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A B S T R A C T

Crystalline nanowires exhibiting a wide range of size-dependent fracture and failure modes
have been extensively studied, yet the fracture behaviors of amorphous materials and their size
dependence remain elusive. Here extensive atomistic simulations are performed to reveal the
deformation and fracture behaviors in a broad class of amorphous nanowires with varying sizes,
including CuZr, CuZrAl, FeP, Si, and a ductile Lennard-Jones system. It is found that the fracture
strain 𝜀f increases with nanowire length 𝐿 but decreases with diameter 𝐷, which exhibits a
linear relationship with the diameter-to-length ratio as 𝜀f ∝ 𝐷∕𝐿, —a scaling law valid in these
five distinct glassy systems understudied. We develop a theoretical model, capturing the size
of plastic zone at plastic yielding and its vital role in governing the final fracture strain, which
shows an agreement with the simulation data. By taking into account the intrinsic atomic-
level ideal strain, remarkably, all the size-dependent fracture strain data collapse, signifying
the universality of fracture nature in a broad range of glassy materials.

1. Introduction

Fracture of materials is a representative of multi-scale phenomena down to atomic scale, which has attracted massive attention
n materials science and mechanics. However, the microscopic fracture mechanics of materials remains elusive and keeps on
uzzling the community for decades especially when the failure mechanism is novel and in contrast with the traditional fracture
echanisms such as brittle crack propagation involving critical role of new free surface creation as explained in the Griffith theory
f fracture (Griffith, 1921). Relevant study of fracture ranges from macro-scale, in which plastic deformation mainly occurs in an
nstable and local region that accelerates the crack propagation, to the nanometer scale which assumes microscope defect and atomic
isplacement field promote irreversible deformation (Taloni et al., 2018). The common sense in a series of crystalline (Lu et al.,
009; Wu et al., 2012; Tao et al., 2018) and amorphous materials (Kumar et al., 2011; Şopu et al., 2016; Qu et al., 2019) generally
s that larger samples are more sensitive to fracture. The size effect of fracture is hard to describe through continuum mechanics
ramework: the stress is constant regardless of the sample length if the cross section is the same. From theoretical point of view,
ome endeavors with critical role of stress components were pursued to explain the size effect on materials’ failure (Christensen
t al., 2018). And sometimes extreme value theory was also adopted to clarify the mechanism underlying fracture statistics (Taloni
t al., 2018). However, almost all the theoretical analyses more or less exist limitations, failing to fully forecast the size effect in
racture of materials.
The fracture issue becomes even more intractable once it encounters new deformation mechanisms in unconventional materials.

ince first reported by Klement et al. (1960) in 1960s, the disordered material metallic glasses (MGs) have received extensive
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attention due to their unique mechanical properties such as strong, high elastic limit, and superior toughness (Ashby and Greer,
2006). Such kind of amorphous solids fracture via a novel cavitation mechanism in front of crack, as initially predicted by atomistic
simulations (Murali et al., 2011; Guan et al., 2013) and recently confirmed by experimental observation (Shen et al., 2021; Pan et al.,
2015). The plastic deformation mechanism of amorphous solids is also different from the dislocation accommodated plasticity in
crystals, in the former case the elementary deformation unit is the so-called shear transformation (Argon, 1979; Falk and Langer,
1998), or the Johari–Goldstein 𝛽 relaxation of nanoscale which contains a few tens of atoms (Yu et al., 2012, 2013; Yang et al.,
2021a). Such unusual deformation and fracture mechanisms challenge the conventional Griffith’s scenario and cast difficulty in
rationalization of the mechanical properties, e.g., the size-dependent fracture of amorphous materials.

Fracture resistance is an essential precondition for the application of MGs as potential structural materials (Sun and Wang,
2015). The bottleneck of amorphous solids is the catastrophic failure via shear banding owing to the lack of strain hardening
mechanisms (Pan et al., 2020; Lewandowski et al., 2005; Greer and Ma, 2007; Yang et al., 2021b; Cao et al., 2018). Recently, it has
ecome realized that the plasticity of MG can be enhanced by reducing sample size (Guo et al., 2007; Jang and Greer, 2010; Kumar
t al., 2011; Luo et al., 2016; Yang et al., 2021a). There have been extensive experiments exhibiting elevated toughness (Gludovatz
t al., 2014), improved strength (Greer and De Hosson, 2011; Wang et al., 2012; Li et al., 2017), extensive elasticity (Tian et al.,
012) and ductile necking instead of shear banding mechanism have been seen in nanoscale MGs (Greer and De Hosson, 2011; Chen
t al., 2013; Tian et al., 2013; Gu et al., 2014). All of the observations are indicative of the size effect on mechanical properties
f MGs, which may provide a strategy to avoid catastrophic failure. On the other hand, atomistic simulations also confirm that
anoscale amorphous materials tend to be more ductile than their bulk counterparts (Wei et al., 2010; Zhou et al., 2015; Şopu
t al., 2016; Zhang et al., 2021). A transition in MG failure mode with change in aspect ratio is observed (Sha et al., 2014). Simple
odel was able to predict a critical size for the ductile-to-brittle transition in MG nanowires (Şopu et al., 2016). All studies confirm
he existence of size effect and point to the ‘‘smaller is stronger’’ trend in MGs (Jang and Greer, 2010; Greer and De Hosson, 2011;
ha et al., 2017). Importantly, ductility is simultaneously enhanced by size reduction which is on the contrary to some of their
rystalline counterparts (Tian et al., 2012).
A universal relationship between extrinsic size effect and fracture of crystalline nanowire has been clarified (Wu et al., 2012).

lbeit some phenomena are observed, the size effect in fracture of amorphous solids is still disputable. It is mainly because of the
ess understood shear localization mechanism, especially at atomic and micro-scales (Wang et al., 2022; Cao et al., 2019). And
ometimes different localization mechanisms compete to dominate fracture according to different laws (Wu et al., 2009; Zhou et al.,
015). Competing size effect also matters, e.g., it is nontrivial to reveal the respective roles of diameter and length of wire in
racture (Şopu et al., 2016). The missing information is how the structural disorder interacts with the basic deformation unit and
elps the isolated local deformation evolve into shear localization that leads to fracture in amorphous materials (Taloni et al., 2018).
uring the dynamic localization process, how the extrinsic geometries of MG samples come into play is still unclear.
To settle the issues, extensive molecular dynamics (MD) simulations are performed to investigate the role of size in fracture

f amorphous nanowires, taking a variety of amorphous systems with different combinations of diameter, length, and interatomic
nteractions as representatives. Scaling relationship between fracture strain and system dimensions are carefully analyzed and further
nterpreted by a developed mechanistic models. Considering the intrinsic atomistic ideal strain, a universal size-dependent fracture
aw is established, highlighting the commonality of fracture origin down to bonding nature of amorphous materials.

. Atomistic simulations and deformation models

MD simulations using the software LAMMPS (Plimpton, 1995) are performed to elucidate the size effect in fracture of MG
anowires. While a binary Cu50Zr50 MG (interacted with Finnis–Sinclair type embedded method potential proposed by Mendelev
t al., 2009) is simulated as a prototypical amorphous materials, other systems with different bonding nature are also considered to
eneralize the observations, which include Si (Stillinger–Weber potential) (Stillinger and Weber, 1985), Cu64Zr36 (Mendelev et al.,
009), Zr46Cu46Al8 (Cheng et al., 2009), Fe80P20 (Ackland et al., 2004), as well as the general Lennard-Jones (L-J) model (Kob and
ndersen, 1995).
To simulate fracture of amorphous nanowires, a cubic Cu50Zr50 MG sample with dimensions of 𝐿𝑥, 𝐿𝑦, 𝐿𝑧 = 7, 7, 7 nm,

ontaining 19652 atoms, is created by cooling from liquid. Using periodic boundary condition in all three directions, the equilibrium
emperature and external pressure are set as 2000 K and 0 GPa, respectively. After equilibrating the glass-forming liquid for 2 ns at
000 K under 𝑁𝑃𝑇 ensemble (constant number of atoms, constant pressure and constant temperature), we decrease temperature
o 0.1 K with a cooling rate of 1010 K/s. The sample is then thoroughly relaxed at 0 K. To control the temperature and pressure
n isothermal–isobaric ensemble, Nosé–Hoover thermostat Nosé (1984), Hoover (1985), and Parrinello–Rahman barostat Parrinello
nd Rahman (1981) are used. The MD time step is 2 fs.
In order to generate a series of MG nanowires with different size, the initial sample is duplicated five times in both 𝑥 and 𝑦

irections, 35 times in the 𝑧 direction (uniaxial tensile direction). Via this operation a huge bulk sample containing 22 108 500 atoms
ith dimensions of 𝐿𝑥, 𝐿𝑦, 𝐿𝑧 = 35, 35, 315 nm is prepared. The large sample is allowed to relax for 1 ns to ensure an energetically
avored configuration. Next, cylindrical-shaped nanowires are produced by cutting the bulk sample. For the nanowires, periodic
oundary condition is imposed along the tensile direction and the lateral directions are of free boundary condition.
Before loading, the nanowires are first heated up to 10 K and equilibrated for 1 ns under the 𝑁𝑃𝑇 ensemble to relax the surface

nd residual stress. Then, uniaxial tensile deformation with a constant strain rate of 4 × 108 s−1 is applied at 10 K under the 𝑁𝑉 𝑇
constant number of atoms, constant volume and constant temperature) ensemble, until to a global strain at which fracture happens.
2

n total, 45 Cu50Zr50 nanowires with different length (20 to 150 nm) and diameter (5 to 30 nm) combinations are prepared for the
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fracture tests. The same strategy is performed on other five types of MG nanowires. The current modeling and simulation focusing on
cryogenic temperature (10 K) aim to rule out thermal effects and isolate the size effects on pure stress-driven deformation of various
glass systems. We note that the glassy systems under consideration (CuZr, CuZrAl, FeP, Si) could have different thermal sensitivities.
At the 10 K (close to molecular statics), we are able to connect the system-level fracture strain to the intrinsic atomic-level ideal
strain. When the temperature increases to room temperature or higher, the thermally activated processes, such as atomic diffusion,
will participate in the deformation, favoring necking-like flow. It is reasonable to speculate that, at room and elevated temperatures,
the diffusion could increase fracture strain and ductility and shift the fracture mode from the shear band towards necking.

The atomistic configurations are visualized by OVITO software (Stukowski, 2010). The atomic-scale deformation mechanism of
samples are characterized by the non-affine squared displacement (Falk and Langer, 1998) and the local atomic shear strain invariant
(von Mises strain 𝜂Mises) (Shimizu et al., 2007), as both have been implemented in OVITO. The non-affine squared displacement is
a unique structural metric describing information about nonelastic deformation in disordered materials, which reads

𝐷2
min (𝑡, 𝛥𝑡) =

∑

𝑛

∑

𝑖

{

𝐫𝑖𝑛 (𝑡) − 𝐫𝑖0 (𝑡) −
∑

𝑗

(

𝛿𝑖𝑗 + 𝜀𝑖𝑗
)

×
[

𝐫𝑗𝑛 (𝑡 − 𝛥𝑡) − 𝐫𝑗0 (𝑡 − 𝛥𝑡)
]

}2

, (1)

here 𝐫𝑖𝑛 (𝑡) is the position of the 𝑖th atom at time 𝑡 considering 𝑛 neighbors within a reasonable cutoff distance. The minimization
f 𝐷2

min yields a best mapping deformation gradient tensor with component 𝜀𝑖𝑗 from the reference configuration to the current one.
urther, the local von Mises strain invariant is defined via 𝜀𝑖𝑗 as (Shimizu et al., 2007)

𝜂Mises =

√

𝜂2𝑋𝑌 + 𝜂2𝑋𝑍 + 𝜂2𝑌 𝑍 +

(

𝜂𝑋𝑋 − 𝜂𝑌 𝑌
)2 +

(

𝜂𝑋𝑋 − 𝜂𝑍𝑍
)2 +

(

𝜂2𝑌 𝑌 − 𝜂2𝑍𝑍
)2

6
, (2)

in which 𝜂𝛼𝛽 are the components of the strain gradient tensor of atom 𝑖. It has been shown widely in the literature as a fairly nice
metric to level local nonelastic deformation in disordered medium.

3. Simulation results

3.1. Size-dependent fracture

The atomistic simulations inform clearly that fracture in MG nanowires are size dependent. Fig. 1a shows the stress–strain curves
of the 11 considered Cu50Zr50 nanowires with constant diameter (𝐷 = 20 nm) but varying length 𝐿 (20 to 140 nm). Regardless of

Fig. 1. Size-dependent fracture of Cu50Zr50 metallic glass nanowires. Uniaxial tensile stress–strain curves of the nanowires with (a) constant diameter 20 nm
nd varying length from 20 to 140 nm, and (b) constant length 60 nm but varying diameter from 5 to 30 nm. (c) Fracture strain decreases with increasing
ength while the diameter is fixed. The solid curves represent best nonlinear fit according to 𝜀f ∝ 1∕𝐿. (d) A linear relationship exists between the fracture strain
nd diameter of the nanowires while the length is fixed.
3
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Fig. 2. Size-dependent fracture diagram. (a) Shear banding in fat wire with 𝐿 = 20 nm, and 𝐷 = 20 nm. (b) Necking in thin wire with 𝐿 = 100 nm, 𝐷 = 20 nm.
toms are colored by the atomic-scale non-affine squared displacement. Only atoms with displacement more than 10 Å are shown for clarity. (c) Fracture
echanism map of the MG nanowires informed by the magnitude of fracture strain 𝜀f . Squares indicate failure by necking, and circulares failure by shear
anding. The color of symbols denotes magnitude of fracture strain. A border 𝐿∕𝐷 ≈ 3 well separates the two regimes dominated by distinct fracture modes.

anowire length, stresses of all nanowires increase linearly at the beginning of strain until to a yield strain 𝜀y (≈ 0.07). For the
lastic deformation, the nanowires show entirely different mechanical behaviors. The wire with length 𝐿 = 20 nm fails after many
errations in the stress–strain curve, suggesting the existence of successive local plastic events that promote ductility. However,
he long nanowire with length 𝐿 = 140 nm fails catastrophically in a brittle manner. The ductility, or strain at failure, obviously
ecreases with increasing wire length. In addition, ductility is improved with increasing wire diameter, while length is kept constant
s 𝐿 = 60 nm, as shown in Fig. 1b. The diameter effect on fracture may be attributed to a change in the fraction of surface atoms
hich is more active in plastic deformation (Wei et al., 2010; Swallen et al., 2007). To quantify the observation, we define a

fracture strain 𝜀f at which stress has decayed to zero. Fig. 1c–d show the relationship between 𝜀f and wire length 𝐿 and diameter
, respectively. For a first order approximation, 𝜀f ∝ 1∕𝐿 and ∝ 𝐷. These findings confirm a strong size effect on fracture of MG
anowires. On the basis of these data, we preliminarily assume that 𝜀f scales proportionally to 𝐷∕𝐿, i.e., the reciprocal of aspect
atio. We will provide argument for this scaling law in the rest of this work.

.2. Size-dependent fracture diagram

Note only the fracture strain, but also the fracture mode is dimension specific. To further explore the atomic-scale mechanism of
racture, we display a sequence of MD snapshots of samples visualized by the magnitude of the non-affine squared displacement (Falk
nd Langer, 1998) during deformation in Fig. 2a–b. We select two nanowires deliberately with the same diameter of 20 nm, but
different length of 20 nm and 100 nm, respectively. Regardless of the length or aspect ratio, both wires are uniformly elongated,
up to a tensile strain as high as 0.07. Once the applied strain exceeds yield strain, both two nanowires show radically different
deformation behaviors although strain localization occurs in both cases. Plastic deformation in the fat wire mainly occurs in a
narrow shear band region, whereas the thin wire undergoes necking phenomenon. Furthermore, the necking region in the thin
4

wire shrinks rapidly even tensile strain increases moderately. Instead, once shear band sets in the fat wire with smaller aspect ratio
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Fig. 3. The displacement field in Cu50Zr50 metallic glass nanowires with (a) small aspect ratio 1:1 and (b) large aspect ratio 4:1. (a) From left to right
= 20, 𝐷 = 25, 𝐷 = 30 nm under tensile strain 𝜀 = 0.4. There are two rotations in top-left corner and bottom-right corner, respectively. Many small STZs exist
etween the two rotation regions. Shear band formed due to the interaction of rotations and STZs. (b) From up to down 𝐷 = 20 and 𝐷 = 25 nm at 𝜀 = 0.1.
Atoms in the necking region move from surface into inner core region. For clarity, the displacement vector has been scaled by 0.5.

(1:1), the following slip is more or less arrested and it bears more plastic strain in the same region. This has been reflected in the
stress–strain curves in Fig. 1. It is not intuitive up to now that a fat wire experiences shear banding, however, it exhibits enhanced
ductility compared with a thin wire failed by necking. Similar phenomenon about size effect in deformation of nanoscale MGs has
been observed by atomistic simulations previously (Şopu et al., 2016; Wei et al., 2010). All calculated fracture strains 𝜀f of Cu50Zr50
samples with different geometries are summarized in Fig. 2c, which enables to build a fracture diagram of the nanowires as functions
of their length and diameter. A boundary about 𝐿∕𝐷 = 3 clearly separates the two fracture modes, i.e., shear banding in fat wires
and necking in thin ones. The results suggest that aspect ratio plays a dominant role in fracture of MG nanowires.

3.3. Atomic-scale mechanism underlying shear banding and necking

The size-dependent fracture can be traced to the source of atomic-scale deformation pattern. More details about the localization
process are further illustrated in Fig. 3, by showing the displacement field of several nanowires with aspect ratio 1:1 and 4:1,
respectively. In Fig. 3a, we show three nanowires with the same aspect ratio 1:1 but different size (varying 𝐷 and 𝐿 accordingly).
Although the size is different, they show identical displacement pattern, therefore, only aspect ratio matters. The lengths of nanowires
from left to right are 20, 25, 30 nm, respectively. Each nanowire shows pronounced plastic deformation at strain magnitude of 0.4.
For the sake of clarity, only a slice of 1 nm is plotted here perpendicular to the paper direction. The displacement vectors are
painted in colors according to their atomic non-affine squared displacement (𝐷2

min). It is seen that two rotation regions appear at the
top-left and the bottom-right parts of the wire and collective atomic rearrangements called shear transformation zones (STZs) (Argon,
1979) exist in between. It is generally known that STZs are fundamental plasticity carriers and triggering factors of shear band in
the general amorphous materials (Argon, 1979). Thus, highly localized shear band forms by percolation of STZs with the help of
neighboring rotations, as explained by Ş̧opu et al. in the literature (Şopu et al., 2017). These fat nanowires deform and finally fail
via shear banding mode. On the other hand, there are two thin wires with the same aspect ratio 4:1, the deformation is illustrated at
strain 0.1, as shown in Fig. 3b. The lengths of the two nanowires are 80 and 100 nm, respectively. Rather than shear banding, clear
necking deformation is observed. Plastic atoms have populated in a narrow but uniform region in the middle of the wires. Flow of
the active atoms occurs from surface to the inner core of wire, which leads to the necking phenomenon and the final fracture by
necking at larger strain. These atomic-scale analyses provide compelling evidences for the fact that nanowires with different aspect
ratio present distinct localization process, resulting in two fracture modes.
5
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Fig. 4. Schematic illustration of the localized deformation in a narrow region of length 𝛿0 at 𝜀 = 0 for (a) necking mode and (b) shear banding mode. A scaling
factor 𝐿∕𝛿0 translates the fracture strain into a physically effective strain.

Fig. 5. The dependence of inherent localization length 𝛿0 on (a) the length 𝐿 and (b) diameter 𝐷 of the Cu50Zr50 metallic glass nanowires.

. Mechanistic fracture models

.1. Inherent localization length

With the simulation data, it is possible to build a quantitative relationship between fracture and geometry, which is enabled
y continuum models. In order to quantify the correlation among wire geometries, fracture strain 𝜀f and fracture modes, we
evelop two mechanistic models corresponding to shear banding and necking, respectively. According to the deformation patterns
emonstrated in Fig. 2, we assume that all plastic deformation occurs in a narrow region with an inherent length 𝛿0 (at the beginning
f deformation), as shown schematically in Fig. 4. Here we assume 𝛿0 is size-dependent and can be measured by examining the
patial distribution of atomic shear strain Yang and Dai (2021). To be more specific, there is a visual peak in the spatial distribution
f the averaged atomic shear strain at the specific strain state when localized region has already been formed. The width of the
eak is the length of the localized region at this moment, which is used to derive 𝛿0 at the beginning of macroscopic strain. The
easurement of 𝛿0 is entirely from atomic shear strain and is reasonable. For further details of the derivation of inherent localization
ength, the readers are referred to Appendix. An explicit correlation between the localization length 𝛿0 and the size of nanowires
s reported in Fig. 5. The trend is that 𝛿0 is proportional to both length and diameter of nanowires, obeying a well-defined linear
elationship. It is worth noting that, for different diameters, the slope of 𝛿0 versus length remains approximately the same, and vice
ersa. Consequently, there is no coupling between the effect of length on 𝛿0 and that of diameter on 𝛿0. They obeys independent
ules and can be expressed mathematically

𝛿0 = 𝑎𝐿 + 𝑏𝐷, (3)

here 𝑎 and 𝑏 are constant that be can evaluated by the slopes of lines in Fig. 5.
6
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Fig. 6. Schematic illustration of fracture via shear banding. Nanowire has a cylindrical cross section. Only a nanowire with low aspect ratio deforms in shear
banding mode under uniaxial tension.

4.2. Effective strain

With the knowledge established we are enable to define a physically relevant effective strain by geometrical transformation. For
the Cu50Zr50 nanowires tested here, the dimensionless parameters existing in Eq. (3) is determined as 𝑎 ≈ 0.046, and 𝑏 ≈ 0.483 from
ig. 5. It is evident that 𝛿0 is more sensitive to 𝐷 than 𝐿, considering that 𝐷 determines the ratio of the surface atoms to volume
nes. And the atoms in the outer rim are of much more mobility than the others and, thus, 𝐷 affects more on the localization
ehaviors, as also explained by Bonfanti et al. (2018).
Now it is ready to translate the nominal fracture strain to a physically relevant effective strain 𝜀eff via an amplification factor

𝐿∕𝛿0, i.e.,

𝜀eff =

(

𝜀f − 𝜀y
)

𝐿
𝛿0

+ 𝜀y . (4)

Note that although the localized region of shear banding mode is of some angle to the tensile direction, the transformation from
the nominal fracture strain to a physically relevant effective strain is also rational. Compared with the fracture strain 𝜀f , the
effective strain 𝜀eff has excluded the extrinsic localization factor such that it reflects the intrinsic deformation of wires and facilitates
explaining localization mechanisms in fracture.

4.3. Shear banding model

In the following we build two simple but powerful theoretical models for predicting fracture of nanowires based on shear banding
and necking, respectively. For different deformation modes, the total translational displacement along the axial direction 𝛥𝐿total is
composed of two parts, i.e., the elastic displacement 𝛥𝐿e and the plastic displacement 𝛥𝐿p, respectively. The wires exhibit uniform
elongation during the elastic stage. Thus, we mainly focus on the plastic displacement to understand deformation localization. For
the shear banding mode sketched in Fig. 6, the plastic deformation occurs in a dominate slip region. We observe from MD snapshots
that the slip direction has an angle 𝛼 ≈ 51◦ with respect to the wire axis (i.e., the uniaxial loading direction). Then the plastic
deformation (in terms of plastic elongation) can be expressed in two ways, i.e.,

𝛥𝐿p = 𝛿0
(

𝜀eff − 𝜀y
)

= 𝐷
tan 𝛼

. (5)

Solving above equation, one obtains the magnitude of effective strain 𝜀eff as

𝜀eff =
𝐷

𝛿0 tan 𝛼
+ 𝜀y . (6)

Combining Eqs. (3), (4) and (6), one is able to postulate that how the fracture strain 𝜀f in shear band depends on the aspect ratio
in terms of

𝜀 = 𝐷 + 𝜀 . (7)
7

f 𝐿 tan 𝛼 y



Journal of the Mechanics and Physics of Solids 173 (2023) 105210K. Zhao et al.

i
r

H

t
i
d

Fig. 7. Schematic illustration of fracture via necking. Nanowire has a cylindrical cross section. Only a nanowire with high aspect ratio deforms in necking mode
under uniaxial tension.

4.4. Necking model

In analogy to the shear banding case, a fracture angle 𝛽 ≈ 36◦ is noticed from MD simulations in the necking mode, as sketched
n the cartoon shown in Fig. 7 and has been verified by the deformation pattern. Afterwards the effective strain in localization
egion can be expressed as follows

𝜀eff =
𝐷

𝛿0 tan 𝛽
−

𝛿y
𝛿0

+ 𝜀y . (8)

One can establish a correlation between the fracture strain 𝜀f and the aspect ratio in the necking mode by considering Eqs. (4) and
(8), which reads

𝜀f =
𝐷

𝐿 tan 𝛽
−

𝛿y
𝐿

+ 𝜀y . (9)

ere, 𝛿y = (1 + 𝜀y)𝛿0 and 𝛿0 = 𝑎𝐿 + 𝑏𝐷, therefore,

𝜀f =
(

1
tan 𝛽

− 𝑎′
)

𝐷
𝐿

− 𝑏′ + 𝜀𝑦, (10)

in which the new parameters 𝑎′ =
(

1 + 𝜀y
)

𝑎 and 𝑏′ =
(

1 + 𝜀y
)

𝑏.

4.5. Validation of theoretical model

The two simple models capture the essential nature of size-dependent fracture modes in the amorphous nanowires, which can be
validated by the MD simulations. To simplify the model, we have ignored the complex coupling between necking and shear banding.
The fracture strains for Cu50Zr50 nanowires are summarized and displayed as a function of the reciprocal aspect ratio 𝐷∕𝐿 in Fig. 8,
ogether with the theoretical predictions from shear banding (solid lines) and necking (dashed lines), respectively. The solid symbols
ndicate the wires fail in shear banding, while the open symbols correspond to the cases of necking fracture. It is seen that the MD
ate are in good agreement with the predicted 𝜀 by either of the fracture model. Surprisingly, for all the Cu Zr nanowires, 𝜀
8

f 50 50 f



Journal of the Mechanics and Physics of Solids 173 (2023) 105210K. Zhao et al.

m
2

Fig. 8. Fracture strain vs 𝐷∕𝐿 for amorphous solids with different bonding nature, in which the ductile LJ system sets up an upper bound of ductility while
the brittle FeP system supplies a lower bound of fracture strain. The solid lines represent prediction from shear banding model Eq. (7), and the dashed lines
denote predictions from necking model Eq. (10).

grows with increasing 𝐷∕𝐿 with the same rate, regardless of the fracture mode. Therefore, the contribution of deformation mode
to 𝜀f is trivial, while the aspect ratio is the governing factor in fracture.

4.6. Universality of scaling relationship in fracture

To demonstrate the universality of the scaling law between 𝜀f and 𝐷∕𝐿, the MD simulations are extended to other five amorphous
aterials including monatomic Si (Stillinger and Weber, 1985), binary Cu64Zr36 (Mendelev et al., 2009), Fe80P20 (Ackland et al.,
004), ternary Zr46Cu46Al8 (Cheng et al., 2009), as well as the general L-J model (Kob and Andersen, 1995). These amorphous
materials are representatives of different bonding natures, covering monatomic, binary, and ternary systems of both metallic and
covalent bonding characteristics. Results about these MD simulations are further shown in Figs. A.2–A.11. The MD data and the
model predictions for all the six amorphous materials are also summarized in Fig. 8. For different glasses, it is encouraging to see
that the failure data of all nanowires overlap with theories. However, the fracture strains of the surveyed amorphous systems show
different increasing rates with the aspect ratio. The most ductile L-J nanowires can bare more plastic strain while the most brittle
one Fe80P20 nanowires are on the contrary. Therefore, the two systems set up upper and lower bound of ductility in the amorphous
systems, defining a regime where the Cu50Zr50, Si, Zr46Cu46Al8, and Cu64Zr36 wires reside and overlap with each other.

5. Discussion

5.1. Fracture normalized by elastic moduli

The fracture of materials has deep origin in the atomic interactions described by quantum mechanics. Here we provide such a
bottom-up strategy for predicting fracture in nanoscale amorphous solids with input information down to the nature of chemical
bonding. This is driven by the common sense that the brittle/ductile nature of a material is closely associated with the elastic
properties, e.g., the Poisson’s ratio 𝜐 and the ratio of shear modulus to bulk modulus 𝐺∕𝐾 (Wang, 2006; Lewandowski et al., 2005;
Wang, 2012), as commonly used as empirical rules in the literature. A general trend is that the higher the Poisson’s ratio (or the
lower the 𝐺∕𝐾 ratio), the more ductile the material. A daily-life knowledge is that metals are more ductile than ceramics, the
latter is of covalent bonding with very low Poisson’s ratio. Therefore, 𝐺∕𝐾 and 𝜐 are also empirically used to judge the brittleness
of MGs (Wang, 2012). This is consistent with the plots in Fig. 8, where L-J and Fe80P20 designed with the same aspect ratio but
exhibit distinct elongation and, therefore, tensile ductility. More examples of moduli in other systems are further shown in Tables 1
and 2, where experimental data (from Tang et al., 2004; Madou, 2014; Xu et al., 2004; Wang, 2006; Chou et al., 1977; Gilabert
et al., 2003) are available from calibration of simulations. Note that we adopt a Kob–Anderson two-body LJ potential that is different
from the usual LJ. Therefore, the moduli of LJ metallic glasses from the two potentials differ significantly. To unify the observations,
we have reduced all the simulated fracture strains by either 𝐺∕𝐾 or 1∕𝜐, see Fig. 9a and b, respectively. It is found that all data
collapse on a single line. Therefore, modulus normalized fracture strain is proportional to 𝐷∕𝐿. This trend does make sense since
the phenomenon indicates that fracture behavior is not only governed by external factors, e.g., dimension and geometry, but also
the intrinsic nature like chemical bonding, which indeed matters critically in fracture. In one words, it is the synergistic cooperation
of intrinsic nature and extrinsic geometry that determines fracture in amorphous nanowires. Furthermore, we have attempted to
construct super relationship by fitting fracture strains normalized by other forms of 𝐺∕𝐾 or 1∕𝜐, such as power law. Interestingly,
all the fracture strain reduced by (𝐺∕𝐾)1.5 or (1∕𝜐)1.3 yields the best data collapse rather than the liner scaling albeit the physical
9

reason remains unknown. We believe this issue deserves further investigation and will be analyzed in future works.
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Table 1
Summary of bulk modulus 𝐾 (GPa), shear modulus 𝐺 (GPa), Poisson’s ratio 𝜈, Young’s modulus 𝐸 (GPa) and 𝐺∕𝐾 for various
metallic glasses.
Glasses This work (MD) Experimentsa

𝐾 𝐺 𝜈 𝐸 𝐺∕𝐾 𝐾 𝐺 𝜈 𝐸 𝐺∕𝐾

Cu50Zr50 107.74 25.61 0.382 69.82 0.238 101.20 31.30 0.360 85.03 0.309
Si 134.37 31.88 0.390 79.90 0.237 97.27 33.83 0.344 90.92 0.348
Cu64Zr36 128.59 26.10 0.398 72.24 0.203 104.30 34.00 0.352 92.00 0.326
Zr46Cu46Al8 114.38 25.12 0.381 68.94 0.220 116.40 34.30 0.366 93.72 0.294
Fe80P20 121.46 48.60 0.323 123.77 0.400 162.68 63.70 0.300 165.62 0.392

aThese experimental data are from Tang et al. (2004), Madou (2014), Xu et al. (2004), Wang (2006), Chou et al. (1977).

Table 2
Summary of bulk modulus 𝐾, shear modulus 𝐺, Poisson’s ratio 𝜈, Young’s modulus 𝐸 and 𝐺∕𝐾 for LJ
metallic glasses.
Glass This work (MD) Referencea

𝐾 𝐺 𝜈 𝐸 𝐺∕𝐾 𝐾 𝐺 𝜈 𝐸 𝐺∕𝐾

LJ 81.12 13.79 0.409 60.37 0.170 52.49 13.70 0.380 37.85 0.261

aThese MD simulations data are from Gilabert et al. (2003).

Fig. 9. Reduced fracture strain as a function of 𝐷∕𝐿 for several different amorphous solids, in which the fracture strain has been multiplied by 𝐺∕𝐾 in (a) and
1∕𝜈 in (b), respectively. The solid symbols represent failure by shear banding while open symbols failure via necking. All data points collapse on a solid line
that is proportional to 𝐷∕𝐿.

5.2. Ideal strain from atomic interaction

In addition, a critical step is to find an atomistically informed and physically sound parameter to correlate the fracture behaviors.
This is essentially related to the interatomic interaction. As a consequence, we examine all the pair potential functions in Fig. 10.
Although the details of potential curves varies according to different interaction, they share common trend. With increasing the
atom–atom distance, all the pair functions behave in similar manner that potential energy decrease from infinite (strongest repulsive)
to the stable state valley (energy minimum) and finally converge to zero potential energy (no interaction). Those functions capture
the essence of the bond strength. Due to 𝐅 = −𝜕𝐸 (𝐫)∕𝜕𝐫, the force approaches to zero as potential energy goes to local minimum.
As demonstrated further in Fig. 11, the stable position is 𝑟0, where 𝐅 = 0. Then, a critical distance 𝑟c is defined when 𝐅 reaches
maximum value because the condition for fracture is satisfied at 𝑟c (uniform yielding). As a result, an atomic-scale ideal strain (upper
bound strain of yielding) from stable state to instability can be calculated as

𝜀ideal =
𝑟c − 𝑟0
𝑟0

. (11)

The ideal strain for binary and ternary systems are estimated from the weighted average scheme according to the concentration
f each element. More details about the method can be found in Appendix. Table 3 summarizes the stable distance 𝑟0, unstable
distance 𝑟c and the ideal strain 𝜀ideal, respectively, for all the considered empirical potentials. As a matter of course, the lowest value
of 𝜀ideal corresponds to the most brittle glass Fe80P20. On the other hand, the highest 𝜀ideal suggests the most ductile L-J glass. The
10

findings are quite intriguing since it points to a direction that fracture has deep physical origin in atomic bonding.
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Fig. 10. Pair potentials calculated from (a) SW potential for Si, (b) EAM potential for FeP system, (c) Lennard-Jones potential, (d) EAM potential for ZrCuAl
ystem, and (e) EAM potential for CuZr, respectively.

Fig. 11. Schematic illustration of the pair potential and force between two atoms. We choose the lowest position and the maximum positive derivative of the
pair function as the parameters to idealize the fracture strain. The force between two atoms is equal to the negative derivative of the pair potential with respect
to distance. The lowest point of potential means 𝐅 = 0, while another point indicates maximum force. At the same time, the two locations represent stable and
unstable state between two atoms, respectively.

Table 3
The stable distance 𝑟0, unstable distance 𝑟𝑐 and the corresponding ideal strain 𝜀ideal defined from different empirical potentials for various
glasses.
Glasses A-A A-B B-B A-C B-C C-C 𝜀ideal

𝑟0 𝑟c 𝑟0 𝑟c 𝑟0 𝑟c 𝑟0 𝑟c 𝑟0 𝑟c 𝑟0 𝑟c
Cu50Zr50 2.78 3.03 3.59 3.85 6.06 6.46 0.075
Si 1.22 1.34 0.099
Cu64Zr36 2.78 3.03 3.59 3.85 6.06 6.46 0.078
Zr46Cu46Al8 3.46 3.74 3.21 3.39 4.21 4.77 3.20 3.64 2.85 3.03 3.84 4.40 0.084
Fe80P20 3.09 3.20 3.84 4.10 3.57 4.07 0.052
L-J 1.12 1.24 0.90 1.00 0.99 1.10 0.108
11
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Fig. 12. Distributions of von Mises shear strain of six different systems near fracture. We define an atom that participates in plastic deformation with a strain
greater than 0.2.

Table 4
Summary of participation atoms ratio 𝜒 near fracture for various glasses.
Glasses Cu50Zr50 Cu64Zr36 Zr46Cu46Al8 Si Fe80P20 LJ

Participation atoms ratio 𝜒 0.478 0.478 0.493 0.523 0.303 0.968

5.3. Participation ratio

Another important factor relevant to fracture of amorphous wires is that the fraction of the atoms participating in the localized
eformation. To reveal the number, the atoms with atomic-scale von Mises shear strain invariant higher than 0.2 are deemed as
he plastic ones. A further parameter 𝜒 is defined as the ratio of the plastic atoms to all atoms at the close-proximity of fracture.
The distribution of von Mises shear strain in all the six different glassy systems near fracture are plotted in Fig. 12. The red shadow
regions over the total area under the distribution curves represent the participation ratio 𝜒 . Take a glance of the shadow area, it is
edued that the most ductile L-J system is of the highest 𝜒 . However, there are very few plastic atoms in the brittle FeP system, in
onsistent with the limited fracture strain in FeP glass.
Furthermore, Fig. 13a demonstrates the spatial feature of the atomic shear strain in three typical glasses including Fe80P20,

Cu50Zr50 and LJ. It confirms that 𝜒 is proportional to the ductility of these amorphous materials. The participation ratios are
summarized in Table 4 for all the investigated glasses. Details about simulations of all systems are provided in Figs. A.14–A.17.
In Fig. A.17, it is quite inspiring to see that participation ratio increases linearly with atomic ideal strain 𝜀ideal. Simultaneously, the
fraction of expected deformation 𝛿0∕𝐿 scales linearly with 𝜀ideal. All of them contribute to fracture and, therefore, tensile ductility
of amorphous solids. It indicates that one should consider both ideal strain and participation ratio in understanding fracture.

5.4. Fracture universality

Once the participation ratio and atomic-scale ideal strain is available, one has an opportunity to translate the nominal fracture
strain to an intrinsic physical property. This is done by normalizing the macroscopic fracture strain 𝜀f by product of participation
ratio and ideal strain, 𝜒𝜀ideal, which yields a physical fracture strain 𝜀f∕

(

𝜒𝜀ideal
)

that dictates the size effect of fracture. Fig. 13b
illustrates the magnitudes of 𝜀f∕

(

𝜒𝜀ideal
)

as a function of 𝐷∕𝐿. No matter what the amorphous system is, the size effect on nanowires
can be depicted by a single master curve,

𝜀f∕
(

𝜒𝜀ideal
)

∼ 𝐷∕𝐿, (12)

regardless of the fracture mode involved.
All the normalized fracture strain collapse on this single line, confirming the universality of the scaling law between fracture and

aspect ratio. Note that the physical fracture strain has excluded the intrinsic properties of atomic bonding as well as participation
12

ratio of plastic atoms, the scaling law reflect a pure size effect on fracture of amorphous solids. This operation represents a successful
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Fig. 13. Universal fracture law down to intrinsic nature of atomic bonding. (a) Failure modes of different amorphous systems (with dimensions 𝐿 = 20 nm,
and 𝐷 = 20 nm) demonstrated by atomic shear strain at failure. (b) Data collapse on a scaling law 𝜀f∕

(

𝜒𝜀ideal
)

∼ 𝐷∕𝐿 once the failure strain is normalized by
the product of the participation ratio 𝜒 and an atomic ideal strain 𝜀ideal defined by the interatomic potential. Solid symbols represent shear banding and open
ymbols necking.

emonstration of the bottom-up approach down to atomic scale to predict the macroscopic fracture behaviors of amorphous
aterials. Additionally, the data collapse also confirms the universality of the scaling law, which is also in accord with the theoretical
redictions by Eqs. (7) and (10). In sum, the aspect ratio plays a pivotal role in fracture mode and ductility of nanoscale glasses
once unfair participation ratio is excluded in the localized deformation.

6. Conclusion

In sum, extensive molecular dynamics simulations reveal a universal scaling law between fracture strain and aspect ratio of
a wide variety of nanoscale amorphous glass wires. A fracture diagram of nanoscale glass is built after the simulations data
which enables to recognize a critical aspect ratio 𝐿 ∶ 𝐷 ≈ 3 separating shear banding and necking as the dominating fracture
mode. The observation was rationalized by two mechanistic models, assuming shear banding and necking as the size-dependent
mechanisms, which interpret MD fracture results and enable theoretical prediction of fracture strains of various sized systems.
By considering an intrinsic atomic-level yielding strain defined, we establish a robust relationship between the physical fracture
strain – nominal fracture strain normalized by the product of atomic ideal strain and participation ratio of plastic atoms – and
external geometry (i.e., aspect ratio) of nanowires. The fracture universality in different glasses indicate an intrinsic size effect in
mechanics of amorphous materials regardless of the fracture mode. It should be noted that the fracture mechanism is closely related
to the thermodynamic stability of the glassy configurations since they are energetically metastable materials. Atomistic samples are
usually much rejuvenated states which is prone to experience ductile mode such as necking. However, the well-aged glass samples
(e.g., those experimental samples) should be of more brittle nature. This trend has been witnessed recently by ultra-stable glasses
which demonstrated very sharp shear banding fracture phenomenon (Su et al., 2022). It therefore highlights the physical origin of
microscopic fracture in atomic-scale bonding nature of amorphous materials. The established scaling law suggests proper processing
and fabrication strategies to control geometry of samples, which is a necessary prerequisite to prepare fracture-tolerant amorphous
13

materials evading unexpected catastrophic failure.
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ppendix

All of the atomic configurations in present work are visualized by the OVITO software (Stukowski, 2010) after calculations of
displacement vector, atomic shear strain and non-affine squared displacement. To quantitatively measure the length of the strain
localization region, we plot the spatial distribution of the averaged atomic shear strain along the tensile direction, As shown in
Fig. A.1b. It is worth noting that the plastic-deformed atoms with high values of shear strain locate at regions of 34 nm < z < 57 nm,
which is actually the position of the localized region. Then, the initial length of localized region is obtained via

𝛿0 =
𝛿ob − (0.14 − 𝜀y)𝐿

1 + 𝜀y
. (A.1)

Fig. A.1. Observation and measurement of localized region for necking mode. (a) A snapshot at strain of 0.14 when localized region has already formed. Atoms
are colored by the atomic shear strain. (b) Spatial distribution of atomic shear strain along direction of tension. Here 34 nm < z < 57 nm denotes the position
of localized region.
14
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Fig. A.2. Observation and measurement of localized region for shear banding mode. (a) A snapshot at strain of 0.14 when shear band has already formed. Atoms
are colored by the atomic shear strain. (b) Spatial distribution of atomic shear strain along direction perpendicular to shear band. Here 10 nm < z < 28 nm
denotes the position of localized region.

Fig. A.3. Diagram of deformation of amorphous silicon nanowires. (a) Stress–strain curves of nanowires with constant diameter 20 nm and varying length from
20 nm to 100 nm. (b) Stress–strain curves of nanowires with constant length 60 nm, but varying diameter from 10 to 30 nm. (c) Fracture strain decreases with
increasing length. The solid curves represent best fit according to 𝜀f ∝ 1∕𝐿. (d) Fracture strain increases linearly with diameter of nanowires.
15
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Table A.1
Summary of the length of localization region 𝛿0 and degree of localization 𝛿0∕𝐿 near
fracture for various glasses.
Glasses Cu50Zr50 Cu64Zr36 Zr46Cu46Al8 Si Fe80P20 LJ

𝛿0(nm) 12.4 12.8 12.6 13.2 8.8 17.2
𝛿0∕𝐿 0.62 0.64 0.63 0.66 0.41 0.86

Fig. A.4. The size-dependent deformation mechanism of amorphous silicon nanowires. Snapshots of the behavior of (a) shear banding in fat wire (𝐿 = 20 nm, 𝐷 =
20 nm) and (b) necking in thin wire (𝐿 = 100 nm, 𝐷 = 20 nm) colored by non-affine squared displacement at different strain states. Only atoms with displacement
more than 10 Å were reserved for clear observation. (c) Deformation-mechanism map of nanowires indicated by the magnitude of the fracture strain 𝜀f . Square
symbols indicate necking mode, and circular symbols indicate shear banding mode.

Similarly, the measurement of 𝛿0 for shear banding mode is shown in Fig. A.2. But the atomic strain coarse-graining orientation
is perpendicular to the direction of the shear band instead of the macroscopic tensile direction in necking. Upon calculation of 𝛿0,
the strain localization length should be projected back to the direction of tension.

Next, we collect all 𝛿0 of Cu50Zr50 metallic glass nanowires and study the relationship between 𝛿0 and the sample size. We find
that for nanowires with the same diameter, 𝛿0 is proportional to the length of samples. Similarly, 𝛿0 increases with the growth of
the diameter of samples. Finally, the function of 𝛿0 with respect to sample size is written as

𝛿0 = 𝑎𝐿 + 𝑏𝐷. (A.2)

The following figures from Figs. A.3 to A.12 are the MD simulations of five other amorphous systems, including Si (Stillinger and
Weber, 1985), Cu64Zr36 (Mendelev et al., 2009), Zr46Cu46Al8 (Cheng et al., 2009), Fe80P20 (Ackland et al., 2004), as well as the
general Lennard-Jones (LJ) model (Kob and Andersen, 1995). Generally, all data are reflecting the same phenomenon. Size effect on
nanowires fracture can be summarized as: (I) fracture strain 𝜀f is proportional to diameter and is inversely proportional to length;
(II) fracture strain 𝜀f is directly influenced by the aspect ratio of nanowires; (III) nanowires with low aspect ratio deform in shear
banding mode, while the high-aspect-ratio nanowires fail in necking mode. No matter which amorphous system nanowires is, they
behave in the same manner under uniaxial tension. However it is rather remarkable that the brittle Fe80P20 metallic glass nanowires
bear the least plastic strain due to massive cavitation behaviors during tension. But the ductile L-J metallic glass nanowires bear
the most plastic deformation because they retain more liquid property after quenching.
16
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Fig. A.5. Diagram of deformation of Cu64Zr36 metallic glass nanowires. (a) Stress–strain curves of nanowires with constant diameter 20 nm and varying length
from 20 nm to 100 nm. (b) Stress–strain curves of nanowires with constant length 60 nm, but varying diameter from 10 to 30 nm. (c) Fracture strain decreases
with increasing length. The solid curves represent best fit according to 𝜀f ∝ 1∕𝐿. (d) Fracture strain increases linearly with diameter of nanowires.

Fig. A.6. The size-dependent deformation mechanism of Cu64Zr36 metallic glass nanowires. Snapshots of the behavior of (a) shear banding in fat wire
(𝐿 = 20 nm, 𝐷 = 20 nm) and (b) necking in thin wire (𝐿 = 100 nm, 𝐷 = 20 nm) colored by non-affine squared displacement at different strain states. Only
atoms with displacement more than 12 Å were reserved for clear observation. (c) Deformation-mechanism map of nanowires indicated by the magnitude of the
fracture strain 𝜀f . Square symbols indicate necking mode, and circular symbols indicate shear banding mode.
17
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Fig. A.7. Diagram of deformation of Zr46Cu46Al8 metallic glass nanowires. (a) Stress–strain curves of nanowires with constant diameter 20 nm and varying
ength from 20 nm to 100 nm. (b) Stress–strain curves of nanowires with constant length 60 nm, but varying diameter from 10 to 30 nm. (c) Fracture strain
ecreases with increasing length. The solid curves represent best fit according to 𝜀f ∝ 1∕𝐿. (d) Fracture strain increases linearly with diameter of nanowires.

Fig. A.8. The size-dependent deformation mechanism of Zr46Cu46Al8 metallic glass nanowires. Snapshots of the behavior of (a) shear banding in fat wire
𝐿 = 20 nm, 𝐷 = 20 nm) and (b) necking in thin wire (𝐿 = 100 nm, 𝐷 = 20 nm) colored by non-affine squared displacement at different strain states. Only atoms
with displacement more than 13 Å were reserved for clear observation. (c) Deformation-mechanism map of nanowires indicated by the magnitude of the fracture
strain 𝜀f . Square symbols indicate necking mode, and circular symbols indicate shear banding mode.
18
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Fig. A.9. Diagram of deformation of Fe80P20 metallic glass nanowires. (a) Stress–strain curves of nanowires with constant diameter 20 nm and varying length
rom 20 nm to 100 nm. (b) Stress–strain curves of nanowires with constant length 60 nm, but varying diameter from 10 to 30 nm. (c) Fracture strain decreases
ith increasing length. The solid curves represent best fit according to 𝜀f ∝ 1∕𝐿. (d) Fracture strain increases linearly with diameter of nanowires.

Further studies on those two amorphous systems are shown in Figs. A.13 and A.14. The displacement fields in the two systems
re generally identical and in compliance with that in Cu50Zr50 metallic glass nanowires. At the same time, we find a lot of cavitation
efects in the displacement field in Fe80P20 metallic glass nanowires which well forcasts the brittle nature of Fe80P20.
We also examine the nature of several pair potential functions containing amorphous Si (Stillinger and Weber, 1985), Cu64Zr36
etallic glass (Mendelev et al., 2009), Zr46Cu46Al8 metallic glass (Cheng et al., 2009), Fe80P20 metallic glass (Ackland et al., 2004),
s well as the general LJ model (Kob and Andersen, 1995), in determining ideal atomic strain. In general, all functions are in the
ame trend. Therefore, we choose two significant atomic distance as the key characteristic of fracture as shown in Fig. 11 in the
ain text. First of all, 𝐅 = 𝜕𝐸∕𝜕𝐫. Thus, at the blue point, i.e. 𝑟0 in Fig. 11,

𝐅 = − 𝜕𝐸
𝜕𝐫

= 0. (A.3)

And at the red point, i.e. 𝑟c in Fig. 11,
{

𝐅 = − 𝜕𝐸
𝜕𝐫 reach maximum,

𝜕2𝐸
𝜕2𝐫 = 0.

hus, the ideal strain 𝜀ideal can be defined as:

𝜀ideal =
𝑟c − 𝑟0
𝑟0

. (A.4)

Additionally, for monatomic system, we can directly calculate the ideal strain utilizing Eq. (A.4). Yet we need to get a weighted
average of ideal strain for binary and ternary systems. The method is simple, for binary systems A𝑥B(1−𝑥):

𝜀ideal = 𝑥[𝑥𝜀idealAA + (1 − 𝑥)𝜀idealAB] + (1 − 𝑥)[𝑥𝜀idealAB + (1 − 𝑥)𝜀idealBB]. (A.5)

For ternary systems A𝑥B𝑦C(1−𝑥−𝑦):

𝜀ideal = 𝑥[𝑥𝜀idealAA + 𝑦𝜀idealAB + (1 − 𝑥 − 𝑦)𝜀idealAC]

+ 𝑦[𝑥𝜀idealBA + 𝑦𝜀idealBB + (1 − 𝑥 − 𝑦)𝜀idealBC] (A.6)
19

+ (1 − 𝑥 − 𝑦)[𝑥𝜀idealCA + 𝑦𝜀idealCB + (1 − 𝑥 − 𝑦)𝜀idealCC].
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Fig. A.10. The size-dependent deformation mechanism of Fe80P20 metallic glass nanowires. Snapshots of the behavior of (a) shear banding in fat wire (𝐿 = 20 nm,
𝐷 = 20 nm) and (b) necking in thin wire (𝐿 = 100 nm, 𝐷 = 20 nm) colored by non-affine squared displacement at different strain states. Only atoms with displacement
more than 10 Å were reserved for clear observation. (c) Deformation-mechanism map of nanowires indicated by the magnitude of the fracture strain 𝜀f . Square
symbols indicate necking mode, and circular symbols indicate shear banding mode.

Finally, we collect all data of six different amorphous systems in Table 3 in the main text. As a matter of course, the lowest 𝜀ideal
corresponds to the most brittle glass Fe80P20 and the highest 𝜀ideal belongs to the most ductile L-J glass.

We choose six nanowires with the same initial size but different systems and observe the atomic shear strain near fracture by
OVITO. The snapshots are shown in Fig. A.15. The distributions of those shear strain are drew in Fig. 11. Theoretically the atoms
with an atomic scale strain greater than 0.2 can be considered as the active participants of plastic deformation. So the red shadow
in Fig. 11 represent the participation atoms ratio 𝜒 . Summary of those data is shown in Table 4.

Interestingly, we find 𝜒 is proportional to the ductility of amorphous systems. As illustrated in Fig. A.16, participation ratio of
deformed atoms 𝜒 is linear with the atomic ideal strain 𝜀ideal.

From another point of view, we can achieve the involvement of plastic deformation of nanowires by computing the length of
localization region that contains all plastic atoms. Thus, Fig. A.17 shows the localization region of six different nanowires in terms
of coloring the atoms with the same color coding range. We get the length 𝛿0 and the ratio 𝛿0∕𝐿 which indicates the degree of
localization. Akin to the relationship between 𝜒 and 𝜀ideal, the fraction of expected deformation 𝛿0∕𝐿 is proportional to 𝜀ideal as
shown in Fig. A.18. Therefore, it is believed that the more ductile nanowires are, the more plastic atoms there are. And the relevant
data are summarized in Table A.1.
20
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Fig. A.11. Diagram of deformation of LJ metallic glass nanowires. (a) Stress–strain curves of nanowires with constant diameter 58 and varying length from 58
o 294. (b) Stress–strain curves of nanowires with constant length 176, but varying diameter from 44 to 88. (c) Fracture strain decreases with increasing length.
he solid curves represent best fit according to 𝜀f ∝ 1∕𝐿. (d) Fracture strain increases linearly with diameter of nanowires.
21
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s

Fig. A.12. The size-dependent deformation mechanism of LJ metallic glass nanowires. Snapshots of the behavior of (a) shear banding in fat wire (𝐿 = 58, 𝐷 = 58)
and (b) necking in thin wire (𝐿 = 294, 𝐷 = 58) colored by non-affine squared displacement at different strain states. Only atoms with displacement more than 3
were reserved for clear observation. (c) Deformation-mechanism map of nanowires indicated by the magnitude of the fracture strain 𝜀f . Square symbols indicate
necking mode, and circular symbols indicate shear banding mode.

Fig. A.13. This displacement field in Fe80P20 metallic glass nanowires with small aspect ratio 1:1 and large aspect ratio 4:1. Two nanowires are under tensile
train 𝜀 = 0.24 and 𝜀 = 0.12, respectively. For clarity, the displacement vector has been scaled by 0.5.
22
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Fig. A.14. This displacement field in LJ metallic glass nanowires with small aspect ratio 1:1 and large aspect ratio 4:1. Two nanowires are under tensile strain
𝜀 = 1 and 𝜀 = 0.36, respectively. For clarity, the displacement vector has been scaled by 0.5.

Fig. A.15. Snapshots of the behavior of six nanowires with the same initial size (𝐿 = 20 nm, 𝐷 = 20 nm) but different amorphous systems. Atoms are colored
by shear strain with same color coding range.
23
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Fig. A.16. Relationship between participation atoms ratio with atomic ideal strain 𝜀ideal.

Fig. A.17. Snapshots of the behavior of six nanowires with the same initial size (𝐿 = 20 nm, 𝐷 = 20 nm) but different amorphous systems. We can observe the
train localized zone near fracture and derive 𝛿0 from that. Finally, we got degree of localization 𝛿0∕𝐿 with different systems. Atoms are colored by non-affine
quared displacement with the same color coding range.
24
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Fig. A.18. Relationship between degree of localization 𝛿0∕𝐿 with atomic ideal strain 𝜀ideal.
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