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Di↵usiophoresis refers to the movement of colloidal particles in the presence of a concen-
tration gradient of a solute and enables directed motion of colloidal particles in geometries
that are inaccessible, such as dead-end pores, without imposing an external field. Previous
experimental reports on dead-end pore geometries show that even in the absence of mean
flow, colloidal particles moving through di↵usiophoresis exhibit significant dispersion.
Existing models of di↵usiophoresis are not able to predict the dispersion and thus the
comparison between the experiments and the models is largely qualitative. To address
these quantitative di↵erences between the experiments and models, we derive an e↵ective
one-dimensional equation, similar to a Taylor dispersion analysis, that accounts for
the dispersion created by di↵usioosmotic flow from the channel sidewalls. We derive
the e↵ective dispersion coe�cient and validate our results by comparing them with
direct numerical simulations. We also compare our model with experiments and obtain
quantitative agreement for a wide range of colloidal particle sizes. Our analysis reveals
two important conclusions. First, in the absence of mean flow, dispersion is driven by the
flow created by di↵usioosmotic wall slip such that spreading can be reduced by decreasing
the channel wall di↵usioosmotic mobility. Second, the model can explain the spreading
of colloids in a dead-end pore for a wide range of particle sizes. We note that while
the analysis presented here focuses on a dead-end pore geometry with no mean flow,
our theoretical framework is general and can be adapted to other geometries and other
background flows.
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1. Introduction

Di↵usiophoresis has been studied as a mechanism for the motion of colloidal particles
due to chemical gradients since its discovery by Derjaguin et al. (1947). In recent
microfluidic studies (Shin et al. 2016; Ault et al. 2017; Battat et al. 2019; Gupta et al.

2020b; Wilson et al. 2020; Singh et al. 2020; Alessio et al. 2021), a dead-end pore
configuration is used to set up a transient one-dimensional (1D) di↵usion of solutes;
significant colloidal dispersion is observed, which the typical models are unable to capture.
In addition to the dead-end pore geometry, experimental data in other microfluidic
configurations has been reported in which colloidal dispersion can be observed but
remains unexplained quantitatively (Ahmed & Stocker 2008; Abécassis et al. 2008, 2009;
Palacci et al. 2010, 2012; McDermott et al. 2012; Paustian et al. 2015; Nery-Azevedo
et al. 2017; Shimokusu et al. 2019).

The reports in the literature do acknowledge that di↵usioosmosis along the channel
walls induces flow of the bulk liquid, which causes colloidal dispersion (Keh & Ma 2005;
Kar et al. 2015; Shin et al. 2016, 2017; Ault et al. 2019; Rasmussen et al. 2020). However,
only a few studies have combined the influences of di↵usiophoresis and di↵usioosmosis
in order to investigate particle motion in more realistic settings (Shin et al. 2017; Singh
et al. 2020; Williams et al. 2020; Alessio et al. 2021). In our previous article, for a
configuration showing compaction of particles, we demonstrated that particle motion due
to di↵usiophoresis and a di↵usioosmotic-slip driven flow field that neglects the smallest
dimension of the pore does predict a non-zero dispersion of colloids (Alessio et al. 2021).
Physically, di↵usioosmosis along the sidewalls creates a flow structure that stretches the
particle distribution along the pore, and generates an apparent motion of particles that
is analogous to Taylor dispersion (Taylor 1953; Aris 1956; Doshi et al. 1978; Stone &
Brenner 1999; Aminian et al. 2016; Chu et al. 2021; Migacz & Ault 2022). Still, our two-
dimensional (2D) model yielded a lower quantitative dispersion value than experiments
and thus the agreement between the model and experiments remained qualitative.

To enable widespread use of di↵usiophoresis in lab-on-a-chip applications such as
energy storage and desalination devices (Gupta et al. 2020a,c; Bone et al. 2020), par-
ticle separation (Lee et al. 2018; Seo et al. 2020; Shin 2020), colloidal focusing and
delivery (Banerjee et al. 2016; Shi et al. 2016; Gandhi et al. 2020), ion-exchange mem-
branes (Florea et al. 2014), zeta potential measurement (Shin et al. 2017), and macro-
molecule transport in biological systems (Bruno et al. 2018; Hartman et al. 2018; Yang
et al. 2018), understanding and quantifying dispersion is crucial. Recently, studies have
modeled the dispersion of a patch of particles that spread due to di↵usiophoresis (Raynal
& Volk 2019; Gupta et al. 2020b; Chu et al. 2020, 2021; Migacz & Ault 2022). However,
these studies assume a model configuration where the flow due to sidewalls is not con-
sidered. In practice, since the concentration gradients are often created in a microfluidic
configuration, there is di↵usioosmotic flow present due to the sidewalls. To this end,
the objective of this article is to quantify the e↵ect of dispersion that arises from the
di↵usioosmotic flow.

To achieve the aforementioned objective, in our modeling approach, we now consider
the three-dimensional flow that arises from the sidewalls, and present a Taylor dispersion
analysis for fast and convenient calculation of dispersion. Additionally, in our experi-
ments, we modified the dead-end pore configuration to observe the dispersion of a patch
of particles, which enables an easier and more direct comparison with the model. In
particular, in §2 we present dead-end pore experiments demonstrating typical scenarios
that require understanding of the 3D flow structure. By using a particle patch in pores
with the same width but di↵erent heights, we show that simpler 1D and 2D models
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Figure 1. Di↵usiophoresis and di↵usioosmosis-induced dispersion of a patch of particles in
a dead-end pore. (a) Schematic of a microfluidic channel with dead-end pores of length `.
Pores with di↵erent heights (h = 25, 50 , and 100 µm) were tested in our experiments.
(b) Schematic of an experiment using a particle patch that invades the pore. Details of the
experimental setup are explained in §5. (c) Fluorescent images obtained from dead-end pore
experiments. Particle distributions in pores of three di↵erent heights are shown. Scale bar is 100
µm. (d) Pore-width-averaged intensity plotted versus distance along the pore (x). The profiles
are obtained at non-dimensional time ⌧ = tDs/`

2 = 1, where Ds is the solute di↵usivity. (e)
Peak locations measured in the experiments are plotted versus non-dimensional time.

cannot provide su�cient information about the particle distribution since they lack the
details of the velocity that drive the dispersion. In §3, we derive the generic form of the
1D cross-sectional average of the advective-di↵usion equation for particles undergoing
di↵usiophoresis in the flow field set up by di↵usioosmosis along the walls, with specific
forms of the 1D representation of model 2D pore and 3D pores presented in Appendix A.
In §4, analyses of the dispersion equations are presented for various system parameters
including the pore geometry and the properties of particles and walls. Finally, in §5, a
detailed comparison is made of the experiments and the 1D model representation of the
3D pores, where the particle size is varied to investigate the e↵ect of changing the particle
rate of di↵usion on the overall dispersion. We find good agreement with the predictions
of the cross-sectional average model for long-pore systems.

2. Di↵usiophoresis of a patch of particles in a dead-end pore

geometry

We use dead-end pore geometries with di↵erent heights to demonstrate di↵usiophoresis
of a particle patch and the influence of di↵usioosmosis. A finite number of particles are
introduced at the inlet of dead-end pores of the same width and length (w = 100 µm
and ` = 1 mm), and di↵erent heights (h = 25, 50, and 100 µm; figure 1(a, b)). Initially, a
concentration gradient of NaCl is established by filling the pore with a 10 mM solution
and the main channel, in which there is flow, with a 1 mM solution; the injected particles
are then advected into the pore by di↵usiophoresis. Experimental details for establishing
the initial condition are explained in §5.

Transport of the particle patch in the three pores looks similar at the beginning, but we
observe quantitative di↵erences as the particle distribution evolves in pores with di↵erent
cross-sectional aspect ratios (figure 1(c)). Because the e↵ect of di↵erent h is not captured
in the two-dimensional (2D) analyses that neglect the e↵ect of the smallest dimension of
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the pore, i.e., considering a model pore with ` and w as its dimensions, the experimental
results in figure 1(c) suggest that di↵erences in the particle distribution cannot be simply
explained by such 2D models.

Since the particle distribution varies in the experiments in the three di↵erent pores,
the peak location can be obtained by analyzing the pore-width-averaged intensity profiles
(figure 1(d)). We observe that the peak locations measured in the three pores are similar
up to dimensionless time ⌧ = tDs/`

2 ⇡ 0.1, where Ds is the di↵usivity of Na+ ions,
but deviate from each other at later times (figure 1(e)). The width-averaged intensity
plotted versus distance along the pore motivates the question of determining an e↵ective
1D representation of the particle transport.

As we demonstrate below, di↵usiophoresis and di↵usioosmosis acting in tandem result
in the transport and spreading of the particle patch that is analogous to the flow-driven
dispersion that occurs in pressure-driven flow in a rectangular channel. For example, for
the flow-driven dispersion in a pipe flow (Taylor 1953; Aminian et al. 2016), particles
move on average with the mean flow speed and dispersion about the mean occurs due to
Brownian motion as well as the non-uniform velocity profile throughout the cross section
of the channel. In our experiments, particles translate into the pore with the (transient)
di↵usiophoretic speed, and the wall-driven di↵usioosmotic flow velocity stretches the
particle distribution along the pore. Note that mass conservation inside the dead-end
pore enforces zero net volumetric flux for the fluid, and the velocity distribution in the
channel cross section drives the axial dispersion of the particle patch. Therefore, for a
particle patch that moves along the narrow pore with the di↵usiophoretic velocity, we
next apply Taylor dispersion analysis, within the lubrication approximation, to account
for the flow structure in the rectangular cross section to obtain a simplified 1D description
of the particle distribution.

3. Derivation of a 1D cross-sectionally averaged concentration

equation for colloids undergoing di↵usiophoresis in a

di↵usioosmotic slip-driven flow

For the channel flow configurations of interest here, the concentration N of colloidal
particles undergoing di↵usiophoresis can be described by an advective-di↵usion equation.
The particles di↵use at characteristic rate Dp relative to the mean fluid velocity and
advect due to both a di↵usiophoretic velocity field vDP and a fluid flow field vf produced
by a di↵usioosmotic slip velocity vs on the channel walls. Both the di↵usiophoretic vDP

and di↵usioosmotic slip vs velocities are driven by the di↵usion of a background solute
with concentration C such that vDP / r log C and vs / r log C. We introduce the
particle velocity vp = vf + vDP and write the advective-di↵usion equation

@N

@t
+ r · (vpN) = Dpr2

N. (3.1)

Previous studies compare dead-end pore experiments to numerical solutions of the 1D
advective-di↵usion equation (Gupta et al. 2020b; Wilson et al. 2020; Ault et al. 2017; Chu
et al. 2020), which exclude vf. While this approach simplifies calculations and provides
for a qualitative comparison of the mean colloidal motion, it leaves out the e↵ect of
spreading of the particles due to the flow field. By introducing a Taylor dispersion model,
we account for flow-driven spreading e↵ects in a 1D equation for the cross-sectionally
averaged colloid distribution. In this section, we derive a general form of this 1D e↵ective
transport equation.

We consider a pore with axial dimension x = x · ex. The typical scale of the fluid
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<latexit sha1_base64="rz6i0N6gPcmwmi/w8dfXFdceI2k=">AAACG3icbVDLSgNBEJyNrxhfUY9eBoPgKexKUI9BLx4jmAckIcxOepMhM7vLTG9IWPIb3kT/xZt49eCveHLyOJjEgoaiqpvuLj+WwqDrfjuZjc2t7Z3sbm5v/+DwKH98UjNRojlUeSQj3fCZASlCqKJACY1YA1O+hLo/uJ/69SFoI6LwCccxtBXrhSIQnKGVWsNO2kIYIQ1Gk06+4BbdGeg68RakQBaodPI/rW7EEwUhcsmMaXpujO2UaRRcwiTXSgzEjA9YD5qWhkyBaaezmyf0wipdGkTaVoh0pv6dSJkyZqx826kY9s2qNxX/85oJBrftVIRxghDy+aIgkRQjOg2AdoUGjnJsCeNa2Fsp7zPNONqYlrb4mg0Al/5IVZ/3QU1yNixvNZp1UrsqetfF0mOpUL5bxJYlZ+ScXBKP3JAyeSAVUiWcxOSZvJI358V5dz6cz3lrxlnMnJIlOF+/2vKisA==</latexit>

vfx

<latexit sha1_base64="s5LQJ/o5C8r2Z1rcVVl5QROp9bw=">AAACEnicbVDLSgNBEJyNrxhfUY9eBoMQL2FXgnoMevEY0TwgWcLspDcZMjO7zMwKYckneBP9F2/i1R/wVzw5SfZgEgsaiqpuuruCmDNtXPfbya2tb2xu5bcLO7t7+wfFw6OmjhJFoUEjHql2QDRwJqFhmOHQjhUQEXBoBaPbqd96AqVZJB/NOAZfkIFkIaPEWOmhTM57xZJbcWfAq8TLSAllqPeKP91+RBMB0lBOtO54bmz8lCjDKIdJoZtoiAkdkQF0LJVEgPbT2akTfGaVPg4jZUsaPFP/TqREaD0Wge0UxAz1sjcV//M6iQmv/ZTJODEg6XxRmHBsIjz9G/eZAmr42BJCFbO3YjokilBj01nYEigyArPwRyqGdAhiUrBhecvRrJLmRcW7rFTvq6XaTRZbHp2gU1RGHrpCNXSH6qiBKBqgZ/SK3pwX5935cD7nrTknmzlGC3C+fgFhCp4c</latexit>

(a)
<latexit sha1_base64="G2QFJ5IBDdnV6QWda8LWv4UPoOA=">AAACEnicbVDLSgNBEJyNrxhfUY9eBoMQL2FXgnoMevEY0TwgWcLspDcZMjO7zMwKYckneBP9F2/i1R/wVzw5SfZgEgsaiqpuuruCmDNtXPfbya2tb2xu5bcLO7t7+wfFw6OmjhJFoUEjHql2QDRwJqFhmOHQjhUQEXBoBaPbqd96AqVZJB/NOAZfkIFkIaPEWOmhHJz3iiW34s6AV4mXkRLKUO8Vf7r9iCYCpKGcaN3x3Nj4KVGGUQ6TQjfREBM6IgPoWCqJAO2ns1Mn+MwqfRxGypY0eKb+nUiJ0HosAtspiBnqZW8q/ud1EhNe+ymTcWJA0vmiMOHYRHj6N+4zBdTwsSWEKmZvxXRIFKHGprOwJVBkBGbhj1QM6RDEpGDD8pajWSXNi4p3WaneV0u1myy2PDpBp6iMPHSFaugO1VEDUTRAz+gVvTkvzrvz4XzOW3NONnOMFuB8/QJit54d</latexit>

(b)

<latexit sha1_base64="VyOGR9UryME4ArGB2/WdtrUYeSU=">AAACEnicbVDLSgNBEJyNrxhfUY9eBoMQL2FXgnoMevEY0TwgWcLspDcZMjO7zMwKYckneBP9F2/i1R/wVzw5SfZgEgsaiqpuuruCmDNtXPfbya2tb2xu5bcLO7t7+wfFw6OmjhJFoUEjHql2QDRwJqFhmOHQjhUQEXBoBaPbqd96AqVZJB/NOAZfkIFkIaPEWOmhTM97xZJbcWfAq8TLSAllqPeKP91+RBMB0lBOtO54bmz8lCjDKIdJoZtoiAkdkQF0LJVEgPbT2akTfGaVPg4jZUsaPFP/TqREaD0Wge0UxAz1sjcV//M6iQmv/ZTJODEg6XxRmHBsIjz9G/eZAmr42BJCFbO3YjokilBj01nYEigyArPwRyqGdAhiUrBhecvRrJLmRcW7rFTvq6XaTRZbHp2gU1RGHrpCNXSH6qiBKBqgZ/SK3pwX5935cD7nrTknmzlGC3C+fgFkZJ4e</latexit>

(c)

<latexit sha1_base64="eAnbwH35fC1r2ldniz1dmUvCif8=">AAACGHicbVBNS8NAEN34WetX1aOXYBE8laQU9VjUg8cK9kPaUDbbabt0Nwm7E7GE/Apvov/Fm3j15l/x5LbNwbY+GHi8N8PMPD8SXKPjfFsrq2vrG5u5rfz2zu7efuHgsKHDWDGos1CEquVTDYIHUEeOAlqRAip9AU1/dD3xm4+gNA+DexxH4Ek6CHifM4pGeuggPGFSvkm7haJTcqawl4mbkSLJUOsWfjq9kMUSAmSCat12nQi9hCrkTECa78QaIspGdABtQwMqQXvJ9ODUPjVKz+6HylSA9lT9O5FQqfVY+qZTUhzqRW8i/ue1Y+xfegkPohghYLNF/VjYGNqT7+0eV8BQjA2hTHFzq82GVFGGJqO5Lb6iI8C5PxI5ZEOQad6E5S5Gs0wa5ZJ7XqrcVYrVqyy2HDkmJ+SMuOSCVMktqZE6YUSSZ/JK3qwX6936sD5nrStWNnNE5mB9/QIXWKE1</latexit>

2D

<latexit sha1_base64="aM67WBJMX3Gv4YLLIEAtV6GKT3A=">AAACEHicbVDLSgNBEJyNrxhfUY9eBoPgKexKUI9BLx4TMA9IljA76c0OmZldZmaFsOQLvIn+izfx6h/4K56cJHswiQUNRVU33V1Bwpk2rvvtFDY2t7Z3irulvf2Dw6Py8Ulbx6mi0KIxj1U3IBo4k9AyzHDoJgqICDh0gvH9zO88gdIslo9mkoAvyEiykFFirNSMBuWKW3XnwOvEy0kF5WgMyj/9YUxTAdJQTrTueW5i/IwowyiHaamfakgIHZMR9CyVRID2s/mhU3xhlSEOY2VLGjxX/05kRGg9EYHtFMREetWbif95vdSEt37GZJIakHSxKEw5NjGefY2HTAE1fGIJoYrZWzGNiCLU2GyWtgSKjMEs/ZGJiEYgpiUblrcazTppX1W962qtWavU7/LYiugMnaNL5KEbVEcPqIFaiCJAz+gVvTkvzrvz4XwuWgtOPnOKluB8/QKaeJ2+</latexit>

h

<latexit sha1_base64="EDHaVk8DMx1mOvshTLoHVxUS+ps=">AAACE3icbVDLSsNAFJ3UV62vqks3g0VwVRIRdVl047KCfUAbymR60wydmYSZiVBCf8Gd6L+4E7d+gL/iykmbhW09cOFwzr3ce0+QcKaN6347pbX1jc2t8nZlZ3dv/6B6eNTWcaootGjMY9UNiAbOJLQMMxy6iQIiAg6dYHyX+50nUJrF8tFMEvAFGUkWMkpMLvWB80G15tbdGfAq8QpSQwWag+pPfxjTVIA0lBOte56bGD8jyjDKYVrppxoSQsdkBD1LJRGg/Wx26xSfWWWIw1jZkgbP1L8TGRFaT0RgOwUxkV72cvE/r5ea8MbPmExSA5LOF4UpxybG+eN4yBRQwyeWEKqYvRXTiChCjY1nYUugyBjMwh+ZiGgEYlqxYXnL0ayS9kXdu6pfPlzWGrdFbGV0gk7ROfLQNWqge9RELURRhJ7RK3pzXpx358P5nLeWnGLmGC3A+foFCgWfDQ==</latexit>

`

<latexit sha1_base64="q15c+UETaakPe+HKVpUDl7W4iEE=">AAACEHicbVDLSgNBEJyNrxhfUY9eBoPgKeyKqMegF48JmAckS5id9GaHzMwuM7NiWPIF3kT/xZt49Q/8FU9Okj2YxIKGoqqb7q4g4Uwb1/12CmvrG5tbxe3Szu7e/kH58Kil41RRaNKYx6oTEA2cSWgaZjh0EgVEBBzawehu6rcfQWkWywczTsAXZChZyCgxVmo89csVt+rOgFeJl5MKylHvl396g5imAqShnGjd9dzE+BlRhlEOk1Iv1ZAQOiJD6FoqiQDtZ7NDJ/jMKgMcxsqWNHim/p3IiNB6LALbKYiJ9LI3Ff/zuqkJb/yMySQ1IOl8UZhybGI8/RoPmAJq+NgSQhWzt2IaEUWosdksbAkUGYFZ+CMTEY1ATEo2LG85mlXSuqh6V9XLxmWldpvHVkQn6BSdIw9doxq6R3XURBQBekav6M15cd6dD+dz3lpw8pljtADn6xe1OJ3O</latexit>

x

<latexit sha1_base64="R4Dc8/y/TK9IGqfZfj85yYCPlSg=">AAACEHicbVDLSgNBEJyNrxhfUY9eBoPgKeyKqMegF48JmAckS5id9GaHzMwuM7NCXPIF3kT/xZt49Q/8FU9Okj2YxIKGoqqb7q4g4Uwb1/12CmvrG5tbxe3Szu7e/kH58Kil41RRaNKYx6oTEA2cSWgaZjh0EgVEBBzawehu6rcfQWkWywczTsAXZChZyCgxVmo89csVt+rOgFeJl5MKylHvl396g5imAqShnGjd9dzE+BlRhlEOk1Iv1ZAQOiJD6FoqiQDtZ7NDJ/jMKgMcxsqWNHim/p3IiNB6LALbKYiJ9LI3Ff/zuqkJb/yMySQ1IOl8UZhybGI8/RoPmAJq+NgSQhWzt2IaEUWosdksbAkUGYFZ+CMTEY1ATEo2LG85mlXSuqh6V9XLxmWldpvHVkQn6BSdIw9doxq6R3XURBQBekav6M15cd6dD+dz3lpw8pljtADn6xe4kJ3Q</latexit>

z <latexit sha1_base64="8ydh6Vbr2w15hHvimpYZXZeYzgU=">AAACHHicbVBNS8NAEN3Ur1q/qh69BIvgqSQi6rHoxWMF+wFtKJvtpF26m8TdSWkJ+R3eRP+LN/Eq+Fc8uf042NYHA4/3ZpiZ58eCa3Scbyu3tr6xuZXfLuzs7u0fFA+P6jpKFIMai0Skmj7VIHgINeQooBkroNIX0PAHdxO/MQSleRQ+4jgGT9JeyAPOKBrJG3bSNsII0yAbZZ1iySk7U9irxJ2TEpmj2in+tLsRSySEyATVuuU6MXopVciZgKzQTjTElA1oD1qGhlSC9tLp0Zl9ZpSuHUTKVIj2VP07kVKp9Vj6plNS7OtlbyL+57USDG68lIdxghCy2aIgETZG9iQBu8sVMBRjQyhT3Nxqsz5VlKHJaWGLr+gAcOGPVPZZH2RWMGG5y9GskvpF2b0qXz5cliq389jy5IScknPikmtSIfekSmqEkSfyTF7Jm/VivVsf1uesNWfNZ47JAqyvX2+vo5I=</latexit>

vfx

<latexit sha1_base64="HwIaBPFTYSxmXfDsarw0FmOo+h0=">AAACFXicbVBNS8NAEN3Ur1q/qh69BIvgqSRS1GPRi8cK9gPaUDbbSbN2Nwm7E6GE/gdvov/Fm3j17F/x5LbNwbY+GHi8N8PMPD8RXKPjfFuFtfWNza3idmlnd2//oHx41NJxqhg0WSxi1fGpBsEjaCJHAZ1EAZW+gLY/up367SdQmsfRA44T8CQdRjzgjKKRWj2kad/tlytO1ZnBXiVuTiokR6Nf/ukNYpZKiJAJqnXXdRL0MqqQMwGTUi/VkFA2okPoGhpRCdrLZtdO7DOjDOwgVqYitGfq34mMSq3H0jedkmKol72p+J/XTTG49jIeJSlCxOaLglTYGNvT1+0BV8BQjA2hTHFzq81CqihDE9DCFl/REeDCH5kMWQhyUjJhucvRrJLWRdW9rNbua5X6TR5bkZyQU3JOXHJF6uSONEiTMPJInskrebNerHfrw/qctxasfOaYLMD6+gVedJ++</latexit>

⌧1
<latexit sha1_base64="jMnimLBoQj1tOlty3eFdVtzCqqQ=">AAACFXicbVBNS8NAEN34WetX1aOXYBE8laQU9Vj04rGC/YA2lM120qzdTcLuRCih/8Gb6H/xJl49+1c8uW1zsK0PBh7vzTAzz08E1+g439ba+sbm1nZhp7i7t39wWDo6buk4VQyaLBax6vhUg+ARNJGjgE6igEpfQNsf3U799hMozePoAccJeJIOIx5wRtFIrR7StF/tl8pOxZnBXiVuTsokR6Nf+ukNYpZKiJAJqnXXdRL0MqqQMwGTYi/VkFA2okPoGhpRCdrLZtdO7HOjDOwgVqYitGfq34mMSq3H0jedkmKol72p+J/XTTG49jIeJSlCxOaLglTYGNvT1+0BV8BQjA2hTHFzq81CqihDE9DCFl/REeDCH5kMWQhyUjRhucvRrJJWteJeVmr3tXL9Jo+tQE7JGbkgLrkidXJHGqRJGHkkz+SVvFkv1rv1YX3OW9esfOaELMD6+gVgIJ+/</latexit>

⌧2

<latexit sha1_base64="Nh7Hvtmgr8+6kZ8XkPG6YYOOlj4=">AAACEnicbVDLSsNAFJ3UV62vqks3wSLUTUmkqMuiG5cV7QPaUCaTm2bozCTMTIQS+gnuRP/Fnbj1B/wVV07bLGzrgQuHc+7l3nv8hFGlHefbKqytb2xuFbdLO7t7+wflw6O2ilNJoEViFsuujxUwKqClqWbQTSRg7jPo+KPbqd95AqloLB71OAGP46GgISVYG+mhGpwPyhWn5sxgrxI3JxWUozko//SDmKQchCYMK9VznUR7GZaaEgaTUj9VkGAywkPoGSowB+Vls1Mn9plRAjuMpSmh7Zn6dyLDXKkx900nxzpSy95U/M/rpTq89jIqklSDIPNFYcpsHdvTv+2ASiCajQ3BRFJzq00iLDHRJp2FLb7EI9ALf2Q8IhHwScmE5S5Hs0raFzX3sla/r1caN3lsRXSCTlEVuegKNdAdaqIWImiIntErerNerHfrw/qctxasfOYYLcD6+gVmEZ4f</latexit>

(d)

<latexit sha1_base64="LeKlG0epxjs117HP1qcViTWw/78=">AAACEHicbVDLSgNBEJyNrxhfUY9eBoPgKexK8HELePGYgHlAsoTZSW92yMzsMjMrhCVf4E30X7yJV//AX/HkJNmDSSxoKKq66e4KEs60cd1vp7CxubW9U9wt7e0fHB6Vj0/aOk4VhRaNeay6AdHAmYSWYYZDN1FARMChE4zvZ37nCZRmsXw0kwR8QUaShYwSY6Vmd1CuuFV3DrxOvJxUUI7GoPzTH8Y0FSAN5UTrnucmxs+IMoxymJb6qYaE0DEZQc9SSQRoP5sfOsUXVhniMFa2pMFz9e9ERoTWExHYTkFMpFe9mfif10tNeOtnTCapAUkXi8KUYxPj2dd4yBRQwyeWEKqYvRXTiChCjc1maUugyBjM0h+ZiGgEYlqyYXmr0ayT9lXVu67WmrVK/S6PrYjO0Dm6RB66QXX0gBqohSgC9Ixe0Zvz4rw7H87norXg5DOnaAnO1y99A52l</latexit>

X

<latexit sha1_base64="UfzIdcBFLfpevg9/4c/sE5WIJLA=">AAACGHicbVDLSgNBEJyNrxhfUY9eBoPgKexK8HELePEYwTwkWcLspDc7ZGZ2mZkVwpKv8Cb6L97Eqzd/xZOTZA8msaChqOqmuytIONPGdb+dwtr6xuZWcbu0s7u3f1A+PGrpOFUUmjTmseoERANnEpqGGQ6dRAERAYd2MLqd+u0nUJrF8sGME/AFGUoWMkqMlR57gSIjMFj2yxW36s6AV4mXkwrK0eiXf3qDmKYCpKGcaN313MT4GVGGUQ6TUi/VkBA6IkPoWiqJAO1ns4Mn+MwqAxzGypY0eKb+nciI0HosAtspiIn0sjcV//O6qQmv/YzJJDUg6XxRmHJsYjz9Hg+YAmr42BJCFbO3YhoRRaixGS1smQez8EcmIhqBmJRsWN5yNKukdVH1Lqu1+1qlfpPHVkQn6BSdIw9doTq6Qw3URBQJ9Ixe0Zvz4rw7H87nvLXg5DPHaAHO1y/KW6EA</latexit> hn
i

<latexit sha1_base64="/tN5r0X1mIGK11PpVTlUyvFl258=">AAACJXicbVDJSgNBEO2JW4zbuNy8DAbBU5iR4HILePEYwSyQhNDTqSRNunuG7hoxDvkXb6L/4k0ET/6HJzvLwSQ+KHi8V0VVvTAW3KDvfzmZldW19Y3sZm5re2d3z90/qJoo0QwqLBKRrofUgOAKKshRQD3WQGUooBYObsZ+7QG04ZG6x2EMLUl7inc5o2iltnvURHjEVEVeh5t42jhqu3m/4E/gLZNgRvJkhnLb/Wl2IpZIUMgENaYR+DG2UqqRMwGjXDMxEFM2oD1oWKqoBNNKJ9ePvFOrdLxupG0p9Cbq34mUSmOGMrSdkmLfLHpj8T+vkWD3qpVyFScIik0XdRPhYeSNo7Afa2AohpZQprm91WN9qilDm8PcllDTAeDcH6nssz7IUc6GFSxGs0yq54XgolC8K+ZL17PYsuSYnJAzEpBLUiK3pEwqhJEn8kxeyZvz4rw7H87ntDXjzGYOyRyc719nGaaS</latexit>

no dispersion
<latexit sha1_base64="b38U62wOXNG7kL0yYnGX5Zm0dTI=">AAACJXicbVDJSgNBEO2JW4xbXG5eBoPgKcyE4HIL6MFjBLNAMoSeTiVp0j0zdNeIcZh/8Sb6L95E8OR/eLKzHEzig4LHe1VU1fMjwTU6zpeVWVldW9/Ibua2tnd29/L7B3UdxopBjYUiVE2fahA8gBpyFNCMFFDpC2j4w+ux33gApXkY3OMoAk/SfsB7nFE0Uid/1EZ4xKR0Y3e5jqaNaSdfcIrOBPYycWekQGaodvI/7W7IYgkBMkG1brlOhF5CFXImIM21Yw0RZUPah5ahAZWgvWRyfWqfGqVr90JlKkB7ov6dSKjUeiR90ykpDvSiNxb/81ox9i69hAdRjBCw6aJeLGwM7XEU5mMFDMXIEMoUN7fabEAVZWhymNviKzoEnPsjkQM2AJnmTFjuYjTLpF4quufF8l25ULmaxZYlx+SEnBGXXJAKuSVVUiOMPJFn8krerBfr3fqwPqetGWs2c0jmYH3/ArXGpis=</latexit>

2D dispersion
<latexit sha1_base64="NZ/AUSvei7YFv8+5CsoISWJ2cr0=">AAACJXicbVDJSgNBEO2JW4xbXG5eBoPgKcxocLkF9OAxglkgGUJPp5I06Z4ZumvEOORfvIn+izcRPPkfnuwkczCJDwoe71VRVc+PBNfoOF9WZml5ZXUtu57b2Nza3snv7tV0GCsGVRaKUDV8qkHwAKrIUUAjUkClL6DuD67Hfv0BlOZhcI/DCDxJewHvckbRSO38QQvhEZOzG7vDdTRtHLXzBafoTGAvEjclBZKi0s7/tDohiyUEyATVuuk6EXoJVciZgFGuFWuIKBvQHjQNDagE7SWT60f2sVE6djdUpgK0J+rfiYRKrYfSN52SYl/Pe2PxP68ZY/fSS3gQxQgBmy7qxsLG0B5HYT5WwFAMDaFMcXOrzfpUUYYmh5ktvqIDwJk/EtlnfZCjnAnLnY9mkdROi+55sXRXKpSv0tiy5JAckRPikgtSJrekQqqEkSfyTF7Jm/VivVsf1ue0NWOlM/tkBtb3L7d/piw=</latexit>

3D dispersion

<latexit sha1_base64="LeKlG0epxjs117HP1qcViTWw/78=">AAACEHicbVDLSgNBEJyNrxhfUY9eBoPgKexK8HELePGYgHlAsoTZSW92yMzsMjMrhCVf4E30X7yJV//AX/HkJNmDSSxoKKq66e4KEs60cd1vp7CxubW9U9wt7e0fHB6Vj0/aOk4VhRaNeay6AdHAmYSWYYZDN1FARMChE4zvZ37nCZRmsXw0kwR8QUaShYwSY6Vmd1CuuFV3DrxOvJxUUI7GoPzTH8Y0FSAN5UTrnucmxs+IMoxymJb6qYaE0DEZQc9SSQRoP5sfOsUXVhniMFa2pMFz9e9ERoTWExHYTkFMpFe9mfif10tNeOtnTCapAUkXi8KUYxPj2dd4yBRQwyeWEKqYvRXTiChCjc1maUugyBjM0h+ZiGgEYlqyYXmr0ayT9lXVu67WmrVK/S6PrYjO0Dm6RB66QXX0gBqohSgC9Ixe0Zvz4rw7H87norXg5DOnaAnO1y99A52l</latexit>

X

<latexit sha1_base64="UfzIdcBFLfpevg9/4c/sE5WIJLA=">AAACGHicbVDLSgNBEJyNrxhfUY9eBoPgKexK8HELePEYwTwkWcLspDc7ZGZ2mZkVwpKv8Cb6L97Eqzd/xZOTZA8msaChqOqmuytIONPGdb+dwtr6xuZWcbu0s7u3f1A+PGrpOFUUmjTmseoERANnEpqGGQ6dRAERAYd2MLqd+u0nUJrF8sGME/AFGUoWMkqMlR57gSIjMFj2yxW36s6AV4mXkwrK0eiXf3qDmKYCpKGcaN313MT4GVGGUQ6TUi/VkBA6IkPoWiqJAO1ns4Mn+MwqAxzGypY0eKb+nciI0HosAtspiIn0sjcV//O6qQmv/YzJJDUg6XxRmHJsYjz9Hg+YAmr42BJCFbO3YhoRRaixGS1smQez8EcmIhqBmJRsWN5yNKukdVH1Lqu1+1qlfpPHVkQn6BSdIw9doTq6Qw3URBQJ9Ixe0Zvz4rw7H87nvLXg5DPHaAHO1y/KW6EA</latexit> hn
i

<latexit sha1_base64="/lzfZRxIRzK22FR9s1XgMg35UGs=">AAACE3icbVDLSsNAFJ3UV62vqks3wSK4KomIj13BjcsK9gFtKJPpTTN0ZhJmboQS+gvuRP/Fnbj1A/wVVyZtFrb1wIXDOfdy7z1+LLhBx/m2SmvrG5tb5e3Kzu7e/kH18KhtokQzaLFIRLrrUwOCK2ghRwHdWAOVvoCOP77L/c4TaMMj9YiTGDxJR4oHnFHMpT7SZFCtOXVnBnuVuAWpkQLNQfWnP4xYIkEhE9SYnuvE6KVUI2cCppV+YiCmbExH0MuoohKMl85undpnmTK0g0hnpdCeqX8nUiqNmUg/65QUQ7Ps5eJ/Xi/B4MZLuYoTBMXmi4JE2BjZ+eP2kGtgKCYZoUzz7FabhVRThlk8C1t8TceAC3+kMmQhyGklC8tdjmaVtC/q7lX98uGy1rgtYiuTE3JKzolLrkmD3JMmaRFGQvJMXsmb9WK9Wx/W57y1ZBUzx2QB1tcvHR+fEQ==</latexit>
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Figure 2. Schematic of 2D and 3D descriptions of the velocity profile in dead-end pores,
depicted in panels (a) and (c), respectively. Coordinate axes are defined with the origin at
the upstream corner. Pore length, height, and width are defined, respectively, as `, h, and w.
Velocity profiles are depicted in the x�direction. Dispersion of the colloid concentration over
timescale ⌧ = ⌧1 ! ⌧2 is depicted in the 2D description (panel (a)) and the cross-sectional
average of the colloid concentration is shown in panel (b), where the full width half maximum
� is visually defined as the distance between the two points in the distribution with values of
half the maximum. Panel (d) is a qualitative plot demonstrating the e↵ect of dispersion on a
colloid distribution. Introducing a third dimension, as depicted in panel (c), causes an increase
in dispersion, as is well known in the Taylor dispersion literature (Chatwin & Sullivan 1982).

velocity (vf) is on the order of magnitude of the wall slip velocity (vs ⇡ �w/`, where �w

and ` are, respectively, the di↵usioosmotic mobility and pore length), and an estimate
of the Péclet number for the solute, Pes = vs`/Ds where Ds is the solute di↵usivity,
yields Pes ⇡ �w/Ds . 1 (Gupta et al. 2020b). Therefore, inside a narrow dead-end
pore, the solute concentration field C(x, t) can be assumed one-dimensional so that 1D
di↵usiophoresis of particles is achieved, i.e., vDP = vDPex.

Defining the perpendicular components of the position vector as x? ⌘ x � xex, away
from the pore entrance the velocity fields have the form of a wall slip velocity vs =
vs(x, t)ex, fluid velocity vf(x, t) = vs(x, t)fx(x?, t)ex +vf?(x, t), where ex ·vf? = 0, and
vDP = vDP(x, t)ex, where we assume an incompressible flow such that r · vf = 0. The
advective-di↵usion equation (3.1) becomes

@N

@t
+ vf ·rN +

@

@x
(vDPN) = Dpr2

N. (3.2)

This equation can be solved numerically for N , although to do so would require a 2D
or 3D computational scheme. To simplify our calculations, we revisit the analysis of
Taylor (1953) to derive a 1D equation for the cross-sectionally averaged concentration
by integrating the e↵ects of the fluid flow, with the important di↵erences that the fluid
velocity field in the pore here has zero cross-sectional average and varies in x and t

according to vs; note that vf varies with the transverse coordinates and time.
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We start by defining the perturbation concentration N
0(x, t):

N
0(x, t) = N(x, t) � hNi (x, t), (3.3)

where the cross-sectional average is defined as:

hfi(x, t) =
1

A

Z

A
f dA

0 (3.4)

for cross-sectional area A with normal vector in the x�direction. We expand (3.2) using
these definitions to find

@

@t
(hNi+N

0)+vfx
@ hNi
@x

+vf ·rN
0+

@

@x
(vDP(hNi+N

0)) = Dp

✓
@

2 hNi
@x2

+ r2
N

0
◆

(3.5)

and take the cross-sectional average, which yields

@ hNi
@t

+ hvf ·rN
0i +

@

@x
(vDP hNi) = Dp

@
2 hNi
@x2

, (3.6)

where we have used, by definition, hN 0i = 0, hvfxi = 0, and @ hNi /@x? = 0.
Now we subtract (3.6) from (3.2) to obtain (still an exact expression)

@N
0

@t
+ vfx

@ hNi
@x

+ vf ·rN
0 � hvf ·rN

0i +
@

@x
(vDPN

0) = Dpr2
N

0
, (3.7)

at which point we must make approximations to go further. As originally developed by
Taylor (1953), we consider the lubrication approximation:

��r2
?N

0���
����
@

2
N

0

@x2

���� , (3.8)

where we define r2
? ⌘ r2 � @

2
/@x

2. Assuming O(vDP) = O(vfx), |N 0| ⌧ N , we apply
the approximation

O

✓
vfx

@ hNi
@x

◆
� O

✓
vf ·rN

0
, hvf ·rN

0i ,
@

@x
(vDPN

0)

◆
. (3.9)

Finally, assuming the perturbation concentration becomes independent of the initial
particle distribution, we take the steady-state limit @N

0
/@t ! 0 to arrive at an equation

for the perturbation concentration,

vfx
@ hNi
@x

= Dpr2
?N

0
, (3.10)

which must be solved for N
0(x) by applying no-flux conditions at the pore walls and

requiring that hN 0i = 0. Equation (3.10) is analogous to the equation for the perturbation
field of a solute obtained in the original analysis of Taylor (1953). The steady-state
limit neglects the e↵ect on @N

0
/@t of the time-dependence of vf, which arises from the

time-dependence of vs. This is equivalent to assuming that the colloids reach a steady-
state distribution throughout the cross section instantaneously upon a change in vf.
We justify this assumption by comparing the time-scale of particle di↵usion through the
cross section, A/Dp, where A is the cross-sectional area, to the time-scale of axial particle
transport, `/vDP. Introducing particle di↵usiophoretic mobility �p, we have vDP ⇡ �p/`.
Furthermore, as the di↵usiophoretic motion cannot outpace its source, the di↵usion of
the solute, we can write vDP . Ds/`. Thus, for any system that obeys A/`

2 ⌧ Dp/Ds,
the steady-state limit @N

0
/@t ! 0 is valid.
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Motivated by (3.10), it is convenient to define the quantities:

fx(x?) =
vfx(x, t)

vs(x, t)
, (3.11a)

N
0 = vs(x, t)

@ hNi
@x

fN 0(x?)

Dp
, (3.11b)

r2
?fN 0 = �fx(x?), (3.11c)

where (3.11c) is to be solved with no-flux boundary conditions at the pore walls and the
requirement that hfN 0i = 0.

The quantity hvf ·rN
0i therefore has the form

hvf ·rN
0i =

⌧
vsfx

@N
0

@x
+ vf? ·r?N

0
�

=

⌧
vsfx

@N
0

@x
+ r? · (vf?N

0) � N
0r? · vf?

�
.

(3.12)

Applying the incompressible flow condition,

r · vf = fx
@vs

@x
+ r? · vf? = 0, (3.13)

we substitute for r? · vf? and apply the product rule of di↵erentiation to obtain

hvf ·rN
0i =

⌧
fx

@

@x
(vsN

0) + r? · (vf?N
0)

�
. (3.14)

With the definitions of the cross-sectional area average in (3.4) and the perpendicular
derivative vector r?, denoting e? as the normal vector to the boundary, using the
divergence theorem, and noting that there is zero fluid penetration at the pore walls, we
finally arrive at

hr? · (vf?N
0)i =

1

A

I
e? · vf?N

0 ds = 0, (3.15)

where the line integral is performed over the boundaries of the pore cross section. This
simplifies (3.14) by eliminating the perpendicular velocity components. Invoking the
definition in (3.11c), we have the result

hvf ·rN
0i = � 1

Dp
hfxfN 0i @

@x

✓
v
2
s
@ hNi
@x

◆
. (3.16)

Substituting this result into (3.6), we have a one-dimensional PDE for the cross-
sectionally averaged colloid concentration,

@ hNi
@t

=
@

@x

✓
K
@ hNi
@x

� vDP hNi
◆

, (3.17)

where the modified di↵usion coe�cient is defined as:

K ⌘ Dp +
1

Dp
hfxfN 0i (vs(x, t))2 . (3.18)

In Appendix A we calculate hfxfN 0i by solving (3.11c) for the forms of vfx in both the
2D and 3D narrow pores depicted in figure 2. We note that the results are equivalent
to the well-known 2D result and additionally the 3D result introduced by Chatwin &
Sullivan (1982) upon replacing the di↵usioosmotic slip velocity with the mean velocity
of a pressure-driven flow. Furthermore, the elements of our Taylor dispersion model have
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been introduced in part by previous studies. For example, Chu et al. (2021) present a
Taylor dispersion model of di↵usiophoretic motion of particles; however the flow field is
driven by an external pressure gradient and does not include the e↵ect of a di↵usioosmotic
slip-driven flow field. Furthermore, due to their use of cylindrical geometry, they do not
examine the e↵ect of the channel cross section aspect ratio on the dispersion. It would
be straightforward to include features of their model such as a colloidal reaction term,
an externally-driven flow, and a cylindrical channel geometry into our model. Migacz
& Ault (2022) also present a Taylor dispersion model of di↵usiophoretic colloids with
an externally-driven flow field; their focus is on a narrow two-dimensional channel for
which they neglect the di↵usioosmotic wall slip. It would be straightforward to include
in our model the zeta potential dependence on the solute concentration featured in their
model, although to incorporate their characterization of early-time dynamics requires
further research. Stone & Brenner (1999) present a dispersion model for radial outflow
between two disks, which exhibits streamwise variation in the mean velocity. Our model
of di↵usiophoresis and di↵usioosmosis generalizes the above studies by including a multi-
directional, longitudinal direction-dependent and time-dependent flow with zero mean in
a channel geometry, allowing for accurate direct comparison of the model to dead-end
pore di↵usiophoresis experiments (see section 5).

4. Analysis of dispersion equations

4.1. Comparison of the dispersion equation to the two-dimensional advective-di↵usion

equation

Numerical solutions for the di↵usiophoretic motion of colloids in a 2D dead-end pore
(figure 2(a)) based on (3.1) are compared to numerical simulations of the dispersion model
based on (3.17-3.18). The 2D pore is simulated in order to validate our Taylor dispersion
model with numerical tests; for comparison to our experiments, a 3D model must be
implemented. We introduce non-dimensional quantities X = x/`, V ⌘ v`/Ds (for all
velocities), ⌧ ⌘ tDs/`

2, and n ⌘ N/N0, where N0 is the initial maximum concentration
of the colloid, ` is the pore length as depicted in figure 2, and Ds is the characteristic
di↵usivity of the di↵using solute whose gradient drives the colloid di↵usiophoresis and the
di↵usioosmotic slip velocity on the pore walls. For simplicity we consider a monovalent,
binary salt as the solute, whose concentration can be described by one quantity. We
define C as the concentration of the solute, which is made non-dimensional by c ⌘ C/C0

for initial maximum concentration C0. Substituting in our non-dimensional quantities,
(3.1) becomes

@n

@⌧
+ r · (Vpn) =

Dp

Ds
r2

n, (4.1)

where we redefine r ⌘ [@/@X, @/@Y ] and note that the velocity Vp = Vf + VDP is the
sum of the fluid and di↵usiophoretic velocities. We define the non-dimensional modified
di↵usion coe�cient as

K ⌘ Dp

Ds
+

V
2
s

Dp/Ds

hfXfn0i
`2

, (4.2)

where hfXfn0i /`
2 ⌘ hfxfN 0i = (h/`)2/210, well-known for pressure-driven parabolic flow

in a 2D channel, is computed in Appendix A, see (A 6). We see that introducing the non-
dimensional quantities reveals a set of two non-dimensional parameters to describe our
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Figure 3. Comparison of the cross-sectionally averaged di↵usiophoretic colloid concentration
hni in a dead-end pore with di↵usioosmotic slip-driven flow at the walls. Solid lines show
numerical solutions to the full 2D model, (4.1), and dashed lines show numerical solutions to the
one-dimensional model with 2D dispersion, (4.3) and (A 6). The two di↵erent numerical solutions
have matching initial Gaussian distributions and no-flux conditions at the pore walls and inlet.
The di↵usiophoretic velocity and the di↵usioosmotic slip are driven by a solute di↵using out of
the pore into an infinite reservoir. The initial solute condition is hci (⌧ = 0) = 1 and the boundary
conditions are hci (X = 0) = 0.1 and no-flux conditions at the pore walls. Three di↵usivities of
the colloidal particles and three pore heights are considered. Excellent agreement is observed
between the two models for (h/`)2 = Dp/Ds/10 and (h/`)2 = Dp/Ds/100, as predicted by the
Taylor dispersion limit (4.9), and consistent with the steady-state limit @N 0/@t ! 0.

system: Dp/Ds and h/`. Now making (3.17) non-dimensional, we have

@ hni
@⌧

=
@

@X

✓
K@ hni
@X

� VDP hni
◆

. (4.3)

Equation (4.2) can be adapted to describe the solute concentration c:

@ hci
@⌧

=
@

@X

✓
Ks

@ hci
@X

� Vf hci
◆

, (4.4)

where we define the solute modified di↵usion coe�cient as

Ks ⌘ 1 +
(h/`)2

210
V

2
s . (4.5)

As described in §3, with a solute Péclet number Pes ⇡ �w/Ds . 1 the solute concentra-
tion is approximately one-dimensional and can be accurately calculated with a 1D di↵u-
sion equation. This ensures furthermore that the solute concentration can be calculated
with the dispersion equations (4.4 and 4.5) in the lubrication approximation (Taylor
1953; Aris 1956; Chu et al. 2021), with accuracy greater than or equal to the simple
di↵usion model. We include the dispersion e↵ect on the solute as a general description of
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Figure 4. The full width half maximum �(hni) (see figure 2b) versus time ⌧ of colloidal particle
distributions hni, as obtained by solving (4.3) and (A 6). The colloid distributions have Gaussian
initial distributions and no-flux conditions at the pore walls and inlet. The di↵usiophoretic
velocity and the di↵usioosmotic wall slip are driven by a solute di↵using out of the pore into an
infinite reservoir. The initial solute concentration is hci (⌧ = 0) = 1 and the boundary conditions
are hci (X = 0) = 0.1 and no-flux conditions at the pore walls. The full width half maximum
is compared for varying particle di↵usivity (Dp/Ds = 10�2, 10�3, 10�4) and varying pore wall
zeta potential ( w = �4, �10, 4). Furthermore, each panel shows the full width half maximum
for three values of the ratio (h/`)2/(Dp/Ds): 1, 1/10, and 1/100.

our model. Comparisons between the dispersion model and a one-dimensional di↵usion
model of the low Péclet number solute revealed only minor di↵erences.

We assume constant particle and wall zeta potentials and a vanishing ratio of Debye
length to particle radius. Therefore, the di↵usiophoretic and di↵usioosmotic velocities
vDP and vs depend on the constant particle and wall zeta potentials  p,w, the gradient
of the logarithm of the solute concentration, and the di↵usivity di↵erence factor � =
(D+ � D�)/(z+D+ � z�D�) of the electrolyte with ionic di↵usivities D+ and D� and
valences z+ and z�. The zeta potentials are made non-dimensional by defining  =
e /(kBT ), where e is the elementary charge, kB is the Boltzmann constant, and T is the
absolute temperature of the solution. It is convenient to introduce the velocity prefactor
↵ = ✏k

2
BT

2
/(e2

µDs), where ✏ is the electrical permittivity of the solution and µ is the
solution viscosity. We define di↵usiophoretic mobility �p and di↵usioosmotic mobility
�w, which are made non-dimensional by the solute di↵usivity and related to the particle
and wall zeta potentials by the approximate form (Prieve et al. 1984; Velegol et al. 2016;
Keh & Ma 2005):

�p,w

Ds
= ↵

 
� p,w +

 
2
p,w

8

!
. (4.6)
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The di↵usiophoretic velocity and the di↵usioosmotic slip velocity are then given by:

VDP =
�p

Ds
r log c, (4.7a)

and Vs =
�w

Ds


@ log c

@X

�

Z=0,h/`

. (4.7b)

where Z = 0 and Z = h/` correspond to the pore walls.
We can consider the Taylor dispersion limits to simplify our expressions for the

velocities. Taylor dispersion most accurately models systems with a low Péclet number,
which is the ratio of particle transport timescales:

PeTD ⌘ time scale to di↵use through channel cross section

time scale to transport to end of channel
⌧ 1. (4.8)

In our system, the mechanism of bulk particle transport along the pore length is the
di↵usiophoretic velocity. If we reintroduce dimensional quantities, we see that vDP scales
with �p/`. The di↵usiophoretic mobility �p cannot be greater than Ds, the characteristic
di↵usivity of the solute. This gives us the condition

✓
h

`

◆2

⌧ Dp

Ds
(4.9)

for which we expect our Taylor dispersion model to describe 2D pore di↵usiophoresis and
di↵usioosmosis with reasonable accuracy. The equivalent condition for the dispersion of
the solute would be (h/`)2 ⌧ 1, which is always true in the lubrication approximation
that we have employed for the velocity profiles. Therefore, we can approximate all c(X, ⌧)
with hci (X, ⌧), giving us the simplified velocities:

VDP =
�p

Ds

@ log hci
@X

, (4.10a)

and Vs =
�w

Ds

@ log hci
@X

. (4.10b)

Simulated colloid concentrations from the 2D advective di↵usion model (see 4.1) and
the 2D reduced-order dispersion model (see 4.3 and A6) are directly compared in figure 3.
Particle di↵usivity and the ratio (h/`)2/(Dp/Ds) are both varied over three orders of
magnitude, demonstrating better agreement of the colloid distributions as the Taylor
dispersion limit is better satisfied. Di↵usiophoretic focusing is observed in panels (d)�(i),
where the colloids increase in concentration as time increases, and is most prominent for
the smallest ratios (panels (f) and (i)). This is consistent with the form of (4.2), where
an increase in (h/`)2/(Dp/Ds) corresponds to an increase in dispersion. Panels (a) � (c)
do not demonstrate di↵usiophoretic focusing, however, as the large value for particle
di↵usivity dominates the dispersion e↵ect.

We next report the full width half maximum (defined in figure 2(b)), where larger
magnitudes indicate greater dispersion. The full width half maximum as a function
of time for the colloid distributions determined from (4.3) and (A 6) are displayed in
figure 4. The full width half maximum is compared for varying particle di↵usivity across
three orders of magnitude and varying pore wall zeta potential: a typical experimental
value (Alessio et al. 2021)  w = �4 (panels (a) � (c)), a strongly negative value
 w = �10 (panels (d)� (f)), and a positive value  w = 4 (panels (g)� (i)). The strongly
negative value corresponds to a large slip velocity and thus to increased dispersion.
Equation (4.6), considering that � is negative for Na+ and Cl– , indicates that the positive
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Figure 5. (a)�(c) The full width half maximum�(hni) versus time ⌧ of the colloid distributions
hni solved from (4.3) and (A 14). The colloid distributions have Gaussian initial distributions
and observe no-flux conditions at the pore walls and inlet. The di↵usiophoretic velocity and the
di↵usioosmotic slip are driven by a solute di↵using out of the pore into an infinite reservoir. The
initial solute condition is hci (⌧ = 0) = 1 and the boundary conditions are hci (X = 0) = 0.1 and
no-flux conditions at the pore walls. The full width half maximum is evaluated for varying pore
wall zeta potential ( w = �4,�10, 4). (d) The non-dimensional modified coe�cient of di↵usion
K versus non-dimensional particle di↵usivity Dp/Ds. The double bracket indicates an average
over the length of the pore and the timespan ⌧ = 0 ! 0.4. A minimum is seen in each curve
for an intermediate value of particle di↵usivity. (e) The non-dimensional modified coe�cient
of di↵usion versus time. The single bracket indicates an average over the length of the pore.
Particle di↵usivity is chosen to be Dp/Ds = 10�3. A sharp decrease is seen for early times.
Each panel demonstrates the e↵ect of increasing cross-sectional aspect ratio h/w to decrease
dispersion, indicated by decreasing full width half maximum (a � c) and decreasing modified
coe�cient of di↵usion (d� e).

value corresponds to a small slip velocity and thus to decreased dispersion. Furthermore,
each panel shows the full width half maximum of the colloid distribution for three values
of the ratio (h/`)2/(Dp/Ds): 1, 1/10, and 1/100. This e↵ect is weakest for the leftmost
column (panels (a), (d), and (g)), as the large value of particle di↵usivity dominates the
dispersion e↵ect similarly to the simulations of figure 3.

4.2. Parameter analysis of the 3D dispersion equation

To achieve quantitative agreement between the experiments of §5 and the reduced-
order dispersion simulations requires the consideration of the variation of the flow in
three spatial dimensions. In Appendix A we introduce the pore width w such that the
walls are located at Y = 0 and Y = w/` and h < w, and present the corresponding
modified di↵usion coe�cient.

We modify the model in §4.1 by substituting K(X, ⌧) with the 3D coe�cient, defined
in (4.2) and (A 14) where hfXfn0i /`

2 ⌘ hfxfN 0i, into (4.3). Note that we use the
same method to make the coe�cient non-dimensional, and furthermore that the non-
dimensional coe�cient for solute dispersion in (4.4) is replaced with the 3D version in a
similar manner. Finally, we include no-flux conditions for each wall of the pore.

The full width half maximum versus time for colloid distributions determined from
(4.3) and (A 14) are shown in figure 5(a� c). The results indicate enhanced dispersion as
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(a � iii)

Figure 6. Experiments in a long pore (w = 100 µm, h = 50 µm, and ` = 5 mm). (a) Schematic
of typical experimental steps. (a� i) The pore is initially filled with the 10 mM NaCl solution.
The 10 mM NaCl solution with suspended particles, separated from the original solution by
a first air bubble, is flowed in the main channel, then comes in contact with the liquid in the
pore. (a � ii) Flow in the main channel introduces penetration of streamlines into the pore
at the pore inlet (penetration depth ⇡ w), which allows a patch of particles to form at the
inlet region of the pore. Then, separated by the second air bubble, a 1 mM NaCl solution is
flowed into the main channel to create a concentration gradient in the pore. (a � iii) Finally,
we obtain di↵usiophoresis of a finite number of particles toward the dead-end. (b) Fluorescent
images obtained from the experiments with carboxylate-modified polystyrene (c-PS; diameter
d = 0.5 µm) particles. Image intensity is enhanced for visualization. Original images are included
in Appendix C (figure 10). Scale bar is 100 µm.

the width of the distribution increases with stronger dispersion. As in §4.1, we present
the e↵ect of pore wall potential  w on the dispersion in figure 5. Figure 5(d � e) shows
the non-dimensional modified coe�cient of di↵usion versus the non-dimensional particle
di↵usivity, averaged across the length of the pore and across the timespan ⌧ = 0 ! 0.4
(panel (d)), and versus time, averaged across the length of the pore (panel (e)). Panel
(d) demonstrates a minimum in dispersion for intermediate values of particle di↵usivity
as predicted by (4.2). Panel (e) highlights how there is a multiple-order-of-magnitude
decrease in the modified coe�cient of di↵usion at early times.

Each panel of figure 5 demonstrates the trend for dispersion to increase as the aspect
ratio h/w decreases. This is a natural consequence of dispersion being enhanced by the
influence of the side walls. Furthermore, the inclusion of the 3D e↵ect of h/w strictly
increases the dispersion of the colloid distributions compared to those calculated from
the dispersion model of the 2D channel (Chatwin & Sullivan 1982).

5. Experimental methods and comparison to the one-dimensional

equation

We designed experiments using a dead-end pore with w = 100 µm, h = 50 µm, and
` = 5 mm to compare with the model of the 1D representation of the (three-dimensional)
dispersion; ` � h, w. Three di↵erent particle sizes (diameter dp = 1, 0.5, and 0.2 µm;
see Appendix D for particle information) were used to examine the influence of particle
di↵usivity Dp, which is related to particle diameter by the Boltzmann constant kB, the
absolute temperature T of the solution, and the viscosity µ of the solution through the
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Figure 7. Comparison of experimental data (solid) to simulated data (dashed) for di↵erent
colloidal particle diameters. The concentration distributions in a given experiment, in order
of peak location from left to right, correspond to times ⌧ = 0.1, 0.2, 0.3, and 0.4. Fitting
parameters are the dimensionless particle zeta potential  p and wall zeta potential  w.
Unique values of the fitting parameters were calculated for the simulations of each panel:
(a)  p = �2.84,  w = �3.91, (b)  p = �3.31,  w = �3.26, and (c)  p = �3.04,  w = �2.06.
Despite a bias due to particle size in the fitted values of the wall zeta potential, there is very
good agreement between the experiments and the simulations.

Stokes-Einstein equation:

Dp =
kBT

3⇡µdp
. (5.1)

In order to establish an initial condition that a finite number of particles are trapped in
the inlet region of the pore, we use three successive steps separated by two air bubbles
(figure 6(a)). The PDMS microfluidic channel is made by standard soft lithography and
the channel block is bonded to a thin sheet of PDMS to ensure the same surface properties
for all walls.

The pore is initially filled with a 10 mM NaCl solution. Then, the 10 mM NaCl
solution with suspended polystyrene (PS) particles, separated by a first air bubble from
the original solution, is introduced in the main channel (width, height, and length are,
respectively, w = 1.2 mm, h = 200 µm, and ` = 5 cm) at a mean flow speed hui ⇡
2.5 mm/s (figure 6(a � i)). Once the two solutions come in contact with each other,
particles start to accumulate at the pore inlet by the slight penetration of streamlines
(penetration depth ⇡ w) (Battat et al. 2019). One minute after the particle suspension
flows in the main channel, a second air bubble is introduced, followed by a 1 mM NaCl
solution (figure 6(a � ii)). Once the 1 mM NaCl solution contacts the liquid in the
pore, the main channel flow speed is reduced to hui = 25 µm/s. Fluorescent images
are then recorded every 10 seconds using an inverted microscope (Leica DMI4000B;
figure 6(a�iii)). Typical experimental images are shown in figure 6(b) as a time sequence.

For the three values of dp, we compare the experiments with the one-dimensional model
with 3D dispersion (figure 7). Details of the model are given in §4.2. The particle zeta
potential has a strong influence on the peak location of the colloid distribution, and the
wall zeta potential has a strong influence on the dispersion of the colloid distribution.
The dimensionless particle zeta potential  p and wall zeta potential  w were calculated
as fitting parameters for each experiment. The fitted parameters used in the simulations
of each panel are: (a)  p = �2.84,  w = �3.91, (b)  p = �3.31,  w = �3.26, and
(c)  p = �3.04,  w = �2.06. The zeta potentials are each calculated within  ± 0.002
using a least squares method that compares model and experiment.

Some variation in particle zeta potentials is expected due to the independent manu-
facturing of all three sizes of particles used. However, the variation in fitted wall zeta
potentials is unexpected as pore walls properties were not changed between experiments.
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It is possible that deviations from the predicted fluid velocity profile at the pore inlet, not
captured by the Taylor dispersion model, enforce a bias of the particle size on the apparent
dispersion of the colloid distribution (Battat et al. 2019). The sharp concentration
gradient near the pore inlet at ⌧ = 0 causes a three to four order-of-magnitude decrease in
the modified coe�cient of di↵usivity over the span of ⌧ = 0 ! 0.05 (figure 5(e)), meaning
the the majority of the dispersion occurs near the inlet during this time-span. A small
e↵ect of particle size on the dispersion in this region can strongly impact the apparent
dispersion of the colloid distribution throughout the pore. Therefore, it is not feasible
with our current setup to accurately measure the wall zeta potential. In Appendix C,
we perform an experiment holding particle size constant and calculate fitted potentials
that demonstrate good agreement, supporting our claim that a particle-size dependence
of the dispersion in the inlet region may be responsible for variations in the fitted values
of the wall zeta potential.

The complex nature of the inlet region in microfluidic dead-end pores may also
explain overestimation of the fitted particle zeta potentials. This e↵ect is not due to
imprecise measurements. In particular, in Appendix C we demonstrate precise fitting of
zeta potentials for particles of the same batch. Full three-dimensional analysis including
complex flow structure near the pore inlet may be helpful to further develop the dispersion
system so that a direct mapping of the particle distribution versus the wall or particle
potential values is possible for a wide range of surface properties. Additionally, it is
possible that di↵erences in manufacturing of each size of particle a↵ected the di↵usive
behavior; a wide variation in particle zeta potential within a batch of one size could
introduce an apparent spreading that contributes to the dispersion. Despite the imprecise
fitted values of wall zeta potential, the very good agreement between the experimental
data and the fitted simulation data supports our model.

6. Conclusions

We implemented a Taylor dispersion model of di↵usiophoresis-driven particle motion in
a dead-end pore. By integrating the e↵ects of a 3D di↵usioosmotic slip-driven flow into a
1D advective-di↵usion equation, we performed direct comparisons between reduced-order
simulations and experimental measurements. We also compared the e↵ective dispersion
model with direct numerical simulations, and obtained quantitative agreement for param-
eters up to the limit of applicability of the approximations typical of Taylor dispersion.

Our model builds upon previous studies of di↵usiophoresis by including the e↵ect of
di↵usioosmosis-driven dispersion. Furthermore, we extend previous analyses of Taylor
dispersion by calculating the general form of a coe�cient for a slip-driven flow with zero
mean, accounting for spatial and temporal variations in the coe�cient, and including the
di↵usiophoretic velocity in the reduced-order advective-di↵usion equation.

Going forward, while our analysis focuses on the dead-end pore geometry with zero
mean flow, it is straightforward to extend the analysis to other geometries and account for
pressure and shear-driven flows (Chu et al. 2021). Similarly, while the results in this paper
are for electrolytic di↵usioosmosis, (3.18) can be utilized to calculate dispersion for non-
electrolytic di↵usioosmosis. Our analysis can also be combined with self-di↵usiophoretic
colloids that may have variance in mean velocities (Peng & Brady 2020). In summary,
our dispersion model will enable rapid calculation of di↵usioosmotic spreading for a wide
variety of geometries, background flows, and physical processes.

An accurate calculation of dispersion in the presence of charged sidewalls can be ex-
ploited for various applications. For instance, lab-on-a-chip applications such as directed
delivery of particles (Banerjee et al. 2016; Shi et al. 2016; Lee et al. 2018; Gandhi et al.
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2020; Seo et al. 2020; Shin 2020) and zeta-potential measurement (Shin et al. 2017)
rely on accurate prediction of particle concentration, which in turn is closely associated
with colloidal dispersion. In physical systems such as energy storage and desalination
devices (Biesheuvel & Bazant 2010; Florea et al. 2014; Gupta et al. 2020a,c; Bone et al.

2020; Henrique et al. 2022), it is common to observe ion concentration gradients inside
charged pores, where one can expect colloidal transport and dispersion to be important.
Finally, biophysical systems such as blood cells, phospholipid vesicles (Bruno et al. 2018;
Hartman et al. 2018), plasmodesmata (Peters et al. 2021), and cell growth in microfluidic
setups (Yang et al. 2018) also consist of charged surfaces, where di↵usioosmosis plays a
crucial role.
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Appendix A. Deriving the coe�cient of dispersion for a

two-dimensional and a three-dimensional channel

The Taylor dispersion model introduced above, which we have generalized to account
for streamwise and temporal variations in the dispersion coe�cient for a channel geom-
etry, a zero average fluid velocity, and a background 1D di↵usiophoretic velocity field,
is shown in this appendix to produce identical coe�cients of dispersion as calculated
many times previously for laminar flow between parallel plates in two dimensions and
a rectangular conduit in three dimensions (Chatwin & Sullivan 1982). In this appendix
we give a detailed calculation of the dispersion coe�cients for slip-driven flow in narrow
pores in two and three dimensions, depicted by figure 2.

Two-dimensional pore

Here we calculate the modified di↵usion coe�cient in slip-driven viscous flow for
colloidal particles in a 2D dead-end pore of length ` and height h ⌧ `, where x spans
0 ! ` and z spans 0 ! h. The definition of the cross-sectional average from (3.4)
becomes:

hfi ⌘ 1

h

Z h

0
f dz, (A 1)

and (3.10) reduces to:

vfx
@ hNi
@x

= Dp
@

2
N

0

@z2
, (A 2)

where the x�direction fluid velocity is (Alessio et al. 2021):

vfx = vs

✓
1 � 6

z(h � z)

h2

◆
. (A 3)

Equation (3.11c) becomes:

@
2
fN 0

@z2
= �fx = 6

z(h � z)

h2
� 1, (A 4)
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where fx = vfx/vs. We integrate (A 4), apply the no-flux condition @fN 0/@z(z = 0, h) =
0, and require that hfN 0i = 0 to obtain:

fN 0 =
z
4

2h2
� z

3

h
+

z
2

2
� h

2

60
, (A 5)

from which we calculate:

hfxfN 0i =
h

2

210
. (A 6)

We note that this is the standard coe�cient for a channel flow with dispersion propor-
tional to the square of the mean velocity.

Three-dimensional pore

We now consider a 3D pore, by introducing the width w ⌧ `, where y spans 0 ! w

and h < w. In this case, the definition of the cross-sectional average from (3.4) becomes:

hfi ⌘ 1

wh

Z w

0

Z h

0
f dzdy, (A 7)

and (3.10) becomes:

vfx
@ hNi
@x

= Dp

✓
@

2

@y2
+

@
2

@z2

◆
N

0
, (A 8)

where the x�direction fluid velocity is, defining y
0 ⌘ y � w/2:

vfx = vs

0

B@1 � 6Ṽ

0

B@
z(h � z)

h2
� 8

⇡3

1X

n odd>1

cosh
⇣
n⇡
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⌘
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�
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�

n3 cosh
�

1
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w
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�

1

CA

1

CA , (A 9a)

Ṽ ⌘

0

B@1 � 192

⇡5

h

w

1X

n odd>1

tanh
�

1
2n⇡

w
h

�

n5

1

CA

�1

. (A 9b)

We note that the form of the fluid velocity in a channel is well-known for the case of
pressure-driven flow, and for our case of slip-driven flow, the form of the velocity is
identical upon transforming from the frame of the mean flow speed to the frame of the
slip velocity (Alessio et al. 2021).

Equation (3.11c) becomes:
✓
@

2

@y2
+

@
2

@z2

◆
fN 0 = �fx, (A 10)

where fx = vfx/vs. Following the example of Chatwin & Sullivan (1982), we represent the
velocity in the convenient double cosine form, noting that in our case the cross-sectional
average of the velocity is zero:

fx =
1X

p even
>2

↵p0 cos
⇣
p⇡

y

w
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+

1X
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>2
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1X
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1X
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>2

↵pq cos
⇣
p⇡

y

w

⌘
cos
⇣
q⇡

z

h

⌘
.

(A 11)
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The coe�cients are calculated from (A 9) using the Fourier method:

↵p0 =
384whṼ

⇡5

1X

n odd>1

tanh
�

1
2n⇡

w
h

�

n3 (n2w2 + p2h2)
, (A 12a)
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We solve (A 10) with the boundary conditions @fN0
@z (z = 0, h) = @fN0

@y (y = 0, w) = 0 and

the requirement that hfN 0i = 0 to obtain:
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Finally, we calculate:

hfxfN 0i =

 
12Ṽ h
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where Ṽ is defined by (A 9b).

Appendix B. Applicability of two- and three-dimensional velocity

profiles in experimental analyses

As explained in the main text, dispersion of a particle patch cannot be fully described
with a 2D model. Schematics of z-projection imaging are shown in figure 8. Compaction
experiments typically show an exclusion boundary that indicates an influence of the z-
averaged flow velocity inside a pore. This can be approximated by a 2D parabolic velocity
(figure 9(c)). 3D dispersion of a particle patch requires understanding the 3D velocity
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(b)

Figure 8. Schematics showing the di↵erence between the compaction and dispersion
experiments in terms of 2D imaging. (a) The z-projection of compaction experiments shows
an apparent boundary that can be estimated with a flow velocity obtained for the 2D pore. (b)
The z-projection of the dispersion experiments cannot be fully described by the 2D pore model.

distribution inside a dead-end pore (figure 8(b)), as the 2D projected particle distribution
reveals 3D flow profiles.

In the current experiment, while the particle patch is moving toward the dead-end by
1D di↵usiophoresis, each particle experiences di↵erent flow speeds at di↵erent locations
inside the pore. If the initial particle distribution was uniform along the pore and
di↵usiophoretic compaction occurs, we obtain the particle exclusion boundary that is
a↵ected by the z-averaged flow velocity (figures 8(a) and 9(c)), due to the 2D projection
nature of imaging. In contrast, when there is di↵usiophoresis of a particle patch, the
stretched particle distribution due to 3D flow in the pore is revealed in the z-projection
images, as illustrated in figures 1(c), 8(b) and 9(a, b).

In the particle-patch experiments performed with short pores (figure 1), PS particles
aligned with the flow velocity in the pores with di↵erent heights (figure 9(a, b)). Flow
velocities at two di↵erent z locations (z = 5 µm from the wall and z = h/2) indicate
that variation in the dispersion profiles in di↵erent pores is due to di↵erent flow speeds
(figure 9(b)).

Appendix C. Experiments with variation of solute concentration

In order to investigate the particle-size dependence on the dispersion (§5), we performed
an experiment holding particle size constant (dp = 0.5 µm). The solute concentration
ratio cm/cp was set to 0.05 to compare to the previous experiment with a ratio of 0.1,
where cm is the initial solute concentration in the main channel and cp is the initial solute
concentration in the pore.

In figure 11 we show the two experiments for (a) cm/cp = 0.1 and (b) cm/cp = 0.05
compared to simulations with fitted particle and wall zeta potentials, calculated to be:
(a)  p = �3.31,  w = �3.26 and (b)  p = �3.46,  w = �3.29. The zeta potentials
were fit with a least squares routine to  ± 0.002. The values of  w were consistent with
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Figure 9. Qualitative interpretation of the particle dispersion in short pores (figure 1) by the
di↵erences in flow velocities. (a) Images obtained from the pores with w = 100 µm, ` = 1 mm
and three di↵erent heights (h = 25, 50, and 100 µm). (b) Flow velocities obtained from di↵erent
pores plotted versus pore width. Two z-positions are selected: z = 5 µm (from the wall), and
z = h/2 for all three pores, and di↵erence in the flow velocities vf(x, y, h/2)� vf(x, y, z = 5 µm)
can qualitatively describe the variation in the particle distributions. (c) Comparison between
the z-averaged flow velocity obtained from the 3D pore and the 2D parabolic flow velocities.
The cross section of the 3D pore is w = 100 µm and h = 50 µm, and the 2D pore has the same
width.

Figure 10. Figure 6(b) without intensity enhancement. Scale bar is 100 µm.
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Figure 11. Comparison of experimental data (solid) to simulated data (dashed) for two
di↵erent values of initial solute concentration ratio: (a) cm/cp = 0.1 and (b) cm/cp = 0.05. The
distributions, in order of peak location from left to right, correspond to times ⌧ = 0.1, 0.2, 0.3,
and 0.4. Fitting parameters are dimensionless particle zeta potential  p and wall zeta potential
 w. The fitted zeta potentials were calculated to be: (a)  p = �3.31,  w = �3.26 and
(b)  p = �3.46,  w = �3.29. Good agreement is found between (a) and (b).

an estimate we made using a di↵erent setup, where the particle entrainment front was
tracked to measure the flow velocity (see figure 12). Independence of fitting parameters
on the solute concentration ratio is expected; the particles are of the same batch so
are expected to have the same zeta potential, and the possible particle-size e↵ect on the
dispersion is eliminated by holding particle size constant. The close agreement in the zeta
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Figure 12. Independent estimation of wall zeta potential  w in our typical experimental setup.
(a) Particle entrainment front was tracked at two separate locations (X = 0.2, X = 0.3), and
the centerline velocity was compared with calculations. For the pores with w/h = 2, the particle
speed along the centerline is VDP+ |Vs|. (b� c) A choice of the wall potential value  w = �3.3 is
seen to reasonably agree with the measurements, supporting the consistency of our zeta potential
fitting.

Particles dp (µm) Measured  p (mV) Fitted  p (mV) Concentration (%v/v)

Polystyrene (Invitrogen) 1.0 �70.92± 2.23 �78.13 0.1
Carboxylate-modified polystyrene (Sigma Aldrich) 0.5 �75.13± 0.35 �85.07 0.2

Polystyrene (Bangs Laboratories) 0.2 �50.51± 1.02 �72.99 0.2

Table 1. Particles used in the experiments.

potentials of each experiment supports our model and the possibility of a particle-size
e↵ect on the dispersion near the pore inlet.

Appendix D. Particles used in the experiments

In the experiments, three di↵erent particles are used to visualize di↵usiophoresis and
dispersion in the dead-end pores. Particle information is listed in Table 1.
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Hartman, S.V., Božič, B. & Derganc, J. 2018 Migration of blood cells and phospholipid
vesicles induced by concentration gradients in microcavities. New Biotechnology 47, 60–66.

Henrique, F., Zuk, P.J. & Gupta, A. 2022 Charging dynamics of electrical double layers
inside a cylindrical pore: predicting the e↵ects of arbitrary pore size. Soft Matter .

Kar, A., Chiang, T., Ortiz Rivera, I., Sen, A. & Velegol, D. 2015 Enhanced transport
into and out of dead-end pores. ACS Nano 9 (1), 746–753.

Keh, H.J. & Ma, H.C. 2005 Di↵usioosmosis of electrolyte solutions along a charged plane wall.
Langmuir 21 (12), 5461–5467.



Di↵usioosmosis-driven dispersion of colloids 23

Lee, H., Kim, J., Yang, J., Seo, S.W. & Kim, S.J. 2018 Di↵usiophoretic exclusion of colloidal
particles for continuous water purification. Lab on a Chip 18 (12), 1713–1724.

McDermott, J.J., Kar, A., Daher, M., Klara, S., Wang, G., Sen, A. & Velegol, D.
2012 Self-generated di↵usioosmotic flows from calcium carbonate micropumps. Langmuir
28 (44), 15491–15497.

Migacz, Robben E & Ault, Jesse T 2022 Di↵usiophoresis in a taylor-dispersing solute.
Physical Review Fluids 7 (3), 034202.

Nery-Azevedo, R., Banerjee, A. & Squires, T.M. 2017 Di↵usiophoresis in ionic surfactant
gradients. Langmuir 33 (38), 9694–9702.

Palacci, J., Abécassis, B., Cottin-Bizonne, C., Ybert, C. & Bocquet, L. 2010 Colloidal
motility and pattern formation under rectified di↵usiophoresis. Physical Review Letters
104 (13), 138302.

Palacci, J., Cottin-Bizonne, C., Ybert, C. & Bocquet, L. 2012 Osmotic traps for colloids
and macromolecules based on logarithmic sensing in salt taxis. Soft Matter 8 (4), 980–994.

Paustian, J.S., Angulo, C.D., Nery-Azevedo, R., Shi, N., Abdel-Fattah, A.I. &
Squires, T.M. 2015 Direct measurements of colloidal solvophoresis under imposed solvent
and solute gradients. Langmuir 31 (15), 4402–4410.

Peng, Z. & Brady, J.F. 2020 Upstream swimming and Taylor dispersion of active brownian
particles. Physical Review Fluids 5 (7), 073102.

Peters, W.S., Jensen, K.H., Stone, H.A. & Knoblauch, M. 2021 Plasmodesmata and the
problems with size: interpreting the confusion. Journal of Plant Physiology 257, 153341.

Prieve, D.C., Anderson, J.L., Ebel, J.P. & Lowell, M.E. 1984 Motion of a particle
generated by chemical gradients. part 2. electrolytes. Journal of Fluid Mechanics 148,
247–269.

Rasmussen, M.K., Pedersen, J.N. & Marie, R. 2020 Size and surface charge characterization
of nanoparticles with a salt gradient. Nature Communications 11 (1), 1–8.

Raynal, F. & Volk, R. 2019 Di↵usiophoresis, batchelor scale and e↵ective péclet numbers.
Journal of Fluid Mechanics 876, 818–829.

Seo, M., Park, S., Lee, D., Lee, H. & Kim, S.J. 2020 Continuous and spontaneous
nanoparticle separation by di↵usiophoresis. Lab on a Chip 20, 4118–4127.

Shi, N., Nery-Azevedo, R., Abdel-Fattah, A.I. & Squires, T.M. 2016 Di↵usiophoretic
focusing of suspended colloids. Physical Review Letters 117 (25), 258001.

Shimokusu, T.J., Maybruck, V.G., Ault, J.T. & Shin, S. 2019 Colloid separation by CO2-
induced di↵usiophoresis. Langmuir 36 (25), 7032–7038.

Shin, S. 2020 Di↵usiophoretic separation of colloids in microfluidic flows. Physics of Fluids
32 (10), 101302.

Shin, S., Ault, J.T., Feng, J., Warren, P.B. & Stone, H.A. 2017 Low-cost zeta
potentiometry using solute gradients. Advanced Materials 29 (30), 1701516.

Shin, S., Um, E., Sabass, B., Ault, J.T., Rahimi, M., Warren, P.B. & Stone, H.A. 2016
Size-dependent control of colloid transport via solute gradients in dead-end channels.
Proceedings of the National Academy of Sciences 113 (2), 257–261.

Singh, N., Vladisavljević, G.T., Nadal, F., Cottin-Bizonne, C., Pirat, C. &
Bolognesi, G. 2020 Reversible trapping of colloids in microgrooved channels via steady-
state solute gradients. Physical Review Letters 125 (24), 248002.

Stone, H.A. & Brenner, H. 1999 Dispersion in flows with streamwise variations of mean
velocity: radial flow. Industrial & Engineering Chemistry Research 38 (3), 851–854.

Taylor, G.I. 1953 Dispersion of soluble matter in solvent flowing slowly through a tube.
Proceedings of the Royal Society of London. Series A. Mathematical and Physical Sciences
219 (1137), 186–203.

Velegol, D., Garg, A., Guha, R., Kar, A. & Kumar, M. 2016 Origins of concentration
gradients for di↵usiophoresis. Soft Matter 12 (21), 4686–4703.

Williams, I., Lee, S., Apriceno, A., Sear, R.P. & Battaglia, G. 2020 Di↵usioosmotic
and convective flows induced by a nonelectrolyte concentration gradient. Proceedings of
the National Academy of Sciences 117 (41), 25263–25271.

Wilson, J.L., Shim, S., Yu, Y.E., Gupta, A. & Stone, H.A. 2020 Di↵usiophoresis in
multivalent electrolytes. Langmuir .

Yang, D., Jennings, A.D., Borrego, E., Retterer, S.T. & Männik, J. 2018 Analysis



24 B. M. Alessio, S. Shim, A. Gupta, and H. A. Stone

of factors limiting bacterial growth in pdms mother machine devices. Frontiers in
Microbiology 9.


