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C o m m e nts a n d  C orr e cti o ns

C orr e cti o ns t o “ S p ars e- Gr o u p  L ass o f or  Gr a p h  L e ar ni n g Fr o m
M ulti- Attri b ut e  D at a ”

Jit e n dr a  K.  T u g n ait , Lif e  Fell o w, I E E E

We c orr e ct err ors i n st e p 6 of  Al g orit h m 1 gi v e n i n [ 1].  Ot h er p arts of
t h e p a p er i n cl u di n g n u m eri c al r es ults ar e u n c h a n g e d as t h e al g orit h m
w as i m pl e m e nt e d c orr e ctl y.

St e p 6 of  Al g orit h m 1 i n [ 1] a p p e ars as f oll o ws.
“ D e fi n e s oft t hr es h ol di n g s c al ar o p er at or S ( a, β ) : = ( 1 − β / |a |) + a

w h er e ( a ) + : =  m a x ( 0, a) .  T h e di a g o n al m × m s u b bl o c ks of W ar e
u p d at e d as

[ (W ( j j ) ) ( i + 1 ) ]s t =
[ (Ω ( j j ) ) ( i + 1 ) ]s s if s = t

S ([ ( Ω ( j j ) ) ( i + 1 ) ]s t , α λ
ρ ( i ) ) if s = t

j = 1 , 2 , . . . , p, s, t = 1 , 2 , . . . , m.  T h e off- di a g o n al m × m s u b-
bl o c ks of W ar e u p d at e d as ( d e n ot e A = ( Ω ( j k ) ) ( i + 1 ) − ( U ( j k ) ) ( i ) )

[ (W ( j k ) ) ( i + 1 ) ]s t =
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[ (Ω ( j k ) ) ( i + 1 ) ]s s if s = t

S ([ A ]s t , α λ
ρ ( i ) ) 1 − ( 1 − α ) λ

ρ S ( A , α λ

ρ ( i )
) F

+

if s = t

w h er e S ( A , α) d e n ot es el e m e nt wis e  m atri x s oft t hr es h ol di n g, s p e ci-
fi e d b y [S ( A , α)] s t : = S ([ A ]s t , α) , a n d j = k = 1 , 2 , . . . , p, s, t =
1 , 2 , . . . , m. ”

T h e c orr e ct e d st e p 6 is as f oll o ws.
“ S et A ( j k ) = ( Ω ( j k ) ) ( i + 1 ) + ( U ( j k ) ) ( i ) .  D e fi n e s oft t hr es h ol di n g

s c al ar o p er at or S ( a, β ) : = ( 1 − β / |a |) + a w h er e ( a ) + : =  m a x ( 0, a) .
T h e di a g o n al m × m s u b bl o c ks of W ar e u p d at e d as

[ (W ( j j ) ) ( i + 1 ) ]s t =
[A ( j j ) ]s s if s = t

S ([ A ( j j ) ]s t , α λ
ρ ( i ) ) if s = t

j = 1 , 2 , . . . , p, s, t = 1 , 2 , . . . , m.  T h e off- di a g o n al m × m s u b-
bl o c ks of W ar e u p d at e d as

( W ( j k ) ) ( i + 1 ) = B 1 −
( 1 − α ) λ

ρ ( i ) B F +

w h er e m × m m atri x B = S ( A ( j k ) , αλ / ρ ( i ) ) , S ( A , α) d e n ot es el-
e m e nt wis e  m atri x s oft t hr es h ol di n g, s p e ci fi e d b y [S ( A , α)] s t : =
S ([ A ]s t , α) , a n d j = k = 1 , 2 , . . . , p. ”

T h e err ors ar e r el at e d t o u p d at e ( b) of t h e  A D M M al g orit h m dis-
c uss e d o n p. 1 7 7 4 ( first c ol u m n) of t h e p a p er.  We n o w e x pl ai n t h e c orr e c-
ti o ns.  We n e e d t o s ol v e ( W ( j k ) ) ( i + 1 ) ← a r g  mi n W ( j k ) J b j k ( W ( j k ) ) ,

M a n us cri pt r e c ei v e d J ul y 9, 2 0 2 1; a c c e pt e d  A u g ust 1 0, 2 0 2 1.  D at e of p u b-
li c ati o n  A u g ust 1 3, 2 0 2 1; d at e of c urr e nt v ersi o n  A u g ust 2 7, 2 0 2 1.  T his  w or k
w as s u p p ort e d b y  N ati o n al S ci e n c e F o u n d ati o n u n d er  Gr a nts  C C F- 1 6 1 7 6 1 0 a n d
E C C S- 2 0 4 0 5 3 6.  T h e ass o ci at e e dit or c o or di n ati n g t h e r e vi e w of t his p a p er a n d
a p pr o vi n g it f or p u bli c ati o n  w as Pr of. J usti n  D a u w els.

T h e a ut h or is  wit h t h e  D e p art m e nt of  El e ctri c al  &  C o m p ut er  E n gi n e eri n g
A u b ur n  U ni v ersit y,  A u b ur n,  A L 3 6 8 4 9  U S A ( e- m ail: t u g n aj k @ e n g. a u b ur n. e d u).
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f or s u b bl o c k i n d e x e d b y ( j, k ) , w h er e, f or j = k ,

J b j j ( W ( j j ) ) : = α λ ( W ( j j ) ) −
1

+
ρ

2
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2
F

a n d f or j = k ,

J b j k ( W ( j k ) ) : = α λ W ( j k )
1 + ( 1 − α ) λ W ( j k )
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F or j = k , t h e s ol uti o n is t h e st a n d ar d l ass o s ol uti o n gi v e n b y t h e first
e q u ati o n i n t h e c orr e ct e d st e p 6,  w h er e i n t h e ori gi n al v ersi o n, t h e
err or is i n usi n g Ω ( j j ) i n st e a d of A ( j j ) = ( Ω ( j j ) ) ( i + 1 ) + ( U ( j j ) ) ( i ) ) .
F or j = k ,  w e h a v e s p ars e- gr o u p l ass o, a n d f oll o wi n g [ 2], [ 3] (s e e
als o [ 4]), t h e s ol uti o n t o  mi ni mi z ati o n of J b j k ( W ( j k ) ) w.r.t. m × m
W ( j k ) i s gi v e n b y t h e s e c o n d e q u ati o n i n t h e c orr e ct e d st e p 6. I n
t h e ori gi n al v ersi o n of t h e p a p er, t h er e ar e t w o err ors:  w e i n c orr e ctl y
d e fi n e d A = ( Ω ( j k ) ) ( i + 1 ) − ( U ( j k ) ) ( i ) ) w hi c h s h o ul d h a v e b e e n A =
( Ω ( j k ) ) ( i + 1 ) + ( U ( j k ) ) ( i ) ) ( w e n o w d e n ot e t his A as A ( j k ) ), a n d t h e
di a g o n al t er ms s = t of t h e off- di a g o n al m × m s u b bl o c ks W ( j k ) w er e
i n c orr e ctl y t a k e n t o h a v e n o p e n alti es.  O nl y t h e di a g o n al t er ms s = t
of t h e di a g o n al m × m s u b bl o c ks W ( j j ) h a v e n o p e n alti es (l ass o or
gr o u p-l ass o).

We n ot e t h at t h e ot h er p arts of t h e p a p er i n cl u di n g n u m eri c al r es ults
ar e u n c h a n g e d as t h e al g orit h m  w as i m pl e m e nt e d c orr e ctl y (it  w as
i m pl e m e nt e d a n d d e b u g g e d  w ell b ef or e t h e p a p er  w as  writt e n).
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