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Abstract— In this paper, we propose a Sparse Code
Spreading-aided Multi-Carrier Differential Chaos Shift Keying
(SCS-MC-DCSK) transceiver to improve the efficiency and reli-
ability performances for multiuser transmissions. With the aim
to improve the spectrum efficiency and enhance the reliability,
we construct a multi-dimension codebook based on a factor
graph matrix to spread information bits in a non orthogonal
way, thus the signals could overlap and multiple users are
allowed to share all sub-carrier resources via the non orthogonal
spreading. The information bits using the same codebook are
regarded as a layer, while each user could choose to use one or
multiple layers. Then the resultant symbols are spread by the
reference chaotic sequence and its quadrature version generated
by Hilbert transform in the time domain. At the receiver,
reverse operations are conducted, and we propose the Minimum
Distance (MD) detection method to retrieve the estimates. Fur-
thermore, theoretical performances, including the Symbol Error
Rate (SER), capacity, energy efficiency, spectrum efficiency and
computational complexity, are analyzed and compared among
the proposed design and benchmarks. Simulation results are
then provided to validate the theoretical analysis. Moreover,
the Bit Error Rate (BER) performances under different channel
conditions demonstrate the superior reliability and efficiency to
benchmarks.
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I. INTRODUCTION

CHAOTIC signals have a wide range of potential applica-
tions in wireless systems to enhance the physical layer

security and resist the jamming [1], [2] or the interferences,
thanks to their natural properties such as being aperiodic and
sensitive to the initial value [3].

Since the non-coherent chaotic modulation scheme,
Differential Chaos Shift Keying (DCSK) [4], removes the
complex chaotic synchronization circuit required by the coher-
ent chaotic modulation, they have attracted more research
interests than coherent chaotic modulation schemes. Moreover,
the applications of the DCSK scheme in wireless systems
including cooperative communication systems [5], relay com-
munication systems [6], mobile communication systems [7],
Ultra Wide Band (UWB) systems [8] as well as Simultaneous
Wireless Information and Power Transfer (SWIPT) systems [9]
have been well investigated.

However, in DCSK systems, half the bit duration is required
for the delivery of reference chaotic signals, while the delay
lines used for the differential operation is difficult for imple-
mentations. Many research works have put efforts to improve
the data rate and the practicality of DCSK transceivers.

A. Related Research Works

Researchers have utilized resources in the time, code, space
and the frequency domains to address the above issues.
For example, the Quadrature Chaos Shift Keying (QCSK)
scheme [10] adopts Hilbert transform to construct a quadrature
chaotic signal to deliver more bits, while in [11], a Spa-
tial Modulation (SM) (SM-DCSK) scheme utilizes the space
domain to improve the efficiency. In addition, [12] has pro-
posed a Pulse Position Modulation (PPM) scheme to exploit
the position of pulses to modulate more bits while [13]
extends PPM-DCSK scheme to the Multi-User (MU) sce-
narios with low complexity, high energy efficiency and data
rate. Moreover, to remove the delay lines, a Code-Shifted
DCSK (CS-DCSK) [14] scheme is presented to separate the
reference and the data by Walsh codes. Furthermore, higher
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order modulation schemes are proposed, such as the Multi-
level CS-DCSK (MCS-DCSK) [15] method which uses high
order Walsh code, and the MCS-DCSK with M -ary Modu-
lation (MCS-MDCSK) [16] as well as the MCS-DCSK with
Code Index Modulation (CIM-MCS-DCSK) [17] schemes to
improve the data rate. Except for these achievements on
enhanced efficiency performances, research works have also
been done to improve the reliability performances. For exam-
ple, a Frequency Modulation (FM) scheme is proposed to keep
the symbol energy constant [18], then a low-complexity energy
detector is presented for the FM-DCSK system to combat the
narrow interferences [8].

In the frequency domain, the Multi-Carrier DCSK system
(MC-DCSK) [19] has been proposed to utilize orthogonal mul-
tiple subcarriers to remove the delay line and to improve the
efficiency via allowing multiple information bearing signals to
share one reference signal. Then the improved versions of the
MC-DCSK system are proposed [20]–[23] to improve perfor-
mances including the energy efficiency, spectral efficiency and
the reliability.

In order to further enhance MC-DCSK system perfor-
mances, the carrier index is utilized in [20] to improve Bit
Error Rate (BER) performances, spectral efficiency and energy
efficiency. Then this scheme was further extended in [21] to
flexibly adjust the number of both index carriers and index bits
to enhance the practicality. Furthermore, in [22], the authors
proposed a hierarchical-modulation scheme called Multi-
Carrier M -ary DCSK system with Code Index Modulation
(CIM-MC-M -DCSK) which applied the M -ary modulation
for information-bearing signals over the cosinoidal carriers
and the index modulation for the reference chaotic signal
spread by Walsh codes over the sinusoidal carriers, to improve
the BER performances and flexibly serve different quality of
service demands. Furthermore, [9] proposed a new Multiple-
Input-Single-Output (MISO) SWIPT scheme for CIM-MC-
M -DCSK system [22] suitable for e-health internet of things
applications. Moreover, in [23], the Gram-Schmidt algorithm
is used to generate orthogonal chaotic basis to improve the data
rate, energy efficiency and spectrum efficiency for MC-DCSK
systems. Additionally, the authors proposed to perform car-
rier interference code to suppress the Peak-to-Average Power
Ratio (PAPR) [24].

Additionally, the MC-DCSK schemes applies in MU scenar-
ios are also investigated in [25]–[27]. Among these schemes,
the orthogonal subcarriers are respectively used to deliver
the information-bearing signals and the dedicated reference
chaotic signals in [25], while in [26], only multiple reference
chaotic signals are delivered separately over different subcarri-
ers whereas the information-bearing signals can be overlapped
and share the sub-bands. Then in [27], the analog network
coding is applied to improve the spectrum efficiency and the
energy efficiency.

In our previous works [28], [29], we proposed improved
MC-DCSK schemes to respectively enhance the reliability
or the robustness for the data respectively delivered via a
specific subcarrier. In [28], we presented a general iterative
receiver to improve the reliability performances with no need
to change the MC-DCSK transmitter structure, while in [29],

we proposed to exploit the frequency diversity gain via the
frequency hopping to enhance the robustness to channel con-
dition variations over non contiguous bands.

To briefly sum up, most of the MC-DCSK and improved
designs deliver the data via orthogonal codes or subcarri-
ers. Although in [26] the chaotic modulated symbols can
be overlapped, since chaotic sequences are non orthogonal,
the transmissions would suffer from severe Multi-User Inter-
ferences (MUIs) which degrades the reliability performances.

B. Motivation and Contributions

Although a lot of research achievements have been pre-
sented to improve the performances of chaotic transmissions,
few research works take account of the skyrocketing through-
put demand and massive connectivity. When the number of
User Equipments (UEs) is large, the performance degrada-
tions induced by the interferences between chaotic chips will
become intolerable, and the spectrum efficiency is lowered by
the delivery of multiple reference chaotic signals.

Our motivation is to improve the reliability and the data
rate for chaotic systems serving a large number of UEs. In our
design, inspired by the Sparse Code Multiple Access (SCMA)
scheme [30]–[34] which utilizes the multi-dimensional code-
book to achieve non-orthogonal spreading, we propose to
exploit the sparse code spreading and multi-dimensional code-
book to allow the overlapping of chaotic signals.

Different from the existing research works based on the
orthogonal signal processing, in this paper, we propose a
Sparse Code Spreading-aided Multi-Carrier Differential Chaos
Shift Keying (SCS-MC-DCSK) transceiver, wherein the data
sharing the same reference chaotic signal would overlap over
subcarriers in an non-orthogonal way. Our objective is to
improve the spectrum efficiency while retaining satisfactory
reliability performances.

In the proposed SCS-MC-DCSK system, at the transmitter,
we construct the sparse codebook, and the information bits
from a specific user are mapped to a predefined sparse
codeword. Thus a multi-dimension constellation modulation
is implemented and the bits are spread in a non orthogonal
way. Notably, the information bits using the same codebook
are defined as a layer, while each layer has a unique sharing
pattern of the sub-carrier bands. Namely, the codebook of each
layer is different from each other to distinguish the signals
overlapping on the same sub-carrier which are generated by
the same mother constellation mapping. Then the resultant
symbols are modulated and spread by the reference chaotic
sequence and its quadrature version generated by Hilbert
transform in the time domain, thus the dimension of the
constellation could be doubled. Thanks to the sparse spreading,
the data from multiple users can overlap and share all the sub-
carrier bands.

At the SCS-MC-DCSK receiver, reverse operations are con-
ducted. After the Fast Fourier Transform (FFT), the correlated
chaotic demodulations are carried out to attain the received
information bearing vector. Then we reconstruct the possible
transmitted information bearing vector and use a Minimum
Distance (MD) detector to identify the layers. Afterwards, for
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each layer, the sparse de-spreading is implemented to recover
the data for different UEs.

Furthermore, we derive the Pairwise Error Probability (PEP)
and the Upper Bound (UB) of the Symbol Error Rate (SER)
expression by PEP for the proposed system. Then for the
sparse code aided multi-dimension mapping, based on the
discrete input constellation, we derive the Constellation Con-
strained (CC) capacity over the Additive White Gaussian
Noise (AWGN) and ergodic CC capacity over the multipath
Rayleigh fading channel. Moreover, the energy efficiency,
spectrum efficiency and complexity are also analyzed and
compared with benchmarks.

Briefly, the main contributions of this paper include:

1) We propose to construct the sparse codebook based
on the spectrum map, then we group the information
bits from different users into multiple layers in a non-
orthogonal way, where each layer uses specific subsets
of sub-carriers to transmit the signals. Meanwhile, all
UEs share the same reference chaotic signal. Thus the
spectrum efficiency can be improved by overlapping
multiple non-orthogonal layers and orthogonal multiple
subcarriers in a subset.

2) We propose to modulate the information data with
the chaotic sequence and its Hilbert version for each
subcarrier. Thus adjacent symbols are extended in the
in-phase and quadrature dimensions, accordingly the
Euclidean distance could be enlarged and the reliability
performances would be enhanced thanks to the shaping
gain.

3) We propose the receiver architecture for the proposed
SCS-MC-DCSK transmitter. After the correlated demod-
ulation with the reference chaotic signal, the MD detec-
tion is applied to identify which user equipment the data
would be transmitted. Then the sparse de-spreading is
conducted to recover the data of each layer.

4) We derive the UB of SER performances and the CC
capacity of the proposed system over AWGN channel
and multipath Rayleigh fading channel with consider-
ations of MUIs. Moreover, the spectrum efficiency as
well as the energy efficiency and the computational
complexity are analyzed. Simulation results are also
provided to validate the theoretical analysis, and to
demonstrate the enhanced reliability performances and
the anti-jamming capability of our design.

The remainder of the paper is organized as follows.
In Section II, the details of the SCS-MC-DCSK transceiver
are presented. Section III derives the upper bound of the
SER expression and CC capacity over the AWGN channel
and multipath Rayleigh fading channel, and analyzes the
efficiency as well as the complexity. Subsequently, Section IV
provides the simulation results for performance validations and
comparisons. Finally, Section V concludes the paper.

II. SCS-MC-DCSK TRANSCEIVER

In this section, the transmitter architecture, the code-
book design, the receiver architecture and the MD detec-
tor of the proposed SCS-MC-DCSK scheme are presented.

Fig. 1. An example of the uplink multiuser communication scenario using
SCS-MC-DCSK transceivers.

Figure 1 illustrates the potential uplink multiuser communica-
tion scenario using the proposed SCS-MC-DCSK transceiver,
wherein the information bits from multiple UEs with the
number of A would be delivered to the Base Station (BS)
respectively using predefined sub-bands.

A. Transmitter

As shown in Fig. 2, at the SCS-MC-DCSK transmitter,
the bit streams are firstly grouped into layers. Then they
are respectively encoded by the sparse code spreader, and
modulated by the chaotic sequences and its Hilbert trans-
formation version in the chaos-based spreader. Subsequently,
the reference sequence and the information-bearing sequences
are transformed by the Inverse Fast Fourier Transform (IFFT)
module. Then after the Parallel to Serial (P/S) conversion
and adding the Cyclic Prefix (CP), the resultant signals are
transmitted over wireless channels. More details are provided
as follows.

1) Layering and Sparse Code Spreading: Let Ja > 0, a =
1, . . . , A denote the number of layers used by the UE a and J
denote the total number of layers, then we have

�A
a=1 Ja = J .

In other words, in the proposed system, UE 1, …, UE A can
respectively use J1, . . . , JA layers, which means that each UE
could use multiple layers, which are different from the layers
used by the other UEs, to deliver the data. When one UE
only use one layer, the maximal number of UEs served could
be achieved. In this case, J equals to the maximal number
of UEs.

To be more explicit, let bj (j = 1, . . . , J) denote the infor-
mation vector of the layer j, which has log2 (M) bits where
M represents the size of a codebook. Then bj is mapped to
Xj , where the mapping is expressed as f : Blog2(M) → Xj ,
Xj ⊂ CK×2, |Xj | = M where the operator |·| represents the
evaluation of the size of a set, and K denotes the number of
sub-carriers used for transmissions of information bits, which
equals to the length of the sparse code. Namely, we have
Xj = f (bj).

It’s worth pointing out that the sparse code spreading mod-
ule will spread the signal in the frequency domain and will not
add redundant bits. Unlike the error correction coding which
lowers the efficiency due to the delivery of redundant bits,
thanks to the orthogonality in the time domain brought by the
sparse codes, the signals could overlap in an non-orthogonal
way, thus the spectrum efficiency could be enhanced. In addi-
tion, although the sparse code spreading would not correct
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Fig. 2. The SCS-MC-DCSK transmitter structure.

the transmission errors, it could improve the Signal to Noise
Ratio (SNR) and thus the reliability performances could be
enhanced.

Notably, Xj is a 2K-dimension complex codeword of the
layer j’s codebook of size M , and is denoted by:

Xj =
�

xj,1, . . . , xj,K

xj,K+1, . . . , xj,2K

�T

, (1)

where (·)T denote transpose and each column of Xj represents
a sparse complex vector having N < K-nonzero elements,
which is equal to the number of the occupied subcarriers by
each layer.

2) Chaotic Sequence Generation: On the other hand,
the chaotic sequences are generated by the chaotic generator.
Let c1 denote the chaotic sequence with the length of β,
which is generated using the logistic map, i.e., c1,m+1 =
1 − 2c2

1,m (m = 1, 2, . . . ), where c1,m is the mth chip of
the chaotic sequence. Subsequently, the Hilbert transforma-
tion [10] is applied on c1 = (c1,1, . . . , c1,β)T and we obtain
another quadrature chaotic sequence as c2 = (c2,1, . . . , c2,β)T .
Namely, we have

�β
m=1 c1,mc2,m = 0.

We use Ec to represent the energy of c1, namely Ec =�β
m=1 c2

1,m. Since the Hilbert transformation doesn’t change
the energy of the sequence, the energy of c2 is also Ec. Then
we normalize these two chaotic sequences to maintain the
energy as 1 to reduce the fluctuations of the energy and reduce
the variances. Let ĉ1 = c1√

Ec
and ĉ2 = c2√

Ec
respectively

represent the normalized chaotic sequences, where ĉ1 =
(ĉ1,1, . . . , ĉ1,β)T , ĉ2 = (ĉ2,1, . . . , ĉ2,β)T . Then the energy of
ĉ1 will be

�β
m=1 ĉ2

1,m = 1
Ec

�β
m=1 c2

1,m = 1 and so does ĉ2.
Notably, after the normalization, the two resultant chaotic
sequences still remain orthogonal, i.e.

�β
m=1 ĉ1,mĉ2,m = 0.

3) Chaotic Modulation: Next, each row of Xj is respec-
tively modulated with the chaotic sequences ĉ1 and ĉ2. For
example, for the kth (k = 1, . . . , K) row of Xj , the chaotic
modulated symbol is expressed as:

uj,k = xj,kĉ1 + xj,K+kĉ2, k = 1, . . . , K. (2)

Notably, for the K − N zero elements in the column of Xj ,
the corresponding elements in the resultant uj,k are also zero.

Fig. 3. Factor graph representation, J = 6, K = 4, N = 2 and df = 3.

In addition, the modulated symbols obtained from the jth layer
are represented by Uj = [uj,1, . . . ,uj,K ].

4) Multicarrier Modulation: Subsequently, Uj from the
same UE will be collected and combined with the refer-
ence chaotic sequence to constitute the transmitted matrix
of each UE. For instance, the matrix of UE 1 is U�

1 =√
P
�
uref ,

�J1
j=1 Uj

�
where P is the energy of trans-

mitted signals and uref = 1√
A
ĉ1. Then, each row

of U�
a(a = 1, . . . , A) is modulated by the IFFT module,

the resultant symbols from different UEs are combined and
transmitted over wireless channels.

It is worth pointing out that in our design, J layers could
share the K sub-carriers with J > K , and each layer occupies
N sub-carriers, while the sharing pattern of information-
bearing signals is decided by a factor graph matrix denoted
by F with the size of K × J . If (F)k,j , the element of kth

row and jth column in F, has the value of 1, then it means
that the layer j uses the (k + 1)th sub-carrier. In addition, for
those symbols of different layers overlapping over the same
one sub-carrier band, we define df = NJ

K to denote the number
of layers that overlap in one sub-carrier band, and define the
overloading factor as λ = J/K .

For example, Fig. 3 illustrates a factor graph representation
F having 6 layer nodes and 4 sub-carrier nodes. Then we
could obtain F as:

F =

⎡
⎢⎢⎣

1 0 1 0 1 0
0 1 1 0 0 1
1 0 0 1 0 1
0 1 0 1 1 0

⎤
⎥⎥⎦. (3)

Without loss of generality, we assume that the sub-carrier 1
is used for delivering the reference signal. At the receiver,
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Fig. 4. The mother constellation of the SCS-MC-DCSK system with J = 6,
M = 4, K = 4, N = 2.

the codeword Xj will be used to recover the data of the jth

layer from the received overlapped signals. In the following
subsection, we will present details about how to construct Xj

with the predefined F.

B. Codebook Design

For the proposed system, we propose to construct the
codebook with considerations of the spectrum map. More
explicitly, we first insert K − N all-zero row vectors into
the rows of a unit matrix IN based on the factor graph
matrix F to generate a sparse binary mapping matrix Vj of
the layer j. Then we construct the mother constellation map
X�

j = g (bj), and the data are modulated with the rotation
version of X�

j . Afterwards, we compose the codeword Xj =
Vj (Δjg (bj)) = Vj



ΔjX�

j

�
as the layer j’s codebook.

Take (J, M, N, K) = (6, 4, 2, 4) as an example, Xj would
be constructed as follows.

1) Generation of Vj: Let the element “1” denote that the
subcarrier is available for the information-bearing sequences
of jth layer. For the jth column of F, we insert K − N
all-zero row vectors within the rows of a unit matrix IN to
generate Vj . For example, when the first column of F is
(1, 0, 1, 0)T , V1 is expressed as

V1 =
�

1 0 0 0
0 0 1 0

�T

. (4)

2) Mother Constellation Mapping X�
j = g (bj) and the

Constellation Operator Δj: Next we would construct the
mother constellation and the layer-specific constellation opera-
tor. Different from [30], [31], we take the proposed orthogonal
chaotic modulation scheme into account of the constellation
design. Explicitly, thanks to Hilbert transform, the constel-
lation could be constructed with a matrix with a dimension
of 2N . Thus a larger shaping gain [35] could be attained and
the reliability performances would be improved.

As shown in Fig. 4, let X1, X2 represent the axis ĉ1

while Y 1, Y 2 respectively represent the axis ĉ2 of the
first and second non-zero element of the codeword. Let the
2N -dimension vector X�

j represent the mother constellation
point corresponding to the information of the layer j, which

is expressed as:

X�
j =

�
x�

j,1, . . . , x�
j,N

x�
j,N+1, . . . , x�

j,2N

�T

, (5)

where the first and second row vectors respectively corre-
sponds to the axes ĉ1 and ĉ2.

Then we rotate X�
j to generate multiple rotation versions for

identifications of different layers at receivers. With considera-
tions of the complexity and the practicality, we propose that the
rotation angle keeps the same. Then let Δj =



Δ1, . . . , ΔN

�T

denote the constellation rotation operator, we have the nth row
of ΔjX�

j as

Δn (θ1, θ2) (x�
j,n, x�

j,n+N )
= [(x�

j,n cos θ1 − x�
j,n+N sin θ1),

(x�
j,n+N cos θ1 + x�

j,n sin θ1)] eiθ2 , n = 1, . . . , N,

(6)

where i is the imaginary unit, θ1 = 2π
ρ1d1

(0, . . . , d1 − 1),
and θ2 = 2π

ρ2d2
(0, . . . , d2 − 1), which respectively denote the

rotation angle in the coordinate constructed by the axes of ĉ1

and ĉ2, and the coordinate constructed by the axes of cosine
and sine signals. ρ1, ρ2 are equal to the number of different
phases of the points for the practicality, while in this example,
ρ1 = ρ2 = 2, since the constellation for M = 4 only has
two phases as shown in Fig. 4. Besides, d1d2 ≥ df , as well
as d1 and d2 should be as small as possible to enlarge the
Euclidian distance between different layers, hence here we set
d1 = d2 = 2.

3) Construction of Xj : When (J, M, N, K) = (6, 4, 2, 4),
we have

Δ1 =

�
Δ1 (0, 0)

Δ2
�π

2
, 0

��
Δ2 =

⎡
⎣Δ1

�
0,

π

2

�
Δ2

�π

2
, 0

�
⎤
⎦

Δ3 =

�
Δ1

�
0,

π

2

�
Δ2 (0, 0)

�
, Δ4 =

�
Δ1 (0, 0)

Δ2
�
0,

π

2

��

Δ5 =

�
Δ1

�π

2
, 0

�
Δ2 (0, 0)

�
Δ6 =

⎡
⎣Δ1

�π

2
, 0

�
Δ2

�
0,

π

2

�
⎤
⎦. (7)

Thus we could obtain Xj using Xj = Vj



ΔjX�

j

�
.

For example, X1 = V1 (Δ1X�
1) =

�
x�

1,1 0 −x�
1,4 0

x�
1,3 0 x�

1,2 0

�T

.

According to Fig. 4, x�
1,3 = x�

1,4 = 0, and x�
1,1, x

�
1,2 ∈

{
√

2
2 ,−

√
2

2 }. Referring to Eq. (4), (7) and Fig. 4, Eq. (3) can
be rewritten as (8), shown at the bottom of the page.

Then the information-bearing symbols as well as the refer-
ence chaotic symbols will be delivered over channels.

⎡
⎢⎢⎣

x�
1,1ĉ1 0 x�

3,1iĉ1 0 x�
5,1ĉ2 0

0 x�
2,1iĉ1 x�

3,2ĉ1 0 0 x�
6,1ĉ2

x�
1,2ĉ2 0 0 x�

4,1ĉ1 0 x�
6,2iĉ1

0 x�
2,2ĉ2 0 x�

4,2iĉ1 x�
5,2ĉ1 0

⎤
⎥⎥⎦. (8)
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Fig. 5. The block diagram of the SCS-MC-DCSK receiver.

C. Receiver

At the receiver, operations reverse to the transmitter
are conducted. After removing the CP and the Serial to
Parallel (S/P) conversion, the FFT operations are carried out,
then the obtained symbols over the 1th and the (k + 1)th

(k = 1, . . . , K) sub-carriers undergoing the multiplicative fad-
ing and the additive noises are expressed as:

y1 =
A�

a=1

diag (ha,1)u�
a,1 + n1,

yk+1 =
A�

a=1

diag (ha,k+1)u�
a,k+1 + nk+1, (9)

where y1 is the received reference chaotic signal and
yk+1 is the received information-bearing signal. The mth

(m = 1, . . . , β) chip of y1 and yk+1 are respectively denoted
by y1,m and yk+1,m. u�

a,1 and u�
a,k+1 are respectively 1th

and (k + 1)th column of U�
a, ha,1 and ha,k+1 denote the

multiplicative complex channel matrix respectively of the 1th

and (k + 1)th subcarrier and both of the UE a. Both noises
n1 and nk+1 follow CN (0, N0I). diag(·) is the diagonal
matrix generation operation, where the diagonal element of
output matrix corresponds to the entry of the input vector.
In addition, ha,k+1 = (ha,k+1,1, . . . , ha,k+1,β)T , wherein
ha,k+1,m (m = 1, . . . , β) represents the coefficient for the
(k + 1)th subcarrier and mth chip of the UE a, which is given
by [26], [36]:

ha,k+1,m =
L�

l=1

αl,�mTo
Th

�e
−2πmfk+1τ

l,� mTo
Th

�
, (10)

where L is the total number of multipath fading channel paths,
l is the channel path index, fk+1 is the frequency of the
(k + 1)th sub-carrier, To is the OFDM symbol duration while
Th = qTo is the time duration when the channel coefficient
αl,�mTo

Th
� maintains constant during the transmission of q

OFDM symbols. Namely, the parameter q refers to the ratio
of the coherence time of the channel to the coherent time of
symbols. Besides, �·� is the ceiling operator for rounding up
to an integer, and τl,�mTo

Th
� denotes the channel delay of the

lth path.
Due to the usage of the CP, in the case that the maximum

channel delay time is much lower than the multi-carrier
symbol intervals, namely τl,�mTo

Th
� 	 To, the multipath

interferences at the receiver become negligible, then we have

e
−2πmfk+1τ

l,� mTo
Th

� = e
−2πm(k+1)τ

l,� mTo
Th

�/To ≈ 1 [26], [36].
Accordingly, Eq. (10) can be simplified as [26], [36]:

ha,m =
L�

l=1

αl,�mTo
Th

�. (11)

From Eq. (11), it can be seen that ha,m is uncorrelated to
the subcarrier index k + 1. Then, ha,k+1 can be simplified
as ha = (ha,1, . . . , ha,m, . . . , ha,β)T where ha,m is given in
Eq. (11).

In addition, ha,1 = (ha,1,1, . . . , ha,1,β)T in Eq. (9) is
the coefficient for the 1th subcarrier of the UE a and
ha,1,m (m = 1, . . . , β) is the mth chip of ha,1, denoted

by ha,1,m =
�L

l=1 αl,�m
q �e

−2πmf1τ
l,� mTo

Th
� . For brevity of

expressions, ha,k+1,m is simplified as ha,m, while ha,1 is
simplified as ha.

Without loss of generality, we assume each UE experiences
the statistically independent and identically distributed channel
conditions. Subsequently, we could retrieve the estimate of ĉ1,
ĉ2 denoted by c̃1 = (c̃1,1, . . . , c̃1,β)T ,

c̃1,m = R
�√

A

A�
a=1

h∗
a,my1,m

�
, (12)

while c̃2 = (c̃2,1, . . . , c̃2,β)T is obtained by performing Hilbert
transform on c̃1. Besides, R{·} takes the real part of a
complex number and (·)∗ is the conjugate operator.

After the correlated demodulation with ĉ1, ĉ2, we obtain
the information-bearing vector as

Y = (Y1, . . . , Y4K)T
. (13)

The ϕth element in Y is denoted by

Yϕ =

⎧⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎩

R
��β

m=1

�
aj∈Ak

h∗
aj ,myk+1,mc̃1,m

�
,

ϕ = k

I
��β

m=1

�
aj∈Ak

h∗
aj ,myk+1,mc̃1,m

�
,

ϕ = K + k

R
��β

m=1

�
aj∈Ak+K

h∗
aj ,myk+1,mc̃2,m

�
,

ϕ = 2K + k

I
��β

m=1

�
aj∈Ak+K

h∗
aj ,myk+1,mc̃2,m

�
,

ϕ = 3K + k,

(14)

where k = 1, . . . , K , R{·} and I {·} respectively take the
real part and imaginary part of a complex number and (·)∗ is
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the conjugate operator. In addition, UE aj (aj ∈ {1, . . . , A})
represents the UE which delivers the information via the jth

layer, which constitutes a set Ak = {aj|xj,k �= 0}. Besides,
haj ,m represents the channel response experienced by the jth

layer and the mth chip.
Then the obtained vector is processed by the MD detector

to separate symbols to obtain the estimates of the information-
bearing symbols X̃ =

�
X̃1, . . . , X̃J

�
.

Specifically, let Y denote the received symbol, then the
estimate of the codewords X = [X1, . . . ,XJ ], which is
denoted by X̃, could be obtained by evaluating the joint
optimum Maximum A Posteriori (MAP) as

X̃ = arg max
X∈(×J

j=1)Xj

p (X | Y), (15)

where

×J

j=1

�Xj = X1 × · · · × XJ is the set of trans-
mitted codewords, × denotes the Cartesian product operator,
Xj denotes the set of all the possible Xj .

Furthermore, considering that the MAP method has high
complexity due to the probability calculations, we proposed
to estimate received symbols by calculating the MD between
estimates and received symbols. More explicitly, since the
information bits “1" and “0" are uniformly distributed,
the information-bearing symbols X are also uniformly dis-
tributed, hence we have p(X) = 1

MJ . In addition, using the
Gaussian Approximation (GA) methods, we could approxi-
mate the elements of Y as statistically independent Gaussian
random variables. Then according to the Bayes Theorem, i.e.
p (X | Y) p(Y) = p (Y | X) p(X), the MAP problem becomes

X̃ = arg max
X∈(×J

j=1)Xj

p (X | Y) ⇔ arg max
X∈(×J

j=1)Xj

p (Y | X)

⇔ arg max
X∈(×J

j=1)Xj

exp
�
− (Y−E[Y|X])T cov[Y|X]−1(Y−E[Y|X])

2

�
�

(2π)4K det (cov [Y | X])
⇔ arg min

X∈(×J
j=1)Xj


Y − E [Y | X]
, (16)

where E[·] and cov[·] respectively denote the numerical expec-
tation and the covariance of the random variable vector, det (·)
represents the determinant of a matrix, (·)T is the transpose
operator and 
·
 denotes the Euclidean norm of a vector.
In addition, for all X ∈ 
×J

j=1

�Xj , since the same transmit
power has been applied and the statistical characteristics of
channels is assumed to remain the same during the data
transmission of a specific user, the influences of cov [Y | X]
on the detection performances could be neglected. Therefore,
the estimate could be evaluated approximately with the Euclid-
ean norm of Y − E [Y | X].

After the sparse de-spreading, i.e., b̃j = f−1(X̃j), the esti-
mates from different layers are grouped and delivered to the
destination users.

III. THEORETICAL ANALYSIS

In this section, we apply the GA method to analyze
the theoretical SER performance, then we analyze the
CC capacity, the energy efficiency, the spectrum efficiency and
the complexity.

A. Expectation and Variance of Received Signals

1) Statistical Characteristics of the Reference Chaotic Sig-
nal: Based on Eq. (12), we could rewrite the estimate of the
reference chaotic signal c̃1,m as:

c̃1,m =
√

P
��� A�

a=1

ha,m

���2ĉ1,m + R
�√

A

A�
a=1

h∗
a,mn1,m

�

=
√

P
��� A�

a=1

ha,m

���2ĉ1,m + ξm, (17)

where n1,m represents the mth chip of noise imposed on
the first sub-carrier and ξm represents the noise term of
c̃1,m, denoted by R

�√
A

�A
a=1 h∗

a,mn1,m

�
. |·| represents the

absolute value of a scalar.
As mentioned above, the logistic map is applied to generate

the chaotic sequence c1,m. In this case, we have E
�
c2
1,m

�
= 1

2

and var
�
c2
1,m

�
= 1

8 [37]. Then for the normalized chaotic
sequence ĉ2

1,m with the energy equal to
�β

m=1 ĉ2
1,m = 1,

we have

E
�
ĉ2
1,m

�
=

1
Ec

E
�
c2
1,m

�
=

1
2 Ec

,

var
�
ĉ2
1,m

�
=

1
E2

c

var
�
c2
1,m

�
=

1
8E2

c

. (18)

The approximate numerical expectation and the variance of
ξm are

E [ξm | H] = 0, var [ξm | H] = E
�
ξ2
m | H�

=
AN0

2

��� A�
a=1

ha,m

���2. (19)

where H represents the matrix of [h1, . . . ,hA].
Since Hilbert transform would not change the statistical

characteristics, we can derive that c̃2,m has the same condi-
tional numerical expectation and variance as c̃1,m.

2) Numerical Expectation and Variance of Information-
Bearing Signals: Based on Eq. (14), we could estimate the
expectation and variance of Y. For different ϕ, E[Yϕ] and
var[Yϕ] could be evaluated in a similar way. Take Yϕ with
k = 1, · · · , K and ϕ = k as an example. We define a
set Jk = {j|xj,k �= 0}. With c̃1,m given by Eq. (17) and�β

m=1 ĉ1,mĉ2,m = 0, we could derive Yϕ for k = 1, · · · , K
and ϕ = k as (20), shown at the bottom of the next page,
where nk+1,m (k = 1, . . . , K) denotes the mth chip of the
noise imposed on the (k + 1)th sub-carrier. Besides, from
Eq. (20), we could see that Yϕ consists of the information-
bearing component sϕ, and the noisy components w1,ϕ, w2,ϕ

and w3,ϕ.
Next, we evaluate the numerical expectation and the vari-

ance of Yϕ. Without loss of generality, we assume the channel
response and the energy of the reference chaotic sequence
could be learned. Thus for the known Ec and H, the con-
ditional expectation and the variance of Yϕ are derived as
follows:

E [Yϕ | X,H, Ec]
= E [sϕ | X,H, Ec] + E [w1,ϕ | X,H, Ec]

+ E [w2,ϕ | X,H, Ec] + E [w3,ϕ | X,H, Ec] ,
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var [Yϕ | X,H, Ec]
= var [sϕ | X,H, Ec] + var [w1,ϕ | X,H, Ec]

+ var [w2,ϕ | X,H, Ec] + var [w3,ϕ | X,H, Ec]. (21)

Subsequently, we calculate the expectation and the variance
of each item in Eq. (21) respectively. First, for the information-
bearing item sϕ, we have

E [sϕ | X,H, Ec]

= P

β�
m=1

R
���� A�

a=1

ha,m

���2� �
aj∈Ak

h∗
aj ,m

� �
j∈Jk

haj,mxj,k

�
×E

�
ĉ2
1,m

�
=

P

2 Ec

β�
m=1

R
���� A�

a=1

ha,m

���2� �
aj∈Ak

h∗
aj ,m

� �
j∈Jk

haj ,mxj,k

�
,

var [sϕ | X,H, Ec]

= P 2

β�
m=1

R
���� A�

a=1

ha,m

���2� �
aj∈Ak

h∗
aj,m

� �
j∈Jk

haj ,mxj,k

�2

× var
�
ĉ2
1,m

�
=

P 2

8 E2
c

β�
m=1

R
���� A�

a=1

ha,m

���2� �
aj∈Ak

h∗
aj ,m

� �
j∈Jk

haj ,mxj,k

�2

.

(22)

Considering that
�β

m=1 ĉ2
1,m = 1, we can deduce that

E
��β

m=1 ĉ2
1,m

�
= 1 and var

��β
m=1 ĉ2

1,m

�
= 0. In the case

that the channel responses remain constant over the whole
symbol duration, i.e., q = β and ha,m = ha, haj ,m = haj ,
Eq. (22) becomes

E [sϕ | X,H]

= R
�

P
��� A�

a=1

ha

���2� �
aj∈Ak

h∗
aj

� �
j∈Jk

haj xj,k

�
E
� β�

m=1

ĉ2
1,m

�

= R
�

P
��� A�

a=1

ha

���2� �
aj∈Ak

h∗
aj

� �
j∈Jk

haj xj,k

�
,

var [sϕ | X,H]

= R
�

P
��� A�

a=1

ha

���2� �
aj∈Ak

h∗
aj

� �
j∈Jk

haj xj,k

�2

× var
� β�

m=1

ĉ2
1,m

�
= 0. (23)

For w1,ϕ, w2,ϕ and w3,ϕ, since E [ξm | X,H, Ec] = 0,
E [nk+1,m | X,H, Ec] = 0, we can derive that E[w1,ϕ | X,
H, Ec] = 0, E[w2,ϕ | X,H, Ec] = 0, E [w3,ϕ | X,H, Ec] = 0.

Yϕ = R
� β�

m=1

�
aj∈Ak

h∗
aj ,myk+1,mc̃1,m

�

= R
� β�

m=1

� �
aj∈Ak

h∗
aj ,m

���
j∈Jk

haj ,m

√
Pxj,k ĉ1,m

+
�

j∈Jk+K

haj,m

√
Pxj,k+K ĉ2,m + nk+1,m

��√
P
��� A�

a=1

ha,m

���2ĉ1,m + ξm

��

= R
�

P

β�
m=1

��� A�
a=1

ha,m

���2� �
aj∈Ak

h∗
aj ,m

� �
j∈Jk

haj ,mxj,k ĉ2
1,m

�
� � !

sϕ

+ R
�√

P

β�
m=1

��� A�
a=1

ha,m

���2� �
aj∈Ak

h∗
aj,m

�
ĉ1,mnk+1,m

�
� � !

w1,ϕ

+ R
�
P

β�
m=1

��� A�
a=1

ha,m

���2� �
aj∈Ak

h∗
aj ,m

� �
j∈Jk+K

haj ,mxj,k+K ĉ1,mĉ2,m

�
� � !

=0

+ R
� β�

m=1

� �
aj∈Ak

h∗
aj ,m

�
nk+1,mξm

�
� � !

w2,ϕ

+ R
� β�

m=1


 �
aj∈Ak

h∗
aj ,m

�
 �
j∈Jk

haj ,m

√
Pxj,k ĉ1,m +

�
j∈Jk+K

haj ,m

√
Pxj,k+K ĉ2,m

�
ξm

�
� � !

w3,ϕ

, (20)

Authorized licensed use limited to: WRIGHT STATE UNIVERSITY. Downloaded on February 16,2022 at 22:29:13 UTC from IEEE Xplore.  Restrictions apply. 



1488 IEEE TRANSACTIONS ON COMMUNICATIONS, VOL. 69, NO. 3, MARCH 2021

Thus we obtain:

E [Yϕ | X,H, Ec] = E [sϕ | X,H, Ec]. (24)

On the other hand, the variance of w1,ϕ, w2,ϕ and w3,ϕ

could also be derived as:

var [w1,ϕ | X,H, Ec]

=
PN0

4 Ec

β�
m=1

��� A�
a=1

ha,m

���4��� �
aj∈Ak

haj ,m

���2,
var [w2,ϕ | X,H, Ec]

=
AN2

0

4

β�
m=1

��� A�
a=1

ha,m

���2��� �
aj∈Ak

ha,m

���2,
var [w3,ϕ | X,H, Ec]

=
APN0

4 Ec

β�
m=1

��� A�
a=1

ha,m

���2�R�� �
aj∈Ak

h∗
aj ,m

�

×
�
j∈Jk

haj ,mxj,k

�2

+ R
�� �

aj∈Ak

h∗
aj ,m

�

×
�

j∈Jk+K

haj ,mxj,k+K

�2�
. (25)

Substituting Eq. (22), (25) into (21), we can obtain the
var [Yϕ | X,H, Ec].

Similarly, for the other ϕ = K + k, 2K + k, 3K + k,
we could derive var [Yϕ | X,H, Ec] and E [Yϕ | X,H, Ec] as
similar methods.

B. SER Analysis

Considering the decision making is based on a decision cell
of a multidimensional signal point and thus only the PEP could
be determined explicitly, hence in the following SER analysis,
we derive the union bound based on the PEP.

According to Eq. (16) and Eq. (24), the estimates of X could
be obtained by

X̃ ≈ arg min
X∈(×J

j=1)Xj


Y − E [s | X,H, Ec]
, (26)

where s = (s1, . . . , sϕ, . . . , s4K)T .
As shown in Eq. (22), the evaluation of E [sϕ | X,H, Ec]

requires the known Ec, which could be delivered via the
dedicated control channel or be approximately calculated via
the numerical average value. With considerations that E [Ec] =
βE

�
c2
1,m

�
= β

2 , we could obtain the approximate value of
E [s | X,H, Ec], which is denoted by S. Accordingly, Eq. (26)
becomes

X̃ ≈ arg min
X∈(×J

j=1)Xj


Y − S
. (27)

Next, we derive the PEP. Let PEP
�
X → X̀ | H, Ec

�
rep-

resent the PEP of mistaking X for X̀ with the known H and
Ec, where X ∈ 
×J

j=1

�Xj , X̀ ∈ �(×J
j=1)Xj

X, and �(×J
j=1)Xj

X

denotes the set of all the possible error symbols and � is the
operator of the complementary set. Then, the average PEP can

be derived by averaging conditional PEP over the distribution
of H and Ec as:

PEP
�

X → X̀

�
= E

�
PEP

�
X → X̀ | H, Ec

��
. (28)

According to Eq. (27), we could observe that when

Y − S
 >

""Y − S̀
"", the symbol decision error will occur.

Then we could derive the PEP as follows:

PEP
�
X→X̀ | H, Ec

�
=p

�

Y − S
>

""Y−S̀
"" | H, Ec

�
.

(29)

Then the inequality of 
Y − S
 >
""Y − S̀

"" can be equiva-
lently evaluated by:


Y − S

>

""Y − S̀
"" ⇔ 
Y − S
2

>
""Y − S̀

""2

⇔ 
Y − S
2
>

""Y − S + S − S̀
""2

⇔ 
Y − S
2 > 
Y − S
2 + 2


S − S̀

�T (Y − S) +
""S − S̀

""2

⇔ 

S − S̀

�T (Y − S) < −
""S − S̀

""2

2
⇔ 


S − S̀
�T (Y − S) +



S − S̀

�T (S − E [Y | X,H, Ec])

< −
""S − S̀

""2

2
+



S − S̀

�T (S − E [Y | X,H, Ec])

⇔ 

S − S̀

�T (Y − E [Y | X,H, Ec])

< −
""S − S̀

""2

2
+



S − S̀

�T (S − E [Y | X,H, Ec]). (30)

Using the GA method,


S− S̀

�T (Y − E [Y | X,H, Ec]) can
be treated as a gaussian random variable with the expectation
of zero and the variance of



S−S̀

�T cov [Y | X,H, Ec]


S−S̀

�
.

Then we obtain the expression of the conditional PEP as:

PEP
�
X → X̀ | H, Ec

�
= Q

⎛
⎝""S − S̀

""2
+ 2



S − S̀

�T (E [Y | X,H, Ec] − S)

2
�


S − S̀
�T cov [Y | X,H, Ec]



S − S̀

�
⎞
⎠,

(31)

where Q (x) is the complementary cumulative distribution
function of a standard normally distributed random variable,
which is expressed as Q (x) =

' +∞
x

1√
2π

exp

− 1

2 t2
�
dt.

cov [Y | X,H, Ec] is a diagonal matrix and the diagonal
element is the variance of Yϕ. Note that the item

""S − S̀
""

calculates the errors of the estimates induced by imper-
fect transmissions including the non-orthogonal sparse code,
the fading fading and noises etc. Moreover, since in Eq. (31),
there are multiple random variables so that the calculation of
the expectation in Eq. (28) is a multiple integration which
can be evaluated approximately by applying the Monte Carlo
integration method [38] as:

PEP
�
X → X̀

�
= 1

χ

�χ
n=1

�
PEPn

�
X → X̀ | H, Ec

��
,

(32)

where χ denotes the number of trials.

Authorized licensed use limited to: WRIGHT STATE UNIVERSITY. Downloaded on February 16,2022 at 22:29:13 UTC from IEEE Xplore.  Restrictions apply. 



CHEN et al.: RELIABLE AND EFFICIENT SPARSE CODE SPREADING AIDED MC-DCSK TRANSCEIVER DESIGN 1489

Finally, we can derive the union upper bound of the
SER as [39]:

SER ≤ 1
MJ

�
X∈(×J

j=1)Xj

( �
X̀∈�(×J

j=1)Xj
X

PEP
�

X → X̀

�)
.

(33)

C. Capacity Analysis

The CC capacity is measured by the mutual information
between the input and the output, where the input belongs to
a finite set


×J
j=1

�Xj and is uniformly distributed. Then we
calculate I (X : Y) as:

I (X : Y) = H (Y) − H (Y | X), (34)

where H (Y) is given by H (Y) = − '
p (Y) log2 (p (Y)) dY

where Y is a vector with the length of 4K and thus*
dY =

*
· · ·

*
� � !

4K

dY1 · · · dY4K . (35)

Since X is uniformly distributed, we have p(X) = 1
MJ . p (Y)

would be calculated by:

p (Y) =
�

X∈(×J
j=1)Xj

p (X) p (Y | X)

=
1

MJ

�
X∈(×J

j=1)Xj

p (Y | X). (36)

Then we could evaluate H (Y) by:

H (Y)

=−
*

p (Y) log2

⎛
⎜⎝ 1

MJ

�
X∈(×J

j=1)Xj

p (Y | X)

⎞
⎟⎠ dY

=−
*

p (Y)

⎡
⎢⎣log2

⎛
⎜⎝ �

X∈(×J
j=1)Xj

p (Y | X)

⎞
⎟⎠−log2



MJ

�⎤⎥⎦ dY

= log2



MJ

�

− 1
MJ

�
X��∈(×J

j=1)Xj

*
p (Y | X

��)

× log2

⎛
⎜⎝ �

X∈(×J
j=1)Xj

p (Y | X)

⎞
⎟⎠ dY. (37)

On the other hand, H (Y | X) in Eq. (34) can be calcu-
lated by:

H (Y | X)

=
�

X��∈(×J
j=1)Xj

p (X)H (Y | X
��)

= − 1
MJ

�
X��∈(×J

j=1)Xj

*
p (Y | X

��) log2 (p (Y | X
��)) dY.

(38)

Using the GA method, p (Y | X) is derived as (39), shown
at the bottom of the page.

With the aid of Eq. (37), (38) and (39), we can calculate
the CC as (40), shown at the bottom of the page.

Then, substituting the numerical expectation and covariance
of Y obtained in subsection III-A into Eq. (40), we can
calculate the ergodic CC capacity over the multipath Rayleigh
fading channel using Monte Carlo integration method.

D. Energy Efficiency Analysis

The definition of the energy efficiency is given by [25], [26]

Ψ =
Einformation

Eb
, (41)

where Einformation is the energy of the information-bearing
signal and Eb represents the transmitted energy for each
bit. Note that the bit energy satisfies Eb = Ereference +
Einformation and the reference signal energy is Ereference =
1

λK Einformation. For the proposed scheme where K is the
number of the subcarriers for information-bearing signal and
λ = J

K denotes the overloading factor. We use Kall to denote
the number of all subcarriers and thus, Kall = K + 1 for our
scheme. Therefore, the energy efficiency of SCS-MC-DCSK
is Ψ = λ(Kall−1)

λ(Kall−1)+1 .

p (Y | X) = E [p (Y | X,H, Ec)]

= E

⎡
⎣exp

�
− (Y−E[Y|X,H,Ec])

T cov[Y|X,H,Ec]
−1(Y−E[Y|X,H,Ec])

2

�
�

(2π)4K det (cov [Y | X,H, Ec])

⎤
⎦. (39)

I (X : Y) = H (Y) − H (Y | X) = log2



MJ

�− 1
MJ

�
X��∈(×J

j=1)Xj

×E

⎡
⎢⎢⎢⎣log2

⎛
⎜⎜⎜⎝

�
X∈(×J

j=1)Xj

exp
�
− (Y−E[Y|X,H,Ec])

T cov[Y|X,H,Ec]
−1(Y−E[Y|X,H,Ec])

2

�
exp

�
− (Y−E[Y|X��,H,Ec])

T cov[Y|X��,H,Ec]
−1(Y−E[Y|X��,H,Ec])

2

�
⎞
⎟⎟⎟⎠
⎤
⎥⎥⎥⎦. (40)

Authorized licensed use limited to: WRIGHT STATE UNIVERSITY. Downloaded on February 16,2022 at 22:29:13 UTC from IEEE Xplore.  Restrictions apply. 



1490 IEEE TRANSACTIONS ON COMMUNICATIONS, VOL. 69, NO. 3, MARCH 2021

TABLE I

ENERGY EFFICIENCY COMPARISON

TABLE II

SPECTRUM EFFICIENCY COMPARISON

Then, we compare the energy efficiency of the pro-
posed scheme with the counterpart schemes including
DCSK [4], MU-MC-DCSK [25], MU-OFDM-DCSK [26] and
SCMA [34] in TABLE I. For fairness of the comparison,
we assume that in these schemes, the reference chaotic signal
of each UE will occupy only one subcarrier. It could be
observed from TABLE I that when λ = J

Kall−1 > 1 ≥
Kall−A
Kall−1 , our proposed scheme can achieve the higher energy
efficiency compared with DCSK [4], MU-MC-DCSK [25]
and MU-OFDM-DCSK [26]. In addition, we can see that the
energy efficiency of SCMA [34] without reference signals is 1,
while the efficiency of our scheme approaches 1 as J becomes
larger.

E. Spectrum Efficiency Analysis

According to the definition of the spectrum efficiency [23],
which is the ratio of the bit rate to the total bandwidth,
the spectrum efficiency of the SCS-MC-DCSK scheme is
derived as below:

η =
J log2 M

βTo

BcKall
=

λ (Kall − 1) log2 M

βKall
, (42)

where η represents the spectrum efficiency, β is the length of
the chaotic sequence and log2 M is the number of modulated
bits transmitted via each layer, M is the size of a codebook,
To denotes the duration of each chaotic chip (which is equal to
the OFDM symbol duration in this paper), thus βTo represents
the symbol duration. In addition, Bc = 1/To represents the
bandwidth occupied by each subcarrier under the assumption
of the perfect filtering.

Note that although multiple zeros are inserted to generate
the codebook, no redundant bits are added and thus the
spectrum efficiency will not be lowered by the sparse code
spreading. Instead, thanks to non orthogonal multiplexing of
layers, the signals could overlap to deliver the information and
thus the spectrum efficiency can be improved.

As shown in TABLE II, we can observe that the presented
SCS-MC-DCSK scheme achieves larger spectrum efficiency
than the MU-MC-DCSK [25]. As to the MU-OFDM-DCSK
system [26], the spectrum efficiency performance is depen-
dent on the value of the parameter. More explicitly, when

TABLE III

COMPLEXITY COMPARISON

TABLE IV

PARAMETER SETTINGS

λ (Kall − 1) log2 M = J log2 M > (Kall − A) A, the pro-
posed system can achieve larger spectrum efficiency than
the MU-OFDM-DCSK system [26]. In addition, we can also
notice that since SCMA systems need not to deliver reference
signals, the spectrum efficiency is slightly higher than our
proposed scheme.

F. Complexity Analysis

As mentioned above, in the proposed scheme, we use the
MD detector at the receiver to demodulate the signals, which
requires to traverse MλK = MJ possible transmitted sym-
bols. Thus, the complexity is O 


MλK
�
. For the benchmark

schemes MU-MC-DCSK [25] and MU-OFDM-DCSK [26],
since the subcarrier-wise demodulation is conducted, the tra-
versal time would be shorter.

As shown in TABLE III, our proposed scheme has relatively
higher complexity. Since we propose to apply our design
in the uplink scenario as shown in Fig. 1, the complexity
is acceptable for the base station which usually has high
computational capabilities.

IV. SIMULATION RESULTS

In this section, simulation results are given to evaluate the
performances of the proposed SCS-MC-DCSK scheme.

The parameters are set as the same as those used in the
mother constellations shown in Fig. 4 and the factor graph
given in Eq. (8), which is shown in TABLE IV. Besides,
as shown in Eq. (11), we use αl,�mTo

Th
� to represent the channel

coefficient of the lth path.
Notably, if A > 1, UEs will share the available layers

fairly with equally allocated layers. Besides, the same one
reference chaotic sequence is shared by different users for
higher spectrum efficiency.
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Fig. 6. Comparisons of the simulated SER and the theoretical UB of the
SCS-MC-DCSK with β = 128.

A. Theoretical SER UB and Simulated Performances

Considering that different number of layers and UEs would
induce different interferences due to the non-orthogonality of
sparse codes, Fig. 6(a) and Fig. 6(b) respectively compare the
simulated SER of SCS-MC-DCSK and the numerical UB over
the AWGN channel and the multipath fading channel when the
number of layers J or UEs A is different. The multipath fading
channel used in Fig. 6 is a three-path Rayleigh fading channel
with q = 16.

We can observe from these two figures that the theoretical
upper bounds are tight for large Eb/N0. We could also notice
that in Fig. 6(a), with larger number of UEs of A = 2, the SER
performances would not degrade over AWGN channel but
aggravate over multipath fading channels. In addition, from
Fig. 6(b), we could see that larger number of layers would
degrade the SER performances no matter over AWGN channel
or the multipath fading channel. The reason is that for AWGN
channel, when A increases, no additional phase rotation is
introduced, hence the Euclidean distances between adjacent
symbols would not be shortened. By contrast, due to the fading
and the overlapping, the signals would undergo the phase
distortions, thereby leading to the shorter Euclidean distances.
As a result, SER performances of the proposed system degrade
with a larger number of UEs over fading channels or a larger
number of layers for different channels.

Fig. 7. The CC capacity of the SCS-MC-DCSK system with β = 128.

Moreover, as seen in Fig. 6(a), for J = 6, the SER
performances with A = 1 are worse than those with A = 2
over the AWGN channel. The reason is that when A = 2,
two same reference chaotic signals used by two UEs could
be combined to enhance the SNR by exploiting the diversity
gain. In addition, from Fig. 6(b), we can notice that for AWGN
channel, when Eb/N0 is larger than about 12dB, the system
with J = 6 would provide better SER performances. The rea-
son is that when J and Eb/N0 has a larger value, the symbol
energy Esymbol = JEb log2 M will also increase, thus the
SER performances could be improved.

B. Capacity Performance

Figure 7(a) and Fig. 7(b) respectively analyze the CC
capacity of the proposed system with different J and A over
the AWGN channel and the three-path Rayleigh fading channel
with q = 16. We can observe that for both channels, when the
number of layers J increases from 2 to 6, the CC capacity
will increase accordingly since more bits could be delivered
via different layers.

Additionally, as shown in Fig. 7(a), the CC capacity of the
system with A = 2 is obviously larger than that with A = 1.
The reason is that the diversity gain brought by delivering
the same reference chaotic signals of different UEs improve
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Fig. 8. Comparisons of the simulated BER of the SCS-MC-DCSK system
with β = 128, different q and different A over three-path Rayleigh fading
channel.

Fig. 9. Comparisons of the simulated BER of the SCS-MC-DCSK system
with A = 6, J = 6 and different β over AWGN and fading channels.

the CC capacity. Different from the case of AWGN channel,
Fig. 7(b) demonstrates that, the CC capacity of the system
with A = 1 is better than that with A = 2 due to the larger
distance between symbols.

C. BER Performance Comparisons

Next, we will investigate the simulated BER performances
of the proposed system using different parameters, then we
compare the BER performances with benchmark systems.

1) BER Performances With Different Parameters: Figure 8
and Fig. 9 respectively investigate the simulated BER per-
formances with different settings. Fig. 8 illustrates the BER
performances over the fading channel when q = 8, 16, 32 and
A = 2, 4, 6. It can be observed that for smaller q = 8 and
A = J = 2, better BER performances could be achieved
thanks to larger distances between adjacent symbols and larger
time diversity gain. Then Fig. 9 shows the simulated BER
performances with different β over the AWGN channel and
fading channel where q = β. Notably, q = β means that
the channel response will remain invariant during one symbol
duration thus no time diversity gain can be utilized. It could

Fig. 10. Comparisons of the simulated BER of the SCS-MC-DCSK system
and MU-MC-DCSK [25], MU-OFDM-DCSK [26] systems with β = 128
over the AWGN channel.

be observed that when β increases, more interferences would
be induced by chaotic signals, thereby leading to worse BER
performances.

2) BER Performance Comparisons With Benchmark
MC-DCSK Systems: In Fig. 10 and Fig. 11, we respectively
compare the BER performances of the SCS-MC-DCSK
system with two counterpart multi-user multi-carrier chaos-
modulated schemes, i.e. the MU-MC-DCSK [25] and the
MU-OFDM-DCSK [26] over the AWGN channel and the
three-path Rayleigh fading channel.

Let R denote the number of transmitted bits in a symbol
period, then for the proposed SCS-MC-DCSK system, R =
J log2 M , while for the for MU-MC-DCSK, R = Kall − A,
and for the MU-OFDM-DCSK system, R = (Kall − A)A.
Note that for fairness of comparisons, we assume that all the
systems have the same spectrum resources, i.e., Kall = 5.

Figure 10 illustrates the BER performances over AWGN
channel. It can be seen that the proposed SCS-MC-DCSK
system could achieve better BER performances than the other
two benchmarks. Fig. 11 demonstrates that the proposed
systems can also achieve better BER performances compared
with benchmarks over the three-path Rayleigh fading channel
with different q and different R. The reason is that our scheme
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Fig. 11. Comparisons of the simulated BER of the SCS-MC-DCSK system
and MU-MC-DCSK [25], MU-OFDM-DCSK [26] systems with β = 128
over the three-path Rayleigh fading channel.

could benefit from the shaping gain brought by the multi-
dimension constellation design, and attain higher efficiency
since all UEs share the same reference signals. Besides,
the MU-OFDM-DCSK scheme [26] suffers from much more
serious MUIs than our scheme induced by the overlapping of
signals from multiple UEs, thereby leading to worse reliability
performances. In addition, we can also notice that when q
is smaller, the time diversity gain will also increase, hence
the BER performances with q = 8 are better than those with
q = 32.

In addition, it is worth pointing out that the comparison
given in Fig. 10(a) and Fig. 11(a) is fair since all schemes have
the same data rate R = 4 and the same spectrum resources.
However, when A = 2, although all considered schemes use
the same number of subcarriers, they would have different data
rate. Explicitly, the MU-MC-DCSK scheme has the data rate
of R = 3 as in [25], while the proposed system has the data
rate of R = 4 in both Fig. 10(b) and Fig. 11(b).

Moreover, it could be observed from Fig. 10 and Fig. 11
that for both AWGN and Rayleigh fading channels, the BER
performances of the proposed system become better when R
increases with the proportion J+1

J decreases. The reason is
that when J+1

J decreases, N0 will become smaller, thus the
value of Eb/N0 will increase, thereby leading to the improved

Fig. 12. Comparisons of BER performances of the SCS-MC-DCSK system
and SCMA [34] over the three-path Rayleigh fading channel.

Fig. 13. BER performances of the SCS-MC-DCSK system and
SCMA [34] over the three-path Rayleigh fading channel against jamming
with A = J = 6.

BER performances. To be more explicit, the bit energy is
expressed as Eb = (J+1)P

J log2 M , while the noise power is denoted

by N0 = J+1
J

P
Eb
N0

log2 M
. Hence N0 will decrease with smaller

J+1
J , then a larger Eb/N0 helps to enhance the reliability

performances.
3) BER Performance Comparisons With SCMA: In Fig. 12

and Fig. 13, we compare the BER performances between the
proposed scheme and the SCMA system [34], which also uses
the MD receiver, over the three-path Rayleigh fading channel.
Let To and To,SCMA respectively represent the symbol dura-
tion of our scheme and the SCMA system. For fairness of
comparisons, we have To,SCMA = βTo and β = 128 for SCS-
MC-DCSK. Additionally, the channel coefficients maintain
constant in the whole symbol duration, i.e. q = β.

In addition, in Fig. 13, we use the discrete baseband model
of the sweep jamming signals and tone jamming signals
given in [2], wherein the ith jamming chip of the sweep
jamming model is denoted as

-
2Pjam sin



2πiFstart/Njam+

πi2ΔF/N2
jam

�
and the tone jamming model is denoted

as
�Mjam

mjam

-
2 Pjam/Mjam sin



2πiFmjam

�
where Pjam

denotes the power of the jamming signal. Additionally, the
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range of i is 0 ≤ i ≤ Njam − 1, Fstart is set as 1, ΔF is
set as 1, Mjam = 3 is the number of tones, Fmjam is set as
[1, 3, 5]. Moreover, we assume that the cycle of the jamming
signal is βTo and thus, Njam = Kallβ, and the ratio of
the jamming signal power to the signal power is defined as
Jamming Signal Ratio (JSR).

It could be observed that the BER performances of the
proposed SCS-MC-DCSK system are worse than those of
the SCMA system when no jamming is existent. However,
when wireless transmissions undergo the jamming such as the
sweep jamming and the tone jamming, the proposed system
achieves better BER performances. Hence the proposed design
inherits the anti-jamming capability of chaotic transmissions
and outperforms the SCMA system.

V. CONCLUSION

In this paper, we propose a SCS-MC-DCSK scheme to
provide reliable services and high data rate by exploiting the
non orthogonal spreading and the multi-dimension constel-
lation shaping gain. In our design, we construct the sparse
codes to spread the user data in the frequency domain and
then modulate the information bits with the multi-dimension
codebook, thus the Euclidean distance of adjacent symbols
could be enlarged, while the data from multiple different users
are allowed to overlap on the same sub-carriers. As a result,
multiple users could share all frequency band resources for
information transmissions. Besides, all the users will share
the same reference chaotic signal carried by one subcarrier in
different layers, thus the diversity gain could be exploited to
improve the quality of the reference signal. At the receiver,
we propose a MD detector to identify the data from different
users and to retrieve the estimates. Moreover, we derive the
theoretical UB of the SER expressions and CC capacity
over the AWGN and the multipath Rayleigh fading channel,
and compare the spectrum efficiency, energy efficiency as
well as the complexity with benchmark schemes. Simulation
results verify the effectiveness of theoretical derivations, and
demonstrate that our proposed system achieves better BER
performances than MU-MC-DCSK and MU-OFDM-DCSK
systems, while providing higher capacity as well as has better
anti-jamming capability than SCMA systems. Therefore, with
the aid of the sparse coding and the multi-dimension code-
book, better reliability and higher data rate could be achieved
by the proposed multiuser MC-DCSK systems. Last but not
the least, it is worth mentioning that the proposed scheme
could be applied in systems with massive connections such
as the machine type communications to provide efficient and
reliable services for multiple users.
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