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ARTICLE INFO ABSTRACT

Keywords: Global optimization algorithms have been adopted to the simultaneously refinement of orientation and pattern
EBSD center for electron backscatter diffraction patterns as well as deformation state extraction. The hyperparameter
Global optimization space and mutation schemes of differential evolution (DE) algorithm has been thoroughly investigated and
Orientation reﬁne,mem showed to be a more efficient algorithm than the particle swarm optimization (PSO) algorithm. The optimal
Pattern center refinement eps . P
hyperparameters for DE generally depend on conditions such as the number of variables to be optimized and
the size of bounded search space but reasonably close initial values for crossover probability is 0.9, mutation
factor is 0.5, population size is ten times the number of variables, and number of iterations is at least 100.
Validation on a set of simulated undeformed single crystal nickel patterns reveals a mean accuracy of ~ 0.03°
and ~0.01% detector width across a large field of view. In addition, validation using noisy simulated deformed
patterns with known deformation state and pattern center shows that the mean accuracy of shear strain and

Deformation tensor inference

rotation components is ~0.001 and for the normal strain ~0.002.

1. Introduction

Fully automated electron backscatter diffraction (EBSD) in a scan-
ning electron microscope [1-4] has enabled many aspects of materi-
als characterization, such as spatially resolved crystal orientation and
phase mapping, texture analysis, and deformation studies [5]. In the
past, efforts in the EBSD community have been focused on reducing the
measurement error through improved information retrieval algorithms
or advanced calibration methods [6]; for instance, the angular resolu-
tion of the modern Hough-based EBSD system is around 0.2-1° and the
absolute orientation error could reach about 1-2° [7,8]. The angular
resolution (i.e., the precision of the EBSD measurement) is typically
associated with the retrieval method, i.e., the Hough transform to
locate Kikuchi bands and the localization of the pattern center [6].
The absolute orientation error (i.e., the accuracy of the EBSD measure-
ment) is attributed to poor system calibration, e.g., an unaccounted
for inclination of the sample surface [9]. Since the true orientation is
not known for real patterns, the true orientation error is often hard to
determine. From the von Mises-Fisher distribution, one can statistically
infer that the true orientation accuracy is limited by the confidence
region (0.3°) of the retrieval algorithm in which the angular distance
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between detector plane normal vectors and recalculated plane normal
vectors is minimized. To improve the angular resolution, methods
such as the 3D-Hough transform [10], iterative indexing [11], pattern
comparison method [12], and HR-EBSD [13] have been previously
developed.

Additionally, the accuracy of orientation determination also relies
on an accurate localization of the pattern center [6]. One common
method of refining the pattern center of a single pattern is to use the
iterative fitting method by minimizing an objective function related
to the pattern center coordinates [14], resulting in an accuracy of
around 0.5% of the detector width. Other more sophisticated methods
have also been developed based on improved retrieval algorithms [10],
a moving detector screen [15,16], shadow-casting [17], and a single
crystal calibrant [18,19].

More recently, the dynamical scattering of BSEs on their way out
of the sample has been modeled starting from the Darwin-Howie—
Whelan dynamic equations [20] in the Bloch-wave formalism [21]. In
addition, the stochastic nature of scattering can be merged with the
deterministic process using a Monte Carlo simulation approach [22]
that allows for simulated patterns to be compared directly with ex-
perimental patterns with encouraging indexing precision [23-26]. For
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instance, Singh et al. have shown that the dictionary indexing (DI) ap-
proach, which is based on normalized dot products between simulated
EBSD patterns and experimental patterns, has an improved sensitivity
compared to the conventional Hough-based indexing for poor quality
diffraction patterns and overlapping patterns [27]. Recently, Ding et al.
have also shown that a uniformly sampled dictionary of patterns can
be effectively used as a training data set for a convolutional neural
network (CNN) to index experimental patterns [28]. However, indexing
of lower symmetry crystals necessarily increases the required size of
the dictionary since the dictionary size is proportional to the size
of fundamental zone (FZ) of the corresponding crystal. Alternatively,
forward model based orientation indexing can be conveniently ac-
complished with a single simulated spherical Kikuchi sphere of the
corresponding crystal structure using the spherical harmonic transform
(SHT) [26,29], significantly reducing the computation time for lower
symmetry crystals.

With the increasing demand of using EBSD to determine strain [30]
or to resolve pseudosymmetry issues [31,32], a convenient way of
simultaneously refining the orientation and the pattern center has
become increasingly attractive. For instance, the pattern matching
method has been incorporated recently into an optimization algo-
rithm to obtain a refined orientation and pattern center. Different
optimization algorithms have been explored by Winkelmann et al.
(NMS: multi-start Nelder-Mead simplex) [33]; Singh et al. (BOBYQA:
bound optimization by quadratic approximation) [34]; Pang et al.
(SNOBFIT: stable noisy optimization by branch and fit) [35], and
Tanaka et al. (DE: differential evolution) [36] to simultaneously refine
pattern center and orientation. Some recent applications of this tech-
nique include the spatial resolved mapping c/a ratio of martensites [37,
38]. These optimization methods mainly fall into three categories: (1)
sampling methods or direct search methods that require a rather signif-
icant number of function evaluations, e.g., DE; (2) modeling methods
that approximate the function over a region by some model function,
e.g., BOBYQA; and (3) a hybrid approach of (1) and (2) like the
multi-start NMS and SNOBFIT. In comparison, sampling methods usually
provide a more accurate picture of the optimization landscape to locate
the global minimum whereas the modeling methods are less accurate
in terms of the global picture of optimization but are computationally
cheaper. However, direct implementation of a sampling method such as
the Nelder-Mean simplex alone has been found to be inefficient [33,35]
due to the sloppy optimization landscape when orientation and pattern
center were simultaneously refined. As shown by Pang et al. [35] and
Singh et al. [34], the small orientation changes can be compensated by
shifts in pattern center positions and vice versa, resulting in a shallow
optimization landscape and a slow convergence along the sloppy direc-
tion. A multi-start NMS has been shown to help with this convergence
problem [33] with a search space of the optimization limited to 1°
in misorientation and +2% in detector width for the pattern center.
Similarly, SNOBFIT also provides excellent refinement accuracy within
a limited search space of 1° in misorientation and +1% in detector
width for the pattern center. More specifically, the SNOBFIT method
uses branching and local stochastic model fitting (linear or quadratic)
to simultaneously search for multiple local minima: a surrogate func-
tion based derivative-free approach with multiple search branches to
explore the global optimization landscape simultaneously. Since the
surrogate functions are fitted to the evaluated function points instead
of directly interpolated, it is robust for noisy function values. However,
these hybrid methods rely on the search spaces containing the ground
truth to be sufficiently narrow to allow for an accurate convergence.

To overcome the limited range of search space and the sloppy
optimization landscape, global optimization methods, such as DE, have
been shown to work rather well for a search space of 10° in mis-
orientation and +5% in detector width for the pattern center using
noisy simulated patterns [36]. Despite the success of their work, some
questions were left unanswered, for instance, the justification of using
DE over other global optimization methods such as particle swarm
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optimization; the optimal range of optimization parameters and choice
mutation scheme; the effect of changing the search space, and so on.
More specifically, one concern was related to the optimization of the
pattern center in the presence of significant deformation, which has
been shown to cause a bias in the pattern center. Therefore, a method
of incorporating the deformation tensor into the optimization routine
is needed.

Experimental measurement of absolute strain and rotation has been
previously explored by many others [39-42] using relatively strain free
reference patterns from the same material. Furthermore, simulation
based HR-EBSD has been previously studies by Villert et al. [39] using
both kinematically and dynamically simulated strain free reference
patterns. Another iterative scheme developed by Kacher et al. [19] used
kinematical pattern to be simulated several times until convergence to
be used as strain free reference pattern. However, calibrant sample is
needed for Kacher’s approach to accurately locate the pattern center
so that the comparison of simulated pattern and experimental becomes
meaningful. The present study aims to provide an accurate determi-
nation of the pattern center and deformation tensor via simulated
based optimization approach without a calibrant sample. The caveat
of simultaneous determination of pattern center and deformation ten-
sor has been previously discussed by Alkorta [43]. To a first order
approximation, the error in pattern center can be compensated by
a phantom deformation gradient tensor. The polar decomposition of
this phantom deformation gradient tensor reveals that it consists of
two lattice rotation components w;; and w,; that compensates for
the pattern center shifts in the y and x direction respectively (in the
detector frame). This also helps to explain the sloppy optimization
problem observed by others [34,35], which is the motivation of the
current work.

In the present work, evolutionary algorithms, such as particle swarm
optimization (PSO) and differential evolution (DE), are explored to-
gether and compared. Both methods can be parallelized easily over
multiple CPU threads using openMP. In addition, NMS has also been
implemented after global optimization to further refine the solution,
i.e., a hybrid optimization strategy. These global (hybrid) optimization
algorithms (DE and PSO) have been tested on the problem of pattern
center and orientation refinement using simulated data with a known
ground truth. Since the performance of these algorithms relies on
an appropriate selection of the optimization parameters, a parametric
study has been done to fine-tune these parameters. In addition, direct
inference of the deformation state through pattern matching using a
forward model based global optimization is also revisited in this study,
based on recent work in our group [44]. Previously, we have demon-
strated that an approximate model for the inclusion of deformation into
simulated EBSPs can be utilized to accurately infer the deformation
gradient tensor (eight degrees of freedom) and the pattern center pa-
rameters (three degrees of freedom) with the PSO+NMS method [44],
while keeping the Euler angles known and fixed. The accuracy of the
deformation tensor was found to be ~10* on noise free simulated
patterns and ~10~3 for noisy patterns. However, the spatial variation
of the absolute error using noisy simulated patterns based on Yoffe—
Shaibani-Hazzledine (YSH) [45,46] dislocation displacement field data
was unclear and no experimental patterns were included.

We will present in this paper the efficient use of hybrid optimization
(global algorithm then followed by local algorithm) to simultaneously
refine pattern/orientation and infer the deformation tensor. For the
first time, the selection of hyperparameters for the global optimization
algorithm has been studied in details for pattern matching problem.
More importantly, combined with HR-EBSD, spatially resolved strain
maps closer to the absolute strain maps can be obtained after the strain
state has been corrected for the reference pattern. We would also like to
point out that, since the strain states are not known for experimental
patterns used in this study, the “absolute” strain mapping could still
be subject to some unknown systematic error. The accuracy measure
presented in this paper has been derived from simulated patterns with
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known strain states. Of course, there are still work left to be pursued
in terms of experimental validation and improvement of the current
algorithm. Nevertheless, the current method has clearly extended the
conventional HR-EBSD method and led to promising new research
directions in the understanding the relationship between mechanical
behavior of materials and microstructure, particularly, when a strain
free reference pattern is not readily available.

2. Methodology
2.1. Optimization problem setup

Solving an optimization problem is the process of maximizing or
minimizing an objective function defined with respect to a feasible
set of variables. In the context of diffraction pattern optimization, the
optimization problem is designed to search for a set of variables that
generates a simulated pattern that best matches the target pattern based
on the formal definition below:

max f(x) = —min(—f(x)), (€Y
xeS xeS

where x is a vector containing » simulation variables (pattern center,
deformation tensor, orientation, etc.), and S is a feasible subset of R”,
f(x) is the image similarity measure between the simulated pattern and
target pattern (normalized dot product, cross-correlation coefficient,
etc.). Global optimization specifically seeks for the global minimizer
x* which gives the optimal value f(x*) at which

J&H<fx) VxES. (2)

From the available experimental data set determined through Hough
transform indexing, an initial estimate of the solution to the orientation
as well as pattern center coordinates is known prior to the optimization.
Hence, the feasible solution set can reasonably be further constrained
down, i.e., bounded optimization. For a well calibrated system, this
range of search space is typically small as discussed in the introduction
section. If the EBSD system is poorly calibrated by the vendor’s tech-
nician or being improperly operated by user, the idea of implementing
the global optimization becomes more attractive. It can tolerate a larger
error relative to the initial estimate by expanding the search space.

The orientation search space is confined by the misorientation angle
relative to an initial estimate in the back end. Each rotation relative
to the initial orientation is described by a neo-Eulerian representation
i.e., a stereographic vector s, also known as the modified Rodrigues
parameter, [47] given by:

s =ntanw/4, 3

where n is the unit vector describing the axis of rotation and w is
the angle of rotation about n. Additionally, the pattern center search
space is defined in terms of percent of the detector width, consistent
with other literature in the community. Finally, the elastic deformation
gradient tensor components are bounded relative to the identity matrix
which includes both rotation and stretch of the lattice. Therefore, the
options for optimization are: 1) orientation and pattern center, 2) de-
formation gradient tensor and pattern center. Details regarding how to
use the global optimization program can be found in the supplementary
material.

2.2. Evolutionary algorithm: Differential evolution

Differential evolution involves an evolving population of search
points based on a bio-inspired evolutionary information to allow the
population of search points to converge to the global minimum, i.e., an
evolutionary algorithm. The basic differential evolution algorithm, fol-
lowing the study by Storn and Price [48], consists of several critical
steps: first, the initialization step is a random sampling of target vectors

x;, within the prescribed range with respect to the initial solution
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(vectors outside the prescribed range are placed on the boundary). In
this case, the initial solution is determined by Hough indexing or other
available indexing methods.

Xig =X JE(L...DLi€{l... N} g€ {l . guul “)

where D is the number of parameters to be optimized, N, is the
population size for target vectors of a generation and g is the maximum
number of generations or iterations. For each target vector in the
generation, a mutation vector v; ., is generated to evolve the search
space through different mutation scheme, e.g., DE/rand/1, DE/rand/2,
DE/rand-to-best/1, DE/best/1, DE/best/2; these five mutation schemes
correspond to the following mutation equations:

Vigrt =X, o+ F(X, . — X, o), (5a)
Vigrl =Xp o+ FXp o + X0 0 =Xy 0 = X o), (5b)
Vigtl = Xjg + F(Xbest,g —Xig T X o~ Xrg,g)’ (50)
Vig+l = Xbest,g T F(thg - Xr2,g)’ (5d)
Vigtl = Xpestg + F (X g + X 0 =X o — X, o), (5e)

where ry,r,, ..., rs are random integers € {1,..., N, }, Xpes , is the target
vector with the lowest objective function value, and F (>0) is a user
defined mutation factor (typically F €[0,2]).

Each trial vector u, ., is further diversified by implementing a
binomial crossover step to the mutation vectors and target vectors.

v
— Jsig+l1
Uigt1 = Ujig+l {

Xjig

ifrand; < C, or j = j4uqs ®)
otherwise,

where rand; € [0,1] is a random constant for the jth evaluation, j,,,, €
{1,..., D} is a random integer index, and C, € [0,1] is a user defined
crossover probability. Finally, a selection based on objective function
values of trial vectors and target vectors is performed to obtain the next
generation of target vectors x,

X; — ui,g+l
g+l
Xi,g

In Section 3.2, fine-tuning of the optimization parameters is carried out
to achieve a balance of computational cost and accurate optimization
results. The effect of employing different mutation strategies has also
been explored by varying the amount of added noise and changing the
range of search spaces.

i,g+1°

if fue01) < f(Xig)
otherwise.

)

2.3. Evolutionary algorithm: Particle swarm optimization

Particle swarm optimization is also an evolutionary global search
algorithm, originally developed by Eberhart and Kennedy [49]. The
implementation of PSO in this study adopted some modifications sug-
gested by others [50,51]. It was inspired by the foraging behavior
of flocks of birds and schools of fish by formulating a population of
particles each having its own position (x;, where i € {1,...,N,},g €
1,..., &nayx) and velocity (vig); N, is the total number of particles and
Zmax 1S the maximum number of iterations.

The population of particles (x;,) is first randomly initialized from
a uniform probability distribution function within a bounded domain
and the initial velocity of each particle initialized to zero. During the
optimization process, the position and the velocity of each particle is
updated according to information (f(x;,): objective function values)
shared among all particles in the current iteration. The velocities to
update the position of the current iteration of particles are given by
the following equation:

Vigrl = WV g + 17 (Kpp g = X; o) + €1 (Xgp o — X; ) 8)

where w, = wy(Wgamp)*~' is the inertia weight updated for each
iteration, with w, being the initial inertia weight and wg,m, being the
inertia weight damping coefficient; ¢, is the self-cognition acceleration
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coefficient, ¢, is the social cognition acceleration coefficient and r, r,
are uniformly distributed random numbers in the range [0, 1]. X, , is
the personal best particle, i.e., the particle with the lowest personal
objective function value and the x,, , is the global best particle, i.e., the
particle with the lowest global objective function value. The positions
of particles in the next iteration are therefore obtained by

Xjg+1 = Xjg T Vigt1 ()]

To confine the particles in the case when the actual global minimum
is close to the boundary of the search space, particles sitting outside
the defined search space after each iteration are placed exactly on the
corresponding dimension’s boundary.

In the present work, the PSO is used in comparison to the DE
method. The default particle swarm optimization parameters in this
study are adjusted based on our previous work [44]: wy = 1, Wgamp =
0.9,¢; = 2,¢, = 2. While fine-tuning of optimization parameters is also
possible, it has been found in this work and previous work that the
mutation of the velocities based on the best performing personal/global
particles sometimes drive the population towards a local minimum for
large search spaces.

2.4. Nelder—-mead simplex

The Nelder-Mead Simplex algorithm is a widely used derivative free
direct search algorithm first proposed by Nelder and Mead (1965) [52].
A simplex is a geometric figure in an n-dimensional space which has
n+ 1 vertices. Based on subsequent reflection, expansion, contraction,
and shrinkage of the simplex, the shape of the simplex adapts to the
optimization landscape and converges to a local minimum. Rigorous
proof of the convergence behavior of the Nelder-Mead simplex is still
an active field of research, which in some cases has already been
proven to be non-convergent for standard NMS [53]. In addition,
standard NMS often becomes stagnant and inefficient in high dimen-
sional problems [54]. In this study, it has also been found that direct
implementation of standard Nelder-Mean simplex tends to get stuck
(extremely slow convergence) within the sloppy part of the optimiza-
tion landscape, i.e., an inefficient convergence. Appropriate parameter
scaling could possibly improve the convergence [35] or potentially
using a more advanced variant of NMS with adaptive parameters [55]
and a multi-start procedure [33]. In the present work, the standard
NMS has been implemented, following O’Neill’s work [56], only as an
option to further refine the globally optimized solution to circumvent
these common issues related to NMS.

2.5. Objective function and rotation correction

The choice of objective function is crucial to achieve convergence
in any evolutionary algorithm. Indeed, prior-knowledge of the target
problem to be optimized can inform the selection of an appropriate
objective function. In this study, the forward model based optimization
demands that the objective function be an effective image similarity
metric between simulated pattern and target pattern. From a previous
study by Pang et al. [35], the optimization landscape for pattern center
and orientation has been found to be very sloppy for the normalized dot
product metric, meaning that similar objective function values exist for
a wide range of input parameters.

A rotation correction method is proposed here along the orientation
space in order to form a less sloppy optimization landscape while the
feature space for the pattern center is kept unchanged [34]. For a devia-
tion (APC,, APCy) of the pattern center from the initial pattern center
calibration of the EBSD system, assuming that the initial calibration is
precisely known, a rotation correction term given by the axis-angle pair
(n, cos w) can be calculated to scale the orientation space according to:

n= i(— A\ PC, cosa, APCy cos2a, APC, sina),

c

(10a)
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DD+ APC,
" [DD?+2-DD- APC,65in2a + (APC.8)? + (APC,672]1/2
(10b)

Cos @

where « is the tilt angle between the detector screen and sample
surface, DD is the detector distance, p, ensures that n is a unit vector,
and § is the detector pixel size; the rotation correction undoes the
apparent pattern rotation when the pattern center is modified. In
the rotation correction formula, «, DD, 6 are fixed constants. The
(APC,, APCY) values changes during the optimization as defined by
the distance between trial pattern center solution and initial calibration
of PC. The coordinates of a search point x,,,;; during the optimization
step is therefore defined by the following equation:

Xtrail = [Lcorrection(strial)’ PCtrial] (11)

where the rotation correction operator L.,...... iS calculated from
(n, cos w) to rotate the trial stereographic vector. The trial pattern center
PC,,;,; values do not change in this step. We would like to mention here
again that this correction method assumes that the initial calibration of
pattern center is not significantly off, which leads to some limitations
that will be further discussed.

3. Results
3.1. Optimization landscapes

Simulated patterns are used for the visualization of optimization
landscapes and for the parametric study, noise sensitivity test and
deformation tensor inference accuracy test. Details regarding the sim-
ulation parameter are listed in the supplementary materials.

With the inclusion of rotation correction in the orientation space, as
discussed in Section 2.5, optimization landscapes of four image similar-
ity metrics including normalized dot product (NDP), cross-correlation
coefficient (XCF), root mean square error (RMSE) and mutual infor-
mation (MI) are depicted in Fig. 1. The formal definitions of these
similarity metrics are stated in Appendix A. In these plots, only two
variables, @ and PC,, are adjusted to map out a 2D slice of the
image similarity landscape since a six-dimensional space is difficult to
visualize. The pattern shift due to @ rotation is often confused with the
pattern center shift in the y direction. The x (A®) and y (APC,) axes
correspond to the differences relative to the ground truth (& = 0° and
PC,, = 0 pixels). These normalized landscapes reveal that the NDP and
XCF landscapes are very similar to each other with and without rotation
correction. This sloppy feature is also observed in the RMSE landscape
but it is narrower compared to NDP and XCF. For the same initial
population, the initial convergence to the sloppy feature is likely faster
than NDP and XCF. The only concern for RMSE is that it is intrinsically
more sensitive to contrast and brightness changes. In addition, the
MI landscape has a very narrow and deep valley close to the ground
truth. The lack of gradient information in general does not favor fast
convergence compared to others.

It is clear that the rotation correction slightly removes sloppiness
of all the objective functions’ optimization landscapes but the benefit
in terms of accuracy improvement will be limited. It has been found
in this study that the rotation correction does indeed slightly improve
the convergence speed for the global optimization part. However,
the rotation correction needs to be switched off for the NMS in the
hybrid method because it will incorrectly bias the Nelder-Mead simplex
algorithm. In the following test studies, we used the rotation correction
only for the global optimization step.

3.2. Differential evolution: Rules of thumb and hyperparameter tuning
During the global optimization process for DE, a few optimization

parameters are usually set prior to execution: N, population size, g
number of generations, C, crossover probability, F mutation factor.
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Fig. 1. Optimization landscapes using objective functions (from left to right) normalized dot product (NDP), cross-correlation coefficient (XCF), root mean square error (RMSE),
mutual information (MI) (top row) without rotation correction (bottom row) with rotation correction.
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Fig. 2. Orientation and pattern center errors in relation to the crossover probability and mutation factor for the optimization (mutation scheme: DE/rand/1) performed at N, =70

and g = 100 within search space (+20°, +10% detector width).

The initial population of size N, is randomly selected from a bounded
region of parameter space (the maximum range of interest) with a
uniform probability distribution. For many engineering applications,
N, is typically equal to 10 times the number of parameters to be opti-
mized (D) to sample a sufficiently large parameter space. The crossover
probability C, € [0, 1] is often lower than 0.3 but increasing it to above
0.8 could help diversify the trial vector and achieve convergence. In
addition, the mutation factor F is usually € [0.5, 1] to allow sufficient
mutation to cover as much optimization landscape as possible. The
number of generations set the terminating criterion which depends on
the required level of accuracy for a given search space. If the search
space is increased significantly, the number of generations required to
achieve a similar level of accuracy as the smaller search space will
need to be increased or the population size needs to be increased
accordingly.

For optimal performance in this particular problem of orientation
and pattern center refinement (D = 6), the above rules of thumb
provide an enormously large hyperparameter space that could be fine
tuned. Since the convergence accuracy would generally improve with
a sizable population and a large number of generations, the effect
of crossover probability and mutation factor was first tested with a
relatively large population size (N,=70), number of generations (g =
100) and search space (+20°, +10% detector width). For calibrated EBSD
system, the orientation and pattern center accuracy will be at least an
order of magnitude better than the search space used here. The large
range of search space is used here primarily as a proof of concept study
for testing the optimization algorithm. The default mutation scheme
DE/rand/1 was used here and the effect of other mutation schemes
will be discussed in the next section. Due to the stochastic nature
of the optimization, ten different orientations were randomly selected
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Fig. 3. Orientation and pattern center errors in relation to the population size and number of generations (mutation scheme: DE/rand/1) performed at C, = 0.9 and F = 0.5 within

search space (a) +0.5°, +0.5% detector width and (b) +10°, +5% detector width.

to run ten times and then their error values were averaged for the
hyperparameter tuning. In Fig. 2, the orientation error is represented
as the disorientation with regard to the ground truth orientation, and
the pattern center errors are expressed as percentage of detector width.
Fig. 2 indicates that the approximate range for crossover probability
is C, € [0.7,09] and the mutation factor F € [0.3,0.5] to reach a
disorientation error < 0.1° and all pattern center coordinates error
< 0.1%.

To test the appropriate number of generations and population size,
C,. =0.9 and F = 0.5 were selected from the ranges determined in the
previous test. This test was conducted in two separate search spaces:
(1) Hough error space (+0.5°, +0.5% detector width), (2) an extended
error space (+10°, +5% detector width), using the default DE/rand/1
mutation scheme. In Fig. 3(a), the optimal combination to reach a
disorientation error < 0.1° and all pattern center coordinate errors
< 0.1% has been found to be achieved when N, > 30 and g > 30 for
the narrower search space. However, Fig. 3(b) suggests that g = 70 is
at least required to achieve similar level of accuracy for the extended
search space. In addition, increasing the number of generations has
been found to be more efficient way of improving the convergence.
Overall, the trend in Fig. 3 agrees with the expectation that larger pop-
ulation size and generations in general improves convergence accuracy.
In addition, the values for N, and g are dependent on the range of
search space in order to achieve a similar level of accuracy. Hence, the
computational time required to optimize orientation and pattern center
can be adjusted according to the size of the search space.

Additionally, a parameter study has also been carried out for
the PSO method regarding the initial inertia weight w, (test range:
[0.1,1.5]), inertia weight damping coefficient Wdamp (test range: [0.1, 1]),
self-cognition acceleration coefficient ¢, (test range: [0.1,2]), and social
cognition acceleration coefficient ¢, (test range: [0.1,2]). However, our
test with a search space of +10° and +5% detector width did not show
clear improvement for the PSO method for all the different combina-
tions of parameters while the population size (80) and the maximum
number of iterations (50) were kept unchanged. The underlying reason
for the relatively poor performance of PSO method will be discussed
later.

3.3. Differential evolution: Mutation schemes and search space
The various mutation schemes can be categorized into three groups:

(1) those that will be attracted towards the best population vector,
e.g., DE/best/1, DE/best/2; (2) those that have a completely random

mutation, e.g., DE/rand/1, DE/rand/2; and (3) one that has a mixed
characteristics from (1) and (2), e.g., DE/rand-to-best/1. Here, five
types of mutations schemes are directly compared with each other
as a function of the number of generations using the optimization
parameters selected in Section 3.2: N, = 60, C, = 0.9 and F = 0.5. To
consider more realistic intensity distribution collected on a commercial
EBSD system, several filters were applied to the simulated patterns:
high-pass filter (0.05), adaptive histogram equalization with 10 regions
and Gaussian white noise with peak signal-to-noise ratio of 11.72 dB.
Tests were done with three different search spaces: Fig. 4(b) +0.5°,
+0.5% detector width, Fig. 4(c) +10°, +5% detector width and Fig. 4(d)
+20°, +10% detector width.

Within the Hough error search space, all mutation schemes seem
to perform better than Hough indexing as shown in Fig. 4(b) with
an average accuracy for orientation slightly below 0.01° and pattern
center accuracy in the range between 0.01% to 0.1% detector width.
For the intermediate search space as shown in Fig. 4(c), the accu-
racy starts to become more dependent on the mutation scheme since
the speed at which each method converges while using the same
optimization parameters varies. Overall, mutation schemes involving
some component of the best solution converge faster than the random
mutation methods. In the largest search space, as shown in Fig. 4(d),
the mutation scheme involving only the best solution (DE/best/1/bin
and DE/best/2/bin) tend to bias the overall population towards a
local minimum whereas the mutation schemes with a certain random
character (DE/rand/1/bin, DE/best-to-rand/1/bin) are more likely to
converge to the correct ground truth, except that the DE/rand/2/bin
mutation scheme does not converge within 100 generations. The opti-
mal combination according to the test is then DE/best-to-rand/1/bin
since it converges faster than the DE/rand/1/bin method to the correct
global minimum.

Additional insight has also been obtained regarding the effect of
noise on the accuracy of the optimization. As shown in Fig. 5, the
amount of noise present does not affect the accuracy of the DE op-
timization results for both orientation and pattern center, showing
excellent robustness against noise. From Fig. 5(e), the orientation error
is around 0.02° to 0.04° and the pattern center errors vary quite sub-
stantially between 0.001% detector width and 0.04% detector width.
In particular, the detector distance has a higher accuracy compared to
the other components. The variation in the accuracy of the results is
likely due to the random sampling in the initial population as well as
the slight modification introduced to the optimization landscape by the
added noise.
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3.4. Large field of view line scan on single crystal nickel: hybrid optimiza-

tion methods compared

Combining either particle swarm optimization or differential evolu-
tion with the Nelder-Mead simplex, two hybrid optimization methods

(1. PSO + NMS; 2. DE + NMS) can be tested. In this study, the Nelder—
Mean simplex allowed restart to improve convergence. Moreover, the
stopping criterion for NMS was set to 300 objective function evalu-
ations, which was a relatively early termination to compensate for
the larger computational cost associated with the NMS part not being
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parallelized. The convergence of the function evaluations was checked
every 10 iterations to allow early termination of NMS i.e. prior to 300
function evaluations.

To compare the efficacy of these different hybrid optimization
methods, a simulated data set was generated from a field of view of
2 X 3 mm at a sampling step size of 20 pm in both scan directions
with known orientation and pattern center positions. The pattern center
was updated realistically according to the geometry of the scan whereas
the orientation was fixed; details regarding the simulation of this data
set can be found in [34]. Optimization of the first row of the data
was carried out with the initial pattern center position taken from the
pattern at the center of the simulated data set. Hence, the pattern center
positions of the entire row taken into optimization deviate substantially
from the pattern center position of the center pattern. To make the
optimization problem a bit more challenging, the initial orientation was
changed arbitrarily by 5° from the true orientation.

The search space for both hybrid methods was set to be +10°, +5%
detector width with 80 as the population (particle) number and 50 or
100 iterations for the global optimization part. For the PSO, optimiza-
tion parameters were set to be: wy, = 1, Waamp = 0.9,¢; =2,¢y = 2. The
DE used DE/1/best-to-rand/bin mutation scheme, crossover probability
0.9 and mutation factor 0.5.

After initial DE global optimization (100 iterations), the deviation
from the ground truth has been found to be around 0.2% detector width
and 0.4°. The deviation after PSO optimization (100 iterations) was
on average 0.5% detector width and 0.8° with a much larger standard
deviation due to the presence of outliers. The NMS step began once the
global optimization has been completed after a set number of iterations.
On average, the number of restarts was close to four times following
PSO and only about one time following the DE optimization. Fig. 6(a—
c) indicates that the use of PSO will sometimes bias the population
towards a local minimum in the given search space, as shown by the
local deviation from the expected red line. These outliers can be slightly

refined with NMS with restarts but cannot be completely eliminated.
An increase in the number of iterations of PSO from 50 to 100 still
cannot completely remove the number of outliers. The hybrid method
involving DE, as shown in Fig. 7(a—c), clearly shows a reduced number
of outliers, particularly when the iterations for DE are increased to 100.
The box plot in Fig. 7(c) shows that the average pattern center error is
around 0.02% and the disorientation is around 0.04° with the DE+NMS
hybrid approach for the first row of data from the large single crystal
nickel sample.

3.5. Inference of the deformation state: Simulated patterns

To further explore the usage of the global search method, the
inference of the deformation state has also been tested with the hybrid
DE+NMS method proposed in this study with an objective function
based on the NDP between patterns. Based on the recent study by
Kurniawan et al. the same approximate model for the interpolation of
simulated deformed EBSPs has been adopted [44,57]. The complexity
in the optimization of deformation lies in the simultaneous inclusion
of pattern center coordinates, which flattens out the optimization land-
scape. This has been previously found to lower the accuracy of the
inferred deformation state using the PSO+NMS technique [44]. More
specifically, the previous work suggested that the mapping of the
spatial distribution of deformation field was almost impossible due to
the overwhelmingly large relative error. This means that the sensitivity
of the pattern matching approach for determining the deformation
state from noisy simulated patterns is likely only suitable when a
given deformation is larger than the deformation field surrounding
a single edge dislocation. In this part of the study, a similar edge
dislocation data set from [57] was used (without the Monte Carlo
background intensity) but the overall magnitude of each component
of the distortion has been increased by a factor of 100 and the step size
has also been scaled by 100. Additionally, gamma correction (y = 0.333)
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and Gaussian white noise (16.02 dB) were applied to the simulated
patterns. Furthermore, realistic pattern center coordinates have been
incorporated into the simulation of these diffraction patterns according
to the step size and the spatial coordinates. It is important to realize
that both the magnitude of the distortion field and the step size are
not realistic values for a single edge dislocation but these values have
been chosen for the sake of expanding both the numerical range of
deformation state and pattern center in order to obtain a realistic
estimate of the accuracy of the proposed deformation inference method.
Details regarding how the surface dislocation field is generated can be
found in the supplementary information of a recent publication by Zhu
et al. [57]. The expected strain and rotation field are shown in Fig. 8(a)
where the extra-half plane of atom creates a compressive strain ¢,
near the top half of panel. Although the data set was taken from a free
surface (z = 0), the presence of non-zero ¢33 components was indicative
of the specific Poisson effect for the edge dislocation [58].

The DE part uses the DE/1/best-to-rand/bin mutation scheme,
N,=120, C, = 09, F 0.5, and g 150. In addition, the NMS
refinement limit was set to 300 objective function evaluations. The
search space for the distortion tensor components ranges from —0.05
to 0.05 and the search space for the pattern center varies from +0.5%
detector width. The traction free boundary condition was applied post-
optimization for the diagonal distortion tensor components, following
Zhu et al. [57]. As shown in Fig. 8(b), the distribution of inferred strain
and rotation field using hybrid optimization closely match the expected
values given in Fig. 8(a). The most accurate components being inferred
are the shear strain components and the rotation components (mean
error ~ 0.001) whereas the diagonal normal strain terms have rather
poor accuracy (mean error ~ 0.002). In addition, the accuracy of the
pattern center coordinates is around 0.1% of the detector width.

3.6. Inference of deformation state: Experimental patterns

The experimental data set was collected at an accelerating voltage
of 20 kV from a TRIP steel with composition Fe-17Mn-1.5A1-0.3C after

fatigue cycling [59]. The elastic constants used in this study correspond
to austenite with C;; = 206 GPa, C;, = 133 GPa and C, = 119
GPa when we imposed the traction free boundary condition [59]. The
experimental patterns were background corrected high quality patterns
with a pattern size of 956 by 956 pixels. The scan was specifically
focused on a large grain with clear dislocation structures, as shown in
Fig. 11(b), which was then analyzed in this work with conventional
HR-EBSD method using in-house code [57,60]. To address the problem
of the unknown deformation state of the reference pattern, a three-
step procedure is proposed to overcome this challenge: (1) optimization
of Euler angles and pattern center determined from Hough indexing
for the selected reference pattern; (2) inference of deformation state
and pattern center with fixed Euler angles from (1) for the selected
reference pattern; (3) application of cross-correlation based HR-EBSD to
determine the deformation state of all the other points with respect to
the reference pattern used in (2) and application of the corresponding
strain state correction.

Since only the variation of lattice rotation represents useful de-
formation information, e.g., geometrically necessary dislocations, the
lattice rotation field can be determined entirely from the HR-EBSD
analysis in (3) without further refinement from the optimization rou-
tine. Therefore, the correction is only applied to the strain field in
which the absolute values of the strain maps are unavailable with
the conventional HR-EBSD technique. Prior to the three-step proce-
dure, appropriate pattern filtering parameters have been determined,
including adaptive histogram equalization parameter and high pass
filter parameter. The high pass filter parameter removes low frequency
background intensity gradients and enhances the band features. The
adaptive histogram equalization routine adjusts the overall contrast of
experimental to match with the simulated pattern in order to prevent
spurious effect in the similarity metric. The filtering parameters can be
selected with the EMEBSDDIpreview function implemented in EMsoft as
part of the utility functions for dictionary indexing, shown in Fig. 9(a).
An example of the simulated pattern of reference pattern P is given
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Fig. 8. Deformation tensor extraction and pattern center optimization accuracy test on a set of simulated diffraction patterns around a surface edge dislocation. (a) Expected
surface (z = 0) strain and rotation field around the right-handed positive edge dislocation. Schematic of the dislocation configuration is overlaid on top of the ¢,; component; (b)
inferred surface (z = 0) strain and rotation field using hybrid optimization (DE+NMS); (c) absolute error of the strain, rotation, pattern center coordinates.

in Fig. 9(c) with optimized orientation and pattern center coordinates.
In Fig. 9(c), 20 kV of primary beam energy is used for the Monte
Carlo simulation of the backscattering energy spectrum, as described
in more details by Callahan and DeGraef [22]. The agreement of the
intensity distribution of simulated Kikuchi pattern to the experimental
pattern shown in Fig. 9(c) is clear. The optimized parameters are used
to re-simulate the same pattern P with an improved similarity metric
compared to the unrefined simulated pattern (NDP improves from 0.89
to 0.93).

To further validate this approach, the following test has been carried
out. The idea is that if the strain correction for the reference pattern
were applied correctly, then the strain field determined from different
reference patterns would be similar. Hence, the same TRIP steel data set
was analyzed using the proposed three-step approach with two different
reference patterns P and Q as shown in Fig. 10. In comparison, the
uncorrected strain fields determined from reference patterns P and Q
are relatively uniform across the grain, indicating rather small plastic
deformation incurred during fatigue testing (hence smaller elastic strain
to maintain compatibility). One specific component that is obviously
different is ¢,. After strain state correction for the reference patterns,
the ¢;, components highlighted in Fig. 10 match up. This indicates that
the inference of the deformation state of reference pattern will bring the
strain maps determined from different reference patterns closer to the
absolute strain states. However, this does not mean that these strain
maps are equivalent to absolute strain maps since the deviation of the
determined value to the ground truth is still impossible to determine.
Due to this reason, the validation method is still prone to systemic error
i.e. an unknown amount of shift to the true values.

Furthermore, the inference of the deformation states at P and Q
both reveal non-zero surface shear strain €3, which is likely associated
with the uncertainty in the geometry of the scan. Furthermore, the
lattice rotation fields obtained based on two different reference patterns
are clearly different in terms of their absolute values but their corre-
sponding gradients in the lattice rotation fields are almost identical,
i.e., identical distributions of geometrically necessary dislocations. In
Fig. 11(c), the dislocation structures has been clearly mapped using the
orientation gradients computation with significantly better sensitivity.
To test the precision of the orientation mapping of experimental data in
comparison of other techniques, grain reference orientation distribution
(GROD: deviation of the local misorientation angle to the mean orienta-
tion in the grain) maps can be calculated and compared. Compared with
the GROD maps generated by EDAX and refined dictionary indexing
method, as shown in Fig. 12, the smoothly varying spatial distribution
of GROD and the histogram of the global optimization based GROD
map shows better precision compared to Hough transform and similar
performance to the refined dictionary indexing method.
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4. Discussion

In this study, a rotation correction step has been implemented to
improve the optimization landscape along the orientation space. With
the implementation of the rotation correction method, it was found
that this rotation correction approach only slightly improves the rate
of convergence with limited benefits for the accuracy of both DE and
PSO methods. In addition, it also seems to incorrectly bias NMS away
from the ground truth when the initial pattern center is far away from
the ground truth. Therefore, inclusion of the rotation correction should
only be applied within the global optimization part.

While the global optimization does not require explicit knowledge
regarding the computation of derivatives in the optimization landscape,
the convergence behavior heavily relies on the combination of opti-
mization parameters. In this study, we have explored some important
aspects of using global optimization that have not bee previously stud-
ies by Tanaka et al.[36]: (1) effect of changing optimization parameters
on the global optimization, (2) the use of different mutation schemes,
(3) direct inference of the deformation tensor. While the performance
of refinement results largely depend on many factors such as the
optimization parameters, the amount of noise level added, the accuracy
of the initial estimate, etc, the overall orientation and pattern center
results showed similar accuracy compared with other studies [33-36].

More specifically, larger search spaces require a larger population
size to sample enough optimization landscape and more iterations
to converge to the global minimum. Similarly, the performance of
mutation schemes also depends on the range of the search space.
For a small search space, +0.5° and +0.5% detector width, these five
mutation schemes have similar convergence rates. With large search
spaces, the mutation scheme involving the best performing vector
become noticeably faster than other schemes. However, these faster
mutation schemes, i.e., DE/best/1/bin and DE/best/2/bin, are more
prone to get stuck in local minima, as shown clearly in Fig. 4. There-
fore, the DE/rand-to-best/1/bin is likely the most efficient mutation
scheme compared to the others with regard to the convergence rate
and accuracy.

For the PSO method, our hyperparameter tuning did not reveal clear
improvement of the results. In addition, it was found that if the random
initialization of the initial population was re-seeded several times, the
global minimum can sometimes be obtained but not always guaran-
teed. Based on these observations, the PSO method for a large search
space potentially requires a much larger population size to efficiently
converge to the global minimum. This drawback of the PSO method is
likely related to the velocity formulation which heavily weights the best
performing particles. Based on our studies of the different evolutionary
based global optimization algorithms, we have found that care must
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Fig. 9. (a) A matrix array of pre-processed patterns for the reference pattern P selected from the TRIP steel data set; the high-pass parameter varies from left to right, the number
of regions in the adaptive histogram equalization from bottom to top. (b) Filtered experimental pattern, outlined by the white box in (a). (¢) Simulated pattern for TRIP steel at
20 kV of P based on the filtering parameters from (b) with orientation and pattern center valued optimized using hybrid optimization (DE+NMS).
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Fig. 10. HR-EBSD analysis of TRIP steel sample directly using reference pattern P and Q (strain state uncorrected) or combined with hybrid optimization for reference pattern’s

deformation state correction (strain state corrected).

be taken to select the optimization parameters, preferably via some
hyperparameter tuning, as well as the appropriate choice of heuristic
rules. A comprehensive understanding of how these global optimization
algorithms perform for specific problems of interest will help to more
effectively navigate the search points.

For enhanced performance, hybrid optimization of orientation and
pattern center using DE+NMS and PSO+NMS within a search space
of +£10° and +5% detector width with the same population size (80)
and number of iterations (50 or 100) have been tested on a line scan
from a simulated single crystal nickel data set with realistic pattern
center variation across the large field of view. The outliers in the
PSO+NMS, shown in Fig. 6(c), are due to the random trapping of the
entire population into local minima during the PSO step. In comparison,
DE+NMS can achieve an average accuracy of 0.02% detector width
and orientation error of 0.04° without any outliers. Therefore, the
efficient convergence of global optimization is crucial prior to the NMS
refinement step, which demands an accurate initial simplex.
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For the determination of deformation tensor, the accuracy of the
optimization tested on the simulated YSH dislocation data set indicates
a clear discrepancy in the accuracy of different components of the
deformation tensor. For example, the shear strain and rotation compo-
nents show much a higher accuracy ~0.001 compared to the normal
strains ~0.002 when the search space of pattern center is around
+0.5% detector width. In a previous study, we have shown that direct
inference of deformation can achieve extremely high accuracy (= 1074)
without the inclusion of a pattern center refinement [44]. Clearly, the
inclusion of a pattern center results in an extremely sloppy optimization
landscape that is challenging even for the global optimization algo-
rithm. Therefore, an additional optimization step for the pattern center
and orientation prior to extraction of the deformation state is added in
the test for the experimental data set.

Moreover, we have tested the hybrid optimization method on a
TRIP steel experimental data set. The optimization method has been
combined with the HR-EBSD method. It involved first optimizing the
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Fig. 11. (a) EBSD orientation map (IPF-Z), (b) image quality map, (c) HR-EBSD based GND density map (unit: logl0 GND density).
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Fig. 12. Grain Reference Orientation Deviation (GROD) maps generated from (a) EDAX Hough indexing, (b) global optimization, (c) refined dictionary indexing.

orientation and pattern center of a reference pattern. Then, optimized
Euler angles were fixed in the process when we inferred the defor-
mation tensor and pattern center. Note that the deformation tensor
contains a rotational part that also changes the orientation of the
crystal. Therefore, the first step can probably be skipped for most
well-calibrated system, which has accurate initial values of the pattern
center and orientation. The second step is the crucial step to reduce
error associated with pattern center due to elastic strain. The inferred
strain state could then be used to correct HR-EBSD derived data with
respect to the inferred reference pattern. Using the DE+NMS hybrid
method to infer the strain states from different reference patterns P and
Q in the TRIP steel data set, reference pattern strain states corrected
strain maps indicate clear agreement in the shear strain ¢, component,

as shown in Fig. 10. Nevertheless, future work is still required to further
improve the sensitivity of the pattern matching approach to simultane-
ous deformation state extraction and pattern center refinement since
the elastic strain limit of most metallic materials is about 0.002 [61].
Moreover, the experimental data used here had an unknown strain
state so the demonstration here only served as an indirect approach
to assess the accuracy of this “absolute” strain method. The difference
between the strain state corrected strain maps using reference patterns
P and Q showed mean strain errors about 0.001. Testing the efficacy
of this method on a sample with known strain states, e.g., an epitaxial
Si,Ge,_, thin film deposited on Si substrate, is currently in progress,
which will help to understand the accuracy of the inferred deformation
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state and the variation of inferred pattern center across a large field of
view.

Last but not least, the absolute orientation error of this technique
has not been tested experimentally since perfect setup geometrically is a
non-trivial exercise. Simultaneous optimization of orientation and pat-
tern center using the incorrect sample-detector orientation relationship
results in inaccurate orientation matrix with disorientation error equal
to the tilt error, as shown in Fig. A.1 in the Appendix A. The pattern
center remains quite accurate i.e. less than 0.05% detector with this
level of uncertainty in the tilt angle, which is generally acceptable for
elastic strain measurement [30,62]. In addition, the uncertainty in the
tilt will also slightly bias the traction free boundary condition but the
effect of such bias will be generally small on the elastic strain tensor
given that the tilt error is not significant and only the normal stress is
set to zero [63]. An additional complexity arose when we tested the
orientation dependency of the error in the deformation tensor using
simulated patterns; it is not clear why certain orientations had a slightly
larger error in the deformation tensor. Future work is needed to further
explore and address these issues.

5. Summary

In this study, global optimization methods such as DE and PSO
have been implemented to refine orientation and pattern center for
EBSD data so as to address the sloppy optimization problem. The
direct inference of the deformation state is also made possible with the
introduction of an approximate model for deformation tensor inclusion
in the pattern simulation. It has been found that the DE algorithm is
a more efficient algorithm compared to PSO based on hyperparameter
tuning studies. In Section 3.2, it has been found that the reasonable
ranges for the optimization parameters of DE are crossover probability
C, € [0.7,0.9] and mutation factor F € [0.3,0.5]. In addition, the effect
of using different mutation schemes and search spaces on DE has also
been explored, which suggests that DE/best-to-rand/1/bin is the opti-
mal strategy. As a general rule of thumb, a population size N, = 10D
(D being the dimension of the problem) and a number of generations or
iterations g=100 are sufficiently large for deformation tensor inference.
For orientation and pattern center refinement, validation test on a
set of realistically simulated undeformed single crystal nickel patterns
indicates a mean accuracy of ~ 0.03° and ~0.01% detector width across
a large field of view. For deformation inference, a hybrid strategy has
been adopted by adding the NMS step after the global optimization
to further refine our solution. The validation using noisy simulated
deformed patterns with known deformation state and pattern center
shows that the mean accuracy of shear strain and rotation components
is ~0.001 and for the normal strain ~0.002. An indirect experimental
validation of the deformation tensor was conducted on the TRIP steel
sample undergone low cycle fatigue test, showing nice agreement of
elastic strain fields from HR-EBSD after strain state correction.
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Appendix A

Definition of similarity metrics

The four types of image similarity metrics used in 3.1 are defined in
the following. Suppose we have an image A and an image B with the
same dimensions of i by j.

The normalized dot product (NDP) is defined as:

2 AijBij
NDP = —/———— (12)
[IAIIB]
where [[All =4/, Azj.
The cross-correlation coefficient (XCF) is defined as:
j(Ai; — A)XB,; —B)
XCF = 2. R (13)
A —AllB-BJl
where ||A — A|| = V2 (A - A)? and A is the mean of A.
The root-mean-square-error (RMSE) is defined as:
(A, — B, )?
RMSE = L= By” , (14
N
where N is the number of pixels of image A or B.
The mutual information involves the use of Shannon entropy:
H=-Y plogp, (15)
i

where p; is the probability distribution of the intensity i € [0, ..., 255] of
a gray-scale image between. Similarly, the Shannon entropy of a joint
distribution (a measure of image registration) is defined as:

H=- Zp['j logp/-'j.
ij

(16)

The mutual information MI(A,B) between images A and B can be
established as the sum of Shannon entropy values of the two images
minus the joint entropy.

MI(A, B) = H(A) + H(B) — H(A, B). an

It is clear that the optimization of these objective function values
require either maximizing (NDP, XCF, MI) or minimizing (RMSE) the
corresponding metric for the pattern matching problem.

Effect of tilt error on pattern center and orientation

See Fig. A.1.
Appendix B. Supplementary data

Supplementary material related to this article can be found online
at https://doi.org/10.1016/j.ultramic.2021.113407. Brief introduction
about how to use the global optimization program implemented in
EMsoft. A new Python interface (pyEMsoft) has also been developed
to allow easier access to some of the EMsoft’s Fortran routines.
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