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Impact of shell structure on the fusion of neutron-rich mid-mass nuclei
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The influence of shell effects on fusion of mid-mass nuclei is explored using isotopic chains of K and Ar
ions on an oxygen target. Comparison of the reduced excitation functions reveals that the fusion cross section
for the open neutron-shell projectile nuclei 41K and 45K is systematically larger than for the closed neutron-shell
projectiles 39K and 47K. The São Paulo fusion model using matter densities from systematics fails to describe the
measured excitation functions. Use of more realistic densities from a Dirac-Hartree-Bogoliubov (DHB) approach
performs significantly better though it still overpredicts the closed-shell nuclei.
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Introduction. Fusion of two heavy-ions is a fascinating
process in which two strongly-interacting quantum systems
merge, lose their individual identity, and assume a new
identity. While the importance of shell structure in nuclei
determines masses [1] and thus many conspicuous observ-
ables, its importance in, and influence on, heavy-ion fusion
is less clear. As nuclei become neutron-rich their ground-state
nuclear structure is modified by shell quenching [2] and the
emergence of new “magic numbers” [3]. Recently, systematic
examination of fusion for isotopic chains of carbon and oxy-
gen nuclei on a carbon target [4,5] has revealed a significant
increase in the average above-barrier fusion cross section for
neutron-rich nuclei with an unpaired neutron. Whether this
latter observation is confined only to light nuclei with an
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unpaired neutron is presently an open question. Radioactive
beam facilities now provide the means to systematically in-
vestigate the impact of structure on fusion for isotopic chains
extended to exotic neutron-rich nuclei [6–8].

Neutron-rich nuclei with extended density distributions ex-
hibit larger fusion cross sections. The cross-section can be
additionally increased by intrinsic and collective excitation.
At small excitation, a coupled-channel approach has been
successful in describing the fusion of nuclei [9–11]. Despite
this success of coupled-channel calculations, for neutron-rich
nuclei with loosely bound valence neutrons one might expect
additional neutron dynamics to emerge. Such dynamics can be
theoretically probed through time-dependent approaches such
as time-dependent Hartree-Fock [12] or density functional
theory [13].

The simplest approach to calculating the fusion cross sec-
tion involves a double folding of the density distribution with
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the assumption that the initial density distributions are frozen
[14,15]. The density distribution utilized is not restricted to
a one-body description but can include two-body or higher
correlations allowing nuclear structure to influence the fusion
cross section. For near-barrier collisions, the critical point
in fusion is the saddle point in the potential energy surface.
Whether nuclear structure effects influence the fusion cross
section depends on whether they persist at the saddle point.

In the present work we examine the fusion of the neutron-
rich nuclei at the N = 20 and N = 28 closed shells as well as
open-shell nuclei by studying the fusion of 39,41,45,47K+ 16O
and 36,44Ar+ 16O. The K isotopic chain was chosen based
on the availability of these beams at the ReA3 accelerator
facility at Michigan State University. The double closed shell
for 16O provided a well-bound nucleus as the target, enabling a
systematic measurement of the impact of the projectile’s shell
structure on the fusion cross section.

Experimental technique. Radioactive beams of K and Ar
ions were produced by colliding 48Ca beams at 140A MeV
with a Be production target at the coupled-cyclotron facility
at MSU-NSCL. The resulting reaction products were filtered
by the A1900 spectrometer before being thermalized in a
gas stopper. They were subsequently extracted from the gas
stopper, charge bred to a high-charge state, and accelerated by
the ReA3 linac before being transported to the experimental
setup. For the stable isotopes, an ion source directly fed the
charge breeder. Details on the experimental setup have been
previously published [16] and are briefly summarized below.

The identity of ions incident on the target was measured
particle by particle by using two microchannel-plate (MCP)
detectors spaced ≈1.3 m apart together with two interven-
ing axial-field ionization detectors. With these detectors a
�E -TOF measurement was performed for each ion incident
on the target. Measurement of the �E -TOF allowed rejec-
tion of beam contaminants. The electron emission foil of the
downstream MCP detector also served as the target in the
experiment. The intensities of the K and Ar beams incident on
the target ranged between 1.0 × 104 (44Ar /s) and 4.5 × 104

(39K /s).
The 16O target used was produced by evaporating 28Si

in a vacuum of 1 × 10−6 Torr. Under these conditions the
deposited Si exhibited a significant oxygen content. The
oxygen content in the target was measured by Rutherford
backscattering (RBS) and confirmed using x-ray photoelec-
tron spectroscopy [17]. This RBS measurement revealed an
oxygen thickness of 98 ± 4 μg/cm2 along with a Si thickness
of 258 ± 10 μg/cm2.

Fusion products were identified using an energy/time-of-
flight (ETOF) approach. Fusion of K (Ar) ions with the 16O
target results in a compound nucleus of Co (Fe) with an exci-
tation of ≈40–50 MeV. In contrast, fusion of the K (Ar) ions
with the 28Si nuclei produces a compound nucleus of Ge (As).
Following deexcitation of the compound nucleus via emission
of neutrons, protons, and α particles, the resulting evaporation
residue (ER) reflects the initial mass difference. Reactions on
16O are thus distinguished on the basis of the mass of the
ER by detecting it in annular Si detectors that subtend the
angular range 1.0◦ < θlab < 7.3◦. Evaporation residues were
identified using the energy deposit in the Si detectors together
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FIG. 1. Comparison of the fusion excitation functions for
39,45,47K (upper panel) and 36,44Ar (lower panel).

with the time of flight between the downstream MCP detector
and a Si detector [16].

The fusion cross section σF is extracted from the measured
yield of ERs through the relation σF = NER/(εER × t × NI ),
where NI is the number of beam particles of a given type
incident on the target, t is the target thickness, εER is the
detection efficiency, and NER is the number of evaporation
residues detected. The number NI is determined by counting
the particles with the appropriate time of flight between the
two MCPs that have the correct identification in the �E -TOF
map. The measured target thickness was used. The number of
detected residues, NER, is determined by summing the number
of detected residues identified by the ETOF technique. Uncer-
tainty in identifying an ER associated with fusion on 16O is
reflected in the error bars presented. To obtain the detection
efficiency, εER, a statistical model was used to describe the
deexcitation of the fusion product together with the geometric
acceptance of the experimental setup. The detection efficiency
varied between ≈82% and 83% over the entire energy range.
The statistical uncertainties of the measurement dominate the
error bars shown. The second-largest contribution to the total
uncertainty in the cross section is due to the target thickness
and is 4%.

Presented in Fig. 1(a) are the fusion excitation functions for
39,45,47K + 16O. As expected, based on the presence of eight
additional neutrons, 47K exhibits a larger fusion cross section
than 39K. The additional neutrons in 47K should not only
correspond to a larger size for the nucleus (cross section) but
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FIG. 2. Comparison of the reduced fusion excitation functions
for 39,41,45,47K and 36,44Ar on a 16O target.

should also be associated with a stronger attractive potential
moving the excitation function towards lower Ec.m.. Interest-
ingly, 45K has an even larger cross section than 47K despite
having two fewer neutrons. Without consideration of shell
effects one might expect that fewer neutrons should result in
a weaker attractive potential and consequently a diminished
fusion cross section.

In Fig. 1(b) the fusion excitation functions for 36,44Ar are
examined. This comparison also involves a difference of eight
neutrons as in the case of 39,47K but does not involve the
closed shells of N = 20 and N = 28. For Ec.m. < 26 MeV the
neutron-rich 44Ar exhibits a larger cross section. For Ec.m. >

26 MeV, however, the cross section is essentially the same for
44Ar and 36Ar.

To account for the difference in cross section associated
with a projectile nucleus having more neutrons, the reduced
excitation functions are compared in Fig. 2. The fusion cross
section σF has been scaled by the quantity (A1/3

P + A1/3
T )2 and

its dependence on the incident energy is examined relative
to the Coulomb barrier. The Coulomb barrier, VC , is taken
as VC = 1.44ZPZT /(A1/3

P + A1/3
T ). This scaling accounts for

the systematic size and Coulomb barrier effects expected.
This simple accounting of the Coulomb barrier does not

include dependence of the charge radii on neutron number
for the potassium isotopes recently reported [18]. Use of the
simple prescription suffices, as significant interpenetration of
the charge distribution would be required for the impact of
changes in the charge distribution to be manifested. When
compared in this manner, 39K and 47K with their closed N =
20 and N = 28 shells exhibit essentially the same reduced
fusion cross section. This indicates that the increased cross
section for 47K as compared to 39K is effectively due to the
larger ground-state size of the 47K nucleus. In contrast to this
result, a larger reduced fusion cross section is evident for
fusion of the open-shell 45K (N = 26). Thus, the systematic
A1/3 increase in size does not explain the 45K fusion cross
section. It is interesting to note that this increased cross section
occurs close to and below the barrier. For 0 � (Ec.m. −VC ) �
2 MeV, one observes a suppression in the reduced fusion cross
section. Similar structure in fusion excitation functions has
been associated with resonance behavior in lighter systems
[19]. The highest energy point for 45K is consistent with the
reduced cross-section of 39K and 47K, well below the expecta-
tion based upon extrapolation the reduced cross section from
lower energies.

The reduced excitation function for 41K is compared with
those of the closed-shell 39,47K nuclei in Fig. 2(b). As in the
case of 45K, the reduced fusion excitation function for 41K
is larger than that of the closed-shell nuclei. Remarkably, the
presence of just two neutrons beyond the closed N = 20 shell
is sufficient to cause this increase.

In Fig. 2(c) the reduced fusion excitation functions for 36Ar
and 44Ar are presented. For these nuclei the reduced excitation
functions are essentially the same within the measurement un-
certainties. The similarity of the reduced excitation functions
for 39K and 47K, two closed-shell nuclei, or 36Ar and 44Ar,
two open-shell nuclei, demonstrates the effectiveness of the
reduced excitation function in accounting for the systematic
size effect on fusion due to addition of neutrons in an isotopic
chain. The difference observed in the reduced excitation func-
tion for 41K and 45K in comparing an open-shell nucleus with
two closed-shell nuclei is therefore significant. It is essential
to note that this comparison is valid when none of the analyzed
isotopes exhibit large collectivity. Although some of the nuclei
presented are neutron rich, they are not weakly bound nuclei.
Consequently, the fusion cross sections are not affected by
either the breakup channel or collectivity of these nuclei in
the energy region investigated.

Comparison with theoretical models. The simplest de-
scription of fusion is through the interaction of the density
distributions of the two interacting nuclei. If the interac-
tion between the nuclei is nonadiabatic (i.e., described by
the sudden approximation) it is sufficient to consider the
ground-state density distributions. In the case of adiabatic
collisions, collective modes in the colliding nuclei can be
excited and need to be considered. Inclusion of these modes
in a coupled-channels (CC) formalism results in an increase
in the fusion cross section at energies near and below the
Coulomb barrier [20–22]. To investigate whether the observed
fusion excitation functions can be described by the interaction
of the ground-state density distributions of the projectile and
target nuclei, the São Paulo model was used. The São Paulo
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potential [23] is a local-equivalent double folding of the pro-
jectile and target matter densities on the zero-range interaction
multiplied by a strength coefficient e−4v2/c2 , where v is its
relative velocity and c is the speed of light. At energies near
the Coulomb barrier this strength correction is insignificant.
The São Paulo potential systematic [24] is the potential as-
sociated with matter densities described by a two-parameter
Fermi-Dirac distribution with radius R0 = (1.31A1/3 − 0.81)
fm and matter diffuseness a = 0.56 fm. This systematic was
derived from the available experimental data for the charge
distributions extracted from electron scattering and Dirac-
Hartree-Bogoliubov (DHB) calculations for many nuclei. As
such it provides a general description in which structural
effects have been averaged over. The São Paulo potential sys-
tematic was used for the real part of the optical potential with a
Woods-Saxon form used for the imaginary part with a depth of
50.0 MeV, reduced radius of 1.06 fm, and diffuseness of 0.20
fm for the one-channel calculations. Such a potential has been
used in many CC calculations and their results successfully
compare with experimental data [25–28].

Presented in Fig. 3 (dashed lines) are the predicted matter
density distributions for the K and Ar isotopes, using the
São Paulo potential systematic. All these distributions have
a smooth Fermi-Dirac shape with a central density of ≈0.16
nucleons/fm3. These smooth distributions reflect, in essence,
the one-body mean-field nature of the nuclei considered and
do not manifest nuclear structure associated with two-body
correlations.

To calculate more accurate matter density distributions
which include two-body correlations we performed Dirac-
Hartree-Bogoliubov (DHB) calculations [29]. The correla-
tions in the DHB calculations of the present work are limited
to surface-pairing correlations. These correlations can make
subtle modifications to the nuclear surface, extending and
modifying the nuclear density. The details of these mean-
field calculations using an axially symmetric self-consistent
approximation are reported in Ref. [30]. The resulting matter
distributions are shown in Fig. 3 as the solid lines. Evident in
the DHB matter distributions is a double-humped structure,
a manifestation of the shell structure. For 39K the dominant
peak is located at lower values of R. With increasing neu-
tron number the density of this inner peak decreases until
at 47K the outer peak is the dominant peak in density. A
similar trend is observed between 36Ar and 44Ar although
for these nuclei the inner peak remains the larger peak. As
the fusion of two nuclei is typically viewed as sensitive to
the tails of the matter distribution, an expanded view of this
region is shown in the insets of Fig. 3. It is noteworthy that
the tails of the matter distributions are quite similar although
the DHB distributions are slightly less extended than the
systematics.

Displayed in Fig. 4 are the proton and neutron density
distributions predicted by the DHB model. One observes that
addition of neutrons to 39K influences not only the neutron
but also significantly impacts the proton density distribution.
As the peak in neutron density situated at large R increases in
magnitude, the proton peak situated at large R also increases
in magnitude. As the total number of protons is constant,
this increase is correlated with a decrease in the value of
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FIG. 3. Comparison of the matter density distributions given by
the systematics that is typically used within the São Paulo fusion
model with the density distributions predicted by Dirac-Hartree-
Bogoliubov (DHB) calculations. Shown in the insets are the tails of
the matter distributions.

the central proton density. This outward displacement of the
proton density by additional neutrons can be thought of as the
resistance of nuclei to polarization of the ground state. This
behavior has previously been noted in relativistic mean-field
calculations for neutron-rich oxygen isotopes and reflects the
n-p interaction via the strong force [31]. Close examination of
this outward pull of the valence neutrons on the core (N � 20)
neutrons as compared to the core protons reveals that the
protons experience a larger outward pull. This difference can
be interpreted as a repulsion between the valence neutrons and
the core neutrons due to the Pauli exclusion principle. Similar
behavior is also observed for the Ar isotopes.

Using the DHB matter distributions for both the projectile
and 16O target nuclei, the São Paulo potential was generated
and used to calculate the fusion cross section. The theoretical
predictions are compared with the experimental data in Fig. 5.
In addition to the cross sections resulting from the DHB mat-
ter densities (solid lines) the cross sections associated with
the systematics densities are also shown (dashed lines). In
all cases use of the DHB densities results in a significant
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FIG. 4. Density distributions of protons (dashed) and neutrons
(solid) for K and Ar isotopes predicted by the DHB calculations.

reduction of the fusion cross section as compared to the sys-
tematics. This reduction is apparent over the entire energy
interval considered. The similarity of the tail of the density
distribution for both the DHB and systematics suggests that
the change in the cross section is due to the difference in
the interior part of the density distribution. Further theoret-
ical work to reproduce these data is needed to confirm this
conclusion.

Comparison of the theoretical predictions with the ex-
perimental excitation functions is revealing. For the open
neutron-shell isotopes 41,45K, the theoretical model with the
DHB densities provides a reasonable prediction of the excita-
tion function, particularly for the lower energies. However, in
the case of the closed neutron-shell 47K and particularly for
39K, the model overpredicts the measured cross sections. This
overprediction for the case of the closed-shell nuclei might
suggest that the ground-state configurations at the saddle point
that result in fusion are more compact than the ground-state
DHB calculations indicate. Alternatively, it might signal that
higher order correlations, not present in the DHB calculations
are more important for these closed neutron-shell nuclei. In
the case of the 36,44Ar nuclei the agreement is intermediate
between that of the open-shell and closed-shell K isotopes.

The fact that the São Paulo fusion model using the DHB
densities overpredicts the experimental data is also signifi-
cant. Coupling to low-lying collective modes acts to increase
the fusion cross section. Given that the ground-state calcu-
lation already overpredicts the measured cross-section, the
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FIG. 5. Comparison of the experimental cross sections with the
predictions of the São Paulo model using DHB densities as well as
densities from systematics.

excitation of low-lying collective modes can be ruled out.
The largest discrepancy is observed for the closed neutron
shells at N = 20 and N = 28. Presumably these closed-shell
nuclei are the least likely to undergo collective excitations.
The persistence of shell effects at the saddle point reflects the
low intrinsic excitation of the saddle configuration.

Conclusions. Systematic measurement of the fusion ex-
citation functions for 39,41,45,47K + 16O and 36,44Ar + 16O
has yielded surprising results. The open neutron-shell nuclei
of 41,45K manifest larger reduced fusion cross sections than
the closed neutron-shell isotopes 39,47K. This result indicates
that the additional binding due to the closed shell structure is
present at the saddle point. In all cases considered, the São
Paulo fusion model using the systematic densities overpre-
dicts the measured fusion cross sections. Use of more realistic
density distributions from a Dirac-Hartree-Bogoliubov (DHB)
calculation resulted in a reduction of the predicted fusion cross
section as compared to the systematics. For the open-shell
nuclei, the use of these more accurate ground-state densities in
the São Paulo fusion model provided a reasonable description,
particularly for the K isotopes. For the closed-shell nuclei,
however, use of the DHB densities still overpredicts the mea-
sured cross sections, particularly above the barrier. This result
emphasizes the importance understanding shell effects at the
saddle point to achieve an accurate description of fusion.
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