperature (K)

(c)
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conductivity of ZrCy ceramics. The simulations may also predict
values that are too high since the sizes of the cells in the simula-
tions were not large enough to capture the effects of random carbon
vacancies (i.e., the simulations include the implicit assumption that
the carbon vacancies are ordered). Hence, simulations provide an
upper bound for possible thermal conductivity values.

The lattice thermal conductivities decreased as temperature
increased due to the increased phonon-phonon scattering [4].
When temperature is much higher than the Debye temperature,
the number of phonons becomes proportional to temperature,
and phonon-phonon interreactions increase significantly. For ZrC,
the lattice thermal conductivity (ky) was 68 W m~! K1 at room
temperature, and decreased to 7W m~! K! when temperature
increased to 2000 K. The trend in the present study consists with
a previous experimental result wherein the phonon contribution
to thermal conductivity was obtained by taking the experimen-
tally measured total thermal conductivity for ZrCy with x values
approaching 1 and subtracting the electron contribution to thermal
conductivity that was calculated using the Wiedemann-Franz law
[40]. The total thermal conductivity of ZrCy increases with increas-
ing temperature, as shown in Fig. 1, and the high-temperature
thermal conductivity is dominated by electron conductivity. In
contrast to simulations, experimental measurements should be
considered a lower bound for thermal conductivity because of the
presence of grain boundaries, dissolved impurities, second phases,
and other features that decrease the measured value compared to
the inherent thermal conductivity of the material.

Lattice thermal conductivity can either be limited by extrinsic
effects (e.g., isotopes, impurities, point defects, or grain boundary
scattering) [65] or intrinsic effects (e.g., phonon-phonon scatter-

ing) [66]. Grain size is an extrinsic effect that decreases thermal
conductivity because phonons are scattered by grain boundaries
[29,67,68], thus lattice thermal conductivity decreases as the num-
ber of grain boundaries increases with decreasing grain size [69,70].
To quantify this effect, lattice thermal conductivities with grain
sizes of 1 m, 5 wm and 20 wm were calculated for all composi-
tions as shown in Fig. 7. For example, lattice thermal conductivity
was 78W m~! K1 for ZrC with a grain size of 1 wm, 100W m™!
K1 for a grain size of 5 um, and 110W m™! K! for a grain size of
20 pm. Similar trends were also predicted for ZrCg 75 and ZrCqg 5. The
calculations correctly predicted that lattice thermal conductivity
decreased with decreasing grain size due to increasing phonon scat-
tering at grain boundaries. However, the magnitude of this effect
is not sufficient to explain the lattice thermal conductivity values
typically measured experimentally for ZrCyx ceramics.

The presence of mixed isotopes also affects lattice thermal con-
ductivity, resulting in a decrease in thermal conductivity when the
natural abundance of isotopes was considered [71-76]. For exam-
ple, the thermal conductivity of 1'B412C was about 15 % lower
than '9B412C at room temperature [57] and is further lowered
when mixtures of isotopes were considered. The heavier isotopes
play a critical role in scattering. For some materials that have
large mass differences between isotopes, phonon-isotope scatter-
ing can dominate the overall thermal conductivity (i.e., overwhelm
phonon-phonon scattering) at room or elevated temperatures. For
example, the thermal conductivity of GaN with a natural abun-
dance of isotopes is about 33 % lower than the isotopically pure GaN
at room temperature due to weak anharmonic phonon-phonon
scattering [60]. Strong isotope-phonon scattering and weak anhar-
monic phonon-phonon scattering result in a large isotope effect
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on the vibrational properties. The isotope effect on lattice thermal
conductivity of ZrC was calculated previously [29], which showed
that isotope scattering can be the predominant effect in deter-
mining lattice thermal conductivity. However, the isotope effect
is temperature-dependent and its effectiveness decreases as tem-
perature increases. In the present work, the effect of isotopes on
the lattice thermal conductivities of ZrCx ceramics was minimal as
shown in Fig. 8. For example, accounting for the natural abundance
of Zr isotopes only reduced room temperature lattice thermal con-
ductivity from 126 W m~! K~! when the effect was not considered
to 122W m~1K-! when isotope effect was considered. Based on
these analyses, isotope scattering is also not sufficient to account
for the lower experimental values of thermal conductivity.

3.5. Mechanism of low lattice thermal conductivity

The combination of the Debye-Calloway model and first princi-
ples computations correctly predicted trends for the lattice thermal
conductivity of ZrC, with temperature and carbon vacancy con-
tent. However, the predicted lattice thermal conductivity values
for ZrC and ZrCgy 75 are higher than measured total thermal conduc-
tivity values, so additional research will examine other possible
mechanisms to explain the differences. As discussed above, part
of the difference is due to the effects of defects such as impuri-
ties or pores in real materials that reduce the measured thermal
conductivity of real materials compared to the inherent value. All
of these defects scatter the phonons or otherwise impede thermal
transport. Common impurities in zirconium carbide include Hf, O,
and N. All Zr-based materials made from commercial Zr sources
contain Hf due to its presence in naturally-occurring Zr miner-
als and the difficulty associated with separating Zr and Hf. The
presence of Hf impurities could decrease the thermal conductiv-

ity of ZrC significantly. Zirconium carbide also typically contains
dissolved O and N that substitute onto carbon vacancy sites. These
factors could lower experimental values of thermal conductivity
compared to the present results, which do not take those factors
into account. Similarly, pores could also reduce the thermal con-
ductivities significantly. ZrCy samples with lower relative densities
have relatively lower thermal conductivities as listed in Table 1 and
shown in Fig. 1. In addition, the high x value in the bulk ZrC, sample
is 0.98 instead of 1. Thus the measured values are lower than the
inherent thermal conductivity, and simulations likely overestimate
thermal conductivity since not all scattering mechanisms are con-
sidered. Future simulations could consider additional factors such
as grain boundary resistance or phonon-electron scattering, which
may be active in real materials and could reduce the predicted val-
ues. Once lattice thermal conductivity values are within the range
expected based on experimental studies, then the effects of electron
thermal conductivity can be combined with lattice thermal conduc-
tivity predictions to more fully analyze total thermal conductivity
of zirconium carbide ceramics.

4. Conclusion

The lattice thermal conductivities have been predicted for ZrCy
with different carbon vacancy contents (ZrC, ZrCy75 and ZrCys).
Phonon frequencies were calculated as a function of Brillouin
zone direction using the finite displacement method. In addi-
tion, the Griineisen parameters, Debye temperatures, and group
velocities were determined. The properties calculated from first
principles predictions are consistent with other studies and were
subsequently used as inputs to the Debye-Callaway model to
determine lattice thermal conductivity. The lattice thermal conduc-
tivities of ZrCy with different carbon vacancy contents all decrease
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as temperature increases due to the effect of phonon-phonon
scattering. Lattice thermal conductivities of ZrCy also decreased
with increasing carbon vacancy content because increasing car-
bon vacancy content decreases the vibration frequencies, which
causes a decreased ability to transport heat. Thus, ZrCy can be tai-
lored from a thermal dissipating material with x~1 to a thermal
insulating material when x=0.5, which opens a new window to
tune the thermal conductivity of ZrC, through carbon vacancy con-
trol. The effects of the natural distribution of Zr isotopes, grain
boundaries, and phonon-phonon interactions all decrease the lat-
tice thermal conductivities for all of the compositions studied in
this work. While these calculations correctly predict the trends in
lattice thermal conductivity with temperature, the magnitudes of
the values predicted for ZrC are higher than experimentally mea-
sured total thermal conductivity values. Hence, future research will
focus on incorporating additional mechanisms to account for dif-
ferences between predicted lattice thermal conductivity values and
those typically measured for ZrCy ceramics.
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