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Abstract

We introduce a new logic, called Temporal Cohort Logic (TCL), for cohort specification and discovery in clinical and
population health research. TCL is created to fill a conceptual gap in formalizing temporal reasoning in biomedicine,
in a similar role that temporal logics play for computer science and its applications. We provide formal syntax and
semantics for TCL and illustrate the various logical constructs using examples related to human health. Relationships
and distinctions with existing temporal logical frameworks are discussed. Applications in electronic health record
(EHR) and in neurophysiological data resource are provided. Our approach differs from existing temporal logics, in
that we explicitly capture Allen’s interval algebra as modal operators in a language of temporal logic (rather than
addressing it in the semantic structure). This has two major implications. First, it provides a formal logical frame-
work for reasoning about time in biomedicine, allowing general (i.e., higher-levels of abstraction) investigation into
the properties of this approach (such as proof systems, completeness, expressiveness, and decidability) independent of
a specific query language or a database system. Second, it puts our approach in the context of logical developments in
computer science, allowing potential translation of existing results into the setting of TCL and its variants or subsys-
tems so as to illuminate opportunities and computational challenges involved in temporal reasoning for biomedicine.

1 Introduction

Discovery in life science today is being enabled through computational- and data-intensive research that exploits the
enormous amounts of available biomedical and health data. Real-world data (RWD) such as electronic health record
(EHR) offer tremendous opportunities for human health research. Such opportunities include traditional retrospective
analyses for identifying risk profiles, revealing health disparities, and understanding long-term health implications.
Recent advances in data science and machine learning open further opportunities in areas such as clinical decision
support, outcome predication, drug repurposing, and poly-pharmacy [1, 2].

The Office of National Coordinator for Health Information Technology reports that, between 2008 and 2015, the
adoption of basic EHR technology in the United States rose from about 10 to over 80 percent [3]. To leverage RWD
for research, academic medical centers created and maintain Enterprise Data Warehouses (EDWs) or integrated clinical
data repositories (IDRs) combining multiple facets of data generated from patient care into a “single source of truth.”
Cohort discovery is the process involved in identifying and extracting data on subgroups of patients from an IDR that
are suited for generating real-world evidence (RWE) from RWD to support study objectives. This process is often
supported by query engines with a graphical user interface (e.g., [4, 5] designed to ease the effort involved in data
exploration without requiring the knowledge about how the backend data are stored and managed.

Temporal query, an important aspect of cohort discovery, has not been the traditional focus of query interfaces [6].
Temporal queries on large EHR-derived datasets presents an emerging big data challenge, since they can be concep-
tually complex and computationally expensive. For example, queries such as “finding all patients who developed
neurologic complications after extracorporeal membrane oxygenation for Covid-19,” or “finding all patients who did
not have any cardiovascular condition before positive Covid-19 diagnosis” involve complex temporal reasoning for
them to be faithfully translated into database queries.

There is, however, a lack of formalized temporal logic frameworks that can readily serve as a logical foundation for
temporal reasoning involve RWD for clinical and population health research. The wealth of achievements in logics
for computer science since the 70’s have focused on the specification and verification of properties of computational
systems and processes. For the most part, these achievements are not directly applicable to the emerging area of
applying RWD for clinical and population health research.

The goal of this paper is to introduce Temporal Cohort Logic (TCL) as a starting point to fill this gap, with demonstra-
tive application use cases. Our overall conceptual setup involves the treatment of

• Clinical terminologies and codes for documenting patient care as atomic propositional variables for TCL syntax;

• Patient medical histories as semantic structures;
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• Operators in Allen’s interval algebra (e.g. “before,” “during” [7]) as temporal modalities in TCL;

• Our model of time correspond to “discrete linear time,” although alternative models are possible if needed; and

• The computational challenge shifts from “model-checking” an individual, complex model to model-checking
massive amounts of simple models (one may call this “massive model-checking”).

Figure 1 illustrates how a patient’s clinical history (above) can be lined up using natural numbers (below) in the abstract
sense. Here, the granularity of time is days, although more refined time scale (e.g. seconds) can be treated in similar
ways as application context warrants, without losing generality.
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Figure 1: Above: timeline display from a patient’s clinical
record in an EHR. The number of records on each day is
displayed. Below: projection of such a record in a discrete,
linear-time axis.

The main contributions of this paper are: 1. we introduce Tem-
poral Cohort Logic to fill a conceptual gap in formalizing tem-
poral reasoning in biomedicine; 2. we provide a formal treat-
ment of the syntax and semantics for TCL, which incorporates
Allen’s temporal operators as modalities in the logic; 3. we in-
stantiate TCL in the application temporal query interfaces in-
volving EHR and neurophysiological data; and 4. we discuss
the implications of TCL in relationship to recent data science
challenges and advances.

These contributions have two major implications. First, TCL
allows general (i.e., higher-levels of abstraction) investigation
into the properties of this framework independent of a spe-
cific query language or a database system. Second, it puts our
approach in the context of logical developments in computer
science (from the 70’s to date), allowing the translation of ex-
isting results into the setting of TCL and its variants or subsys-
tems so as to illuminate possible further advances in temporal
reasoning for biomedicine.

2 Background

2.1 Temporal Logic

Temporal logic is a type of modal logic [8, 9] which has been
extensively developed and applied in computer science for
specifying and verifying properties about sequential and con-
current programs and systems [10, 11, 12, 13] . It has also
been used as a formalism for clarifying philosophical issues,
for investigating the semantics of temporal expressions in nat-
ural languages, and for capturing temporal knowledge in artificial intelligence.

The basic modality of temporal logic include time-related operators such “sometimes” (♦ in notation) and “always”
(� in notation). Many other types of modalities have been used for formal representation and reasoning about time
and temporal information within a logical framework, such as “next time” and “until.” First-order and higher-order
extensions further increases the expressive power.

The precise meaning of formulas in temporal logics are reflected in their formal semantics, usually interpreted in
mathematical structures such as Kripke frames, labeled transition systems, or automata [9, 11]. Nodes (or states) in
such structures represent basic temporal units (as a time point or time interval) and temporal changes are captured as
relations among the states. Different modal operators in syntax, coupled with different classes of semantic structures
allow a rich variety of temporal logics that include Interval temporal logic (ITL [14]), Linear temporal logic (LTL [15]),
Hennessy-Milner logic (HML [17]), and Timed propositional temporal logic (TPTL [18]). An important question in
temporal logic, which has had industrial applications in hardware design, is model checking [12, 13]. Model-checking
is concerned with efficient algorithms verifying that a certain hardware design (represented as a semantic structure
M) meets intended properties (represented as a temporal logic formula ϕ), expressed asM |= ϕ.
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M e ets B ef or e St art e d -b y

Fi nis h e d -b y C o nt ai n s O v erl a ps

Fi g ur e 2: Ill ustr ati o n of All e n’s cl assi c al t e m p or al r el ati o ns b et w e e n i nt er v als ( pi ct ur e d i n bl a c k a n d i n bl u e) o n t h e r e al li n e.

2. 2  All e n’s I nt e r v al Al g e b r a a n d H al p e r n- S h o h a m L o gi c

All e n’s I nt er v al Al g e br a ( Fi g ur e 2 [ 7]) is m oti v at e d wit h t h e n e e d f or AI s yst e ms t o m o d el s p a c e a n d ti m e i n a q u ali-
t ati v e, h u m a n-li k e, m a n n er. T h e b asi c u nit of t h e al g e br a is i nt er v als o n t h e r e al li n e, w hi c h c a n r e pr es e nt t h e d ur ati o n
of e v e nts, t as ks, or a cti o ns o v er ti m e. T his al g e br a f or m ali z es r el ati o ns s u c h as pr e c e d es (i. e., b ef or e) a n d o v erl a ps
t o e n c o d e t h e p ossi bl e c o n fi g ur ati o ns b et w e e n t h os e i nt er v als. All e n’s I nt er v al Al g e br a h as b e e n us e d pri m aril y as a
q u alit ati v e c o nstr ai nt l a n g u a g es, wit h a p pli c ati o ns t h at i n v ol v e pl a n ni n g a n d s c h e d uli n g, n at ur al l a n g u a g e pr o c essi n g,
t e m p or al d at a b as es, a n d m ulti m e di a d at a b as es.

H al p er n- S h o h a m l o gi c ( H S [ 1 9]) is p er h a ps t h e o nl y e xisti n g, b ut w ell- k n o w n, l o gi c al fr a m e w or k t h at i n c or p or at es
All e n’s I nt er v al Al g e br a as a f or m al c o m p o n e nt of t h e l o gi c. H S c o nt ai ns m o d al o p er at ors r e pr es e nti n g All e n’s bi n ar y
r el ati o ns b et w e e n i nt er v als t h at i n cl u d e: b e gi ns ( B), d uri n g ( D), e n ds ( E), o v erl a ps ( O), a dj a c e nt t o ( A), l at er t h a n ( L),
a n d t h eir c o n v ers es. F or e x a m pl e, < B > ϕ r e a ds t h at “t h er e is a n i nt er v al b e gi n ni n g t h e c urr e nt i nt er v al, i n w hi c h ϕ
h ol ds.” T h er ef or e, t h e b asi c b uil di n g bl o c k of r e as o ni n g i n H S l o gi c is a n i nt er v al.

T h e Te m p or al C o h ort L o gi c i ntr o d u c e d i n t his p a p er, alt h o u g h als o c a pt uri n g All e n’s n oti o n of i nt er v al r el ati o ns, is
disti n ct fr o m H S i n s e v er al m aj or w a ys. First a n d p er h a ps m ost i m p ort a nt, w e d o n ot e nf or c e “i nt er v als ” as t h e b asi c
u nit of t h o u g ht. I nst e a d, w e us e dis cr et e li n e ar ti m e, t h e m ost c o m m o nl y us e d ti m e m o d el, as t h e b asi c u nit of o ur
l o gi c al fr a m e w or k. S e c o n d, m oti v at e d b y E H R a n d R W D a p pli c ati o ns, ti m e-i nt er v als ar e n ot t h e “ first- cl ass citi z e n ”
of o ur s e m a nti c m o d el. I nst e a d, it is at t h e d eri v e d, m o n o c hr o m ati c s u bstr u ct ur e l e v el, t h at w e d es cri b e All e n’s i nt er v al
r el ati o ns. T hir d, t h e pri m ar y q u esti o n a b o ut T C L is n ot “s atis fi a bilit y ” or “ m o d el- c h e c ki n g.” I nst e a d, m oti v at e d fr o m
p o p ul ati o n h e alt h a n d bi o m e di c al a p pli c ati o ns, w e ar e i nt er est e d i n s p e cif yi n g a n d e xtr a cti n g c o h orts ( h e n c e t h e n a m e
C o h ort L o gi c) fr o m R W D t h at c a n s er v e st u d y o bj e cti v es. T h er ef or e, w e tr e at e a c h st u d y s u bj e ct ( or d at a r e c or d) as a
s e m a nti c str u ct ur e σ , a n d gl o b all y c h e c k if σ s atis fi es ϕ (i. e., σ |= ϕ ?), i nst e a d of f o c usi n g o n a s p e ci fi c ti m e p oi nt t if
a st u d y s u bj e ct’s m e di c al hist or y s atis fi es t h e pr o p erti es s p e ci fi e d i n a T C L f or m ul a (i. e, (σ, t ) |= ϕ ?). T h e c oll e cti o n
of all st u d y s u bj e cts t h at s atis fi es ϕ f or ms a c o h ort s et [[ϕ ]], d e fi n e d as { σ | σ |= ϕ } .

2. 3  E H R D at a, T h ei r D at a M o d els a n d Q u e r y I nt e rf a c es

El e ctr o ni c h e alt h r e c or d r e pr es e nts a v al u a bl e d at a s o ur c e t h at c a n f a cilit at e cli ni c al a n d p o p ul ati o n r es e ar c h. T y pi c al
E H R d at a c o nt ai n fi v e t y p es of c or e h e alt h c ar e e n c o u nt er i nf or m ati o n a b o ut a p ati e nt: d e m o gr a p hi cs, di a g n osis,
m e di c ati o n, l a b t est, a n d pr o c e d ur e. It pr o vi d es a vi e w of t h e h e alt h c ar e e n c o u nt er a cti viti es of a n i n di vi d u al t o
f a cilit at e t h e d eli v er y of c ar e b y p h ysi ci a ns a n d ot h er pr of essi o n als.

B ef or e s u c h d at a c a n b e eff e cti v el y us e d f or r es e ar c h, a n E xtr a ct, Tr a nsf or m a n d L o a d ( E T L) pr o c ess is oft e n i n v ol v e d
i n tr a nsf or mi n g a n d i nt e gr ati n g d at a fr o m m ulti pl e i nf or m ati o n s yst e ms i n a c o m m o n t ar g et d at a m o d el, e x e m pli fi e d
b y i 2 B 2, P C O R N et, or O M O P. T h er e h a v e b e e n s yst e ms d e v el o p e d f or q u er yi n g l o n git u di n al cli ni c al d at a s o ur c es
usi n g s u c h d at a m o d els, s u c h as Tri N et X, Atl as f or c o h ort g e n er ati o n wit h st a n d ar di z e d o bs er v ati o n al d at a c o n v ert e d
t o t h e O M O P C o m m o n D at a M o d el [ 2 0], L e af [ 2 1], a n d G E N E 2 D f or g e n eti c dis or d ers d at a [ 2 2]. O nt ol o g y- dri v e n
i nt erf a c es i n cl u d e VI S A G E [ 2 3], M E D CI S [ 2 4], D at a S p h er e [ 5], x-s e ar c h [ 2 5], a n d A C E [ 2 6].

H o w e v er, s u p p ort f or t e m p or al q u er y r e m ai ns s e v er el y u n d er d e v el o p e d i n t his c o nt e xt. A k e y c h all e n g e is a g a p i n
c o n c e pt u al fr a m e w or k: al m ost all e xisti n g a p pr o a c h es i n v ol v e a dir e ct tr a nsl ati o n of fr o nt- e n d q u er y s p e ci fi c ati o n t o
d at a b as e q u eri es. A hi g h er-l e v el, l o gi c al s yst e m is n e e d e d t o s yst e m ati c all y a n d u nif or ml y m e di at e t his tr a nsl ati o n
w hil e pr o vi di n g a c o m m o n f or m al l a n g u a g e s u p p orti n g t e m p or al e x pr essi o n a n d r e as o ni n g.
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The Temporal Cohort Logic introduced in this paper serves to fill this gap. It uses the core healthcare encounter
information mentioned above as the basic building block: diagnosis, medication, lab test, and procedure are treated
in TCL as sets of atomic propositional variables. Demographics can also be treated as atomic propositional variables
(with age derived from date of birth), with the unique property that demographic attributes of a patient are assumed to
not change overtime. By modeling of each patient’s EHR history as a semantic structure for TCL, we can determine,
at each given time, if a diagnosis, medication, lab test, or procedure holds true or not according to their role as
propositional variables. This treatment is further facilitated by the fact that controlled vocabularies have been used for
EHR. For example, ICD-10 has been used for diagnosis, National Drug Code (NDC) has been used for medication,
CPT code has been used for procedure, and LOINC has been used for lab test. Such codes have been further mapped
into more comprehensive terminology systems such as SNOMED CT, as well as in larger ontological systems such as
Unified Medical Language System, making it possible to formulate TCL propositions at different levels of granularity
and incorporating background knowledge to facilitate logical inference.

3 Methods

Our overall formulation of Temporal Cohort Logic follows the Tarskian style. It has three main components: (1) An
abstract syntax that defines the well-formed logical formulas ϕ; (2) A class of mathematical structures describing the
semantic space (or frame, or structure M) that the logical formula can be evaluated for its truth status; and (3) A
satisfaction relation which specifies exactly when a state in a semantic structure holds true (M, σ) |= ϕ.

3.1 Syntax

Example temporal formulas that TCL is designed to capture include: “Diagnoses of COVID-19 by PCR test before
COVID-19 vaccination,” “ICU stay during hospitalization,” and “Intracerebral hemorrhage started by heart attack.”

Neurophysiological examples include

Administration of Ativan, Lorazepam, or Diazepam after end of seizure,
Observation of Sign of Four during a seizure, and
Generalized tonic phase followed by a clonic phase during a seizure, and EEG suppression after the end of seizure.

Formally, TCL formulas are defined using Backus-Naur Form (BNF), a concise description of a context-free grammar:

ϕ,ψ ::= p | ¬ϕ | ϕ ∧ ψ | ϕ ∨ ψ | ϕXψ

Atomic formulas p are drawn from a predefined finite set Var of atomic propositional variables (p ∈ Var). Binary
temporal operators X are drawn from the collection {A, L,B,E,D,O}, with respective intended denotations as: A
for “meets,” L for “before,” B for “started-by,” E for “finished-by,” D for “contains,” and O for “overlaps.” To both
relate to and differentiate from HS logic, we use the same temporal modalities syntactically. Classical boolean logic
operators are included in the syntax: ¬ for “not” or negation; ∧ for “and” or conjunction; and ∨ for “or”, or disjunction.

For example, “Intracerebral hemorrhage started by heart attack” is expressed by I61 B I219, where I61 is the ICD-
10 code “nontraumatic intracerebral hemorrhage,” and I219 is the ICD-10 code for “acute myocardial infarction.”

A few remarks are in order. First, the BNF notation implies that arbitrary numbers of nesting of logical and temporal
modalities are allowed. For example, (p ∧ q)E((qAr) ∨ (pD¬r)) is a well-formed formula for TCL, although what it
intends to capture is a different matter. Second, while our temporal modalities are binary (in the form ϕXψ), HS logic
uses unary modalities in the form Xψ, intended for an existing interval in the semantic structure to be evaluated with
respect to an interval satisfying ψ. Third, binary temporal modalities have been previous studied, such as ϕUψ for ϕ
“until” ψ, although not for Allen’s operators.

3.2 Formal Semantics

To capture the formal semantics of TCL, we describe the mathematical structures in which TCL formulas can be
interpreted or evaluated. Our notion of time is discrete linear time, defined using order-theoretic properties. An
ordered set (D,≤) is linear if it is a total order, in which for any two elements x, y, either x ≤ y, or y ≤ x. It is
discrete in the sense that each element has a successor (called next-time). We consider (D,≤) to be well-founded, in
the sense that there is a minimal element in D (without predecessor), although this is only a matter of convenience.
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Without loss of generality, we define a semantic structure to be a mapping σ : N→ 2Var (called an assignment) where
N = {1, 2, 3, · · · , t, · · · } is the set of natural numbers (a prototypical well-founded discrete, total order), and 2Var

is the power set of atomic propositions. Intuitively, each σ corresponds to a sequence of finite subsets (empty set
allowed) over Var: V1, V2, · · · , Vt, · · · , which represents a patient’s medical history or other study item’s recorded
properties over time. We deliberately avoided tying time unit to elements of N, although for EHR we can use “days”
as the unit, and for EEG signals we can think of it as “seconds.” Different application contexts may suggest different
types of temporal units.

With these preparation, the meaning of TCL formulas can be specified as follows with respect to σ and t ∈ N. For the
component of propositional logic, we define, as usual (the “if” part suffices in a definition):

(σ, t) |= p if and only if p ∈ σ(t);
(σ, t) |= ¬ϕ if and only if (σ, t) 6|= ϕ;
(σ, t) |= ϕ ∧ ψ if and only if (σ, t) |= ϕ and (σ, t) |= ψ; and
(σ, t) |= ϕ ∨ ψ if and only if (σ, t) |= ϕ or (σ, t) |= ψ.

As usual, one can encode logical implication → as ϕ → ψ := ¬ϕ ∨ ψ. For temporal operators, we specify their
semantics by establishing the relation |= between (σ, s) and TCL formulas, inductively, as follows (see Figure 3 for
graphical illustration).

Meets: (σ, s) |= ϕAψ if there exist t0 > s ∈ N such that (σ, t0) |= ϕ, (σ, t0 + 1) |= ψ, and

for any t > s ∈ N, if (σ, t) |= ϕ then t ≤ t0; and
for any t > s ∈ N, if (σ, t) |= ψ then t ≥ t0 + 1.

Before: (σ, s) |= ϕ Lψ if there exist t0, t1 ∈ N with s < t0 < t1 and (σ, t0) |= ϕ, (σ, t1) |= ψ, such that

for any t > s ∈ N, if (σ, t) |= ϕ then t ≤ t0; and
for any t > s ∈ N, if (σ, t) |= ψ then t ≥ t1.

Started-by: (σ, s) |= ϕBψ if there exist t1 > s ∈ N with (σ, t1) |= ϕ ∧ ψ such that

for any t > s ∈ N, (σ, t) |= ψ → ϕ; and
for any t < t1 ∈ N, (σ, t) |= ϕ→ ψ.

Finished-by: (σ, s) |= ϕEψ if there exist t0 > s ∈ N with (σ, t0) |= ϕ ∧ ψ, such that

for any t > s ∈ N, (σ, t) |= ψ → ϕ; and
for any t > t0 ∈ N, (σ, t) |= ϕ→ ψ.

Contains: (σ, s) |= ϕDψ if there exist t0 > s ∈ N with (σ, t0) |= ψ, such that for any t > s ∈ N, (σ, t) |= ψ → ϕ.

Overlaps: (σ, s) |= ϕOψ if there exist t0 > s ∈ N with (σ, t0) |= ϕ ∧ ψ such that

for any t > t0 ∈ N, (σ, t) |= ϕ→ ψ; and
for any t < t0 ∈ N, (σ, t) |= ψ → ϕ.

The intended semantics of these TCL modal operators can be understood as Allen’s interval relations on the monochro-
matic subgraphs induced by the respective TCL formulas (Figure 3). A subset X ⊆ N is said to be ϕ-monochromatic
with respect to σ if (σ, t) |= ϕ for all t ∈ X . A ϕ-induced monochromatic set, or ϕ-set in short and [[ϕ]]σ in notation,
is defined as the set {t ∈ N | (σ, t) |= ϕ}.

For example, the satisfaction definition for “started-by,” (σ, s) |= ϕBψ, can be interpreted as: “ϕ-set is started by
ψ-set in the cofinite segment [s,∞).” The semantic definition above ensures that within the cofinite segment [s,∞),
there exists an interval [t0, t1] such that t0 and t1 are both in [[ϕ]]σ and [[ψ]]σ; [t0, t1] ∩ [[ϕ]]σ = [t0, t1] ∩ [[ψ]]σ;
[[ψ]]σ ⊆ [[ϕ]]σ , and [s, t0) ∩ [[ϕ]]σ as well as [s, t0) ∩ [[ψ]]σ are both empty. Similar induced monochromatic set
interpretations are possible for other temporal operators.

The key distinction from the interpretation of Allen’s interval operator or HS logic is that we do not require ϕ-set to
be consecutive (or closed), in the sense that if t falls in between two members in [[ϕ]]σ , it is not necessarily the case
that t is also a member in [[ϕ]]σ . Intuitively, [[ϕ]]σ can be “porous,” to reflect the general situation of non-consecutive
events of the same kind taking place, sometimes sporadically, overtime.
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<latexit sha1_base64="Ork8C09ZsRFIeIIHK5fWHY/LnMs=">AAAB63icbVDLSgNBEOz1GeMr6lGRwSB4Crsi6jHoxWMC5gHJEmYns8mQmdllZlYIS45evXhQxKv/kO/w5jf4E84mOWhiQUNR1U13VxBzpo3rfjlLyyura+u5jfzm1vbObmFvv66jRBFaIxGPVDPAmnImac0ww2kzVhSLgNNGMLjN/MYDVZpF8t4MY+oL3JMsZASbTGrHmnUKRbfkToAWiTcjxfLRuPr9eDyudAqf7W5EEkGlIRxr3fLc2PgpVoYRTkf5dqJpjMkA92jLUokF1X46uXWETq3SRWGkbEmDJurviRQLrYcisJ0Cm76e9zLxP6+VmPDaT5mME0MlmS4KE45MhLLHUZcpSgwfWoKJYvZWRPpYYWJsPHkbgjf/8iKpn5e8y9JF1aZxA1Pk4BBO4Aw8uIIy3EEFakCgD0/wAq+OcJ6dN+d92rrkzGYO4A+cjx8ULJH6</latexit>

 

<latexit sha1_base64="N1bQF1eqDfmDxCplzsJmDBdgCjc=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkqMeiF48V7Qe0oWy2m3bpZhN2J0IJ/QlePCji1V/kzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVjDdZLGPdCajhUijeRIGSdxLNaRRI3g7GtzO//cS1EbF6xEnC/YgOlQgFo2ilB+y7/XLFrbpzkFXi5aQCORr98ldvELM04gqZpMZ0PTdBP6MaBZN8WuqlhieUjemQdy1VNOLGz+anTsmZVQYkjLUthWSu/p7IaGTMJApsZ0RxZJa9mfif100xvPYzoZIUuWKLRWEqCcZk9jcZCM0ZyokllGlhbyVsRDVlaNMp2RC85ZdXSeui6l1Wa/e1Sv0mj6MIJ3AK5+DBFdThDhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzifPwcCjaQ=</latexit>

t0
<latexit sha1_base64="4mSRiAOC1HPbUsbyd7QN48TyFAA=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkqMeiF48t2FpoQ9lsN+3azSbsToQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IJHCoOt+O4W19Y3NreJ2aWd3b/+gfHjUNnGqGW+xWMa6E1DDpVC8hQIl7ySa0yiQ/CEY3878hyeujYjVPU4S7kd0qEQoGEUrNbFfrrhVdw6ySrycVCBHo1/+6g1ilkZcIZPUmK7nJuhnVKNgkk9LvdTwhLIxHfKupYpG3PjZ/NApObPKgISxtqWQzNXfExmNjJlEge2MKI7MsjcT//O6KYbXfiZUkiJXbLEoTCXBmMy+JgOhOUM5sYQyLeythI2opgxtNiUbgrf88ippX1S9y2qtWavUb/I4inACp3AOHlxBHe6gAS1gwOEZXuHNeXRenHfnY9FacPKZY/gD5/MH4xeNAQ==</latexit>

t

<latexit sha1_base64="4mSRiAOC1HPbUsbyd7QN48TyFAA=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkqMeiF48t2FpoQ9lsN+3azSbsToQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IJHCoOt+O4W19Y3NreJ2aWd3b/+gfHjUNnGqGW+xWMa6E1DDpVC8hQIl7ySa0yiQ/CEY3878hyeujYjVPU4S7kd0qEQoGEUrNbFfrrhVdw6ySrycVCBHo1/+6g1ilkZcIZPUmK7nJuhnVKNgkk9LvdTwhLIxHfKupYpG3PjZ/NApObPKgISxtqWQzNXfExmNjJlEge2MKI7MsjcT//O6KYbXfiZUkiJXbLEoTCXBmMy+JgOhOUM5sYQyLeythI2opgxtNiUbgrf88ippX1S9y2qtWavUb/I4inACp3AOHlxBHe6gAS1gwOEZXuHNeXRenHfnY9FacPKZY/gD5/MH4xeNAQ==</latexit>

t

<latexit sha1_base64="bxOprab7PZ3NYj9lgTqUs5KPTJ8=">AAAB7nicbVDLSgNBEOyNrxhfUY+KDAbBU9gVUY9BLx4TMA9IljA7mU2GzM4OM7OBsOToB3jxoIhXPyHf4c1v8CecPA6aWNBQVHXT3RVIzrRx3S8ns7K6tr6R3cxtbe/s7uX3D2o6ThShVRLzWDUCrClnglYNM5w2pKI4CjitB/27iV8fUKVZLB7MUFI/wl3BQkawsVK9NcBK9lg7X3CL7hRomXhzUigdjyvfjyfjcjv/2erEJImoMIRjrZueK42fYmUY4XSUayWaSkz6uEublgocUe2n03NH6MwqHRTGypYwaKr+nkhxpPUwCmxnhE1PL3oT8T+vmZjwxk+ZkImhgswWhQlHJkaT31GHKUoMH1qCiWL2VkR6WGFibEI5G4K3+PIyqV0UvaviZcWmcQszZOEITuEcPLiGEtxDGapAoA9P8AKvjnSenTfnfdaaceYzh/AHzscPazeTVg==</latexit>'-monochromatic

<latexit sha1_base64="Ork8C09ZsRFIeIIHK5fWHY/LnMs=">AAAB63icbVDLSgNBEOz1GeMr6lGRwSB4Crsi6jHoxWMC5gHJEmYns8mQmdllZlYIS45evXhQxKv/kO/w5jf4E84mOWhiQUNR1U13VxBzpo3rfjlLyyura+u5jfzm1vbObmFvv66jRBFaIxGPVDPAmnImac0ww2kzVhSLgNNGMLjN/MYDVZpF8t4MY+oL3JMsZASbTGrHmnUKRbfkToAWiTcjxfLRuPr9eDyudAqf7W5EEkGlIRxr3fLc2PgpVoYRTkf5dqJpjMkA92jLUokF1X46uXWETq3SRWGkbEmDJurviRQLrYcisJ0Cm76e9zLxP6+VmPDaT5mME0MlmS4KE45MhLLHUZcpSgwfWoKJYvZWRPpYYWJsPHkbgjf/8iKpn5e8y9JF1aZxA1Pk4BBO4Aw8uIIy3EEFakCgD0/wAq+OcJ6dN+d92rrkzGYO4A+cjx8ULJH6</latexit>

 -monochromatic

<latexit sha1_base64="1E6IYFYjOyTmJSzEZKu8dw2CqJA=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBZBEEoiRT0WvXisYNpCG8pmu2mXbjZhdyKU0t/gxYMiXv1B3vw3btsctPXBwOO9GWbmhakUBl332ymsrW9sbhW3Szu7e/sH5cOjpkkyzbjPEpnodkgNl0JxHwVK3k41p3EoeSsc3c381hPXRiTqEccpD2I6UCISjKKVfOy5F16vXHGr7hxklXg5qUCORq/81e0nLIu5QiapMR3PTTGYUI2CST4tdTPDU8pGdMA7lioacxNM5sdOyZlV+iRKtC2FZK7+npjQ2JhxHNrOmOLQLHsz8T+vk2F0E0yESjPkii0WRZkkmJDZ56QvNGcox5ZQpoW9lbAh1ZShzadkQ/CWX14lzcuqd1WtPdQq9ds8jiKcwCmcgwfXUId7aIAPDAQ8wyu8Ocp5cd6dj0VrwclnjuEPnM8f3nWOFA==</latexit>

t0 + 1

<latexit sha1_base64="bxOprab7PZ3NYj9lgTqUs5KPTJ8=">AAAB7nicbVDLSgNBEOyNrxhfUY+KDAbBU9gVUY9BLx4TMA9IljA7mU2GzM4OM7OBsOToB3jxoIhXPyHf4c1v8CecPA6aWNBQVHXT3RVIzrRx3S8ns7K6tr6R3cxtbe/s7uX3D2o6ThShVRLzWDUCrClnglYNM5w2pKI4CjitB/27iV8fUKVZLB7MUFI/wl3BQkawsVK9NcBK9lg7X3CL7hRomXhzUigdjyvfjyfjcjv/2erEJImoMIRjrZueK42fYmUY4XSUayWaSkz6uEublgocUe2n03NH6MwqHRTGypYwaKr+nkhxpPUwCmxnhE1PL3oT8T+vmZjwxk+ZkImhgswWhQlHJkaT31GHKUoMH1qCiWL2VkR6WGFibEI5G4K3+PIyqV0UvaviZcWmcQszZOEITuEcPLiGEtxDGapAoA9P8AKvjnSenTfnfdaaceYzh/AHzscPazeTVg==</latexit>'

<latexit sha1_base64="Ork8C09ZsRFIeIIHK5fWHY/LnMs=">AAAB63icbVDLSgNBEOz1GeMr6lGRwSB4Crsi6jHoxWMC5gHJEmYns8mQmdllZlYIS45evXhQxKv/kO/w5jf4E84mOWhiQUNR1U13VxBzpo3rfjlLyyura+u5jfzm1vbObmFvv66jRBFaIxGPVDPAmnImac0ww2kzVhSLgNNGMLjN/MYDVZpF8t4MY+oL3JMsZASbTGrHmnUKRbfkToAWiTcjxfLRuPr9eDyudAqf7W5EEkGlIRxr3fLc2PgpVoYRTkf5dqJpjMkA92jLUokF1X46uXWETq3SRWGkbEmDJurviRQLrYcisJ0Cm76e9zLxP6+VmPDaT5mME0MlmS4KE45MhLLHUZcpSgwfWoKJYvZWRPpYYWJsPHkbgjf/8iKpn5e8y9JF1aZxA1Pk4BBO4Aw8uIIy3EEFakCgD0/wAq+OcJ6dN+d92rrkzGYO4A+cjx8ULJH6</latexit>

 

<latexit sha1_base64="4mSRiAOC1HPbUsbyd7QN48TyFAA=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkqMeiF48t2FpoQ9lsN+3azSbsToQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IJHCoOt+O4W19Y3NreJ2aWd3b/+gfHjUNnGqGW+xWMa6E1DDpVC8hQIl7ySa0yiQ/CEY3878hyeujYjVPU4S7kd0qEQoGEUrNbFfrrhVdw6ySrycVCBHo1/+6g1ilkZcIZPUmK7nJuhnVKNgkk9LvdTwhLIxHfKupYpG3PjZ/NApObPKgISxtqWQzNXfExmNjJlEge2MKI7MsjcT//O6KYbXfiZUkiJXbLEoTCXBmMy+JgOhOUM5sYQyLeythI2opgxtNiUbgrf88ippX1S9y2qtWavUb/I4inACp3AOHlxBHe6gAS1gwOEZXuHNeXRenHfnY9FacPKZY/gD5/MH4xeNAQ==</latexit>

t

<latexit sha1_base64="4mSRiAOC1HPbUsbyd7QN48TyFAA=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkqMeiF48t2FpoQ9lsN+3azSbsToQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IJHCoOt+O4W19Y3NreJ2aWd3b/+gfHjUNnGqGW+xWMa6E1DDpVC8hQIl7ySa0yiQ/CEY3878hyeujYjVPU4S7kd0qEQoGEUrNbFfrrhVdw6ySrycVCBHo1/+6g1ilkZcIZPUmK7nJuhnVKNgkk9LvdTwhLIxHfKupYpG3PjZ/NApObPKgISxtqWQzNXfExmNjJlEge2MKI7MsjcT//O6KYbXfiZUkiJXbLEoTCXBmMy+JgOhOUM5sYQyLeythI2opgxtNiUbgrf88ippX1S9y2qtWavUb/I4inACp3AOHlxBHe6gAS1gwOEZXuHNeXRenHfnY9FacPKZY/gD5/MH4xeNAQ==</latexit>

t

<latexit sha1_base64="bxOprab7PZ3NYj9lgTqUs5KPTJ8=">AAAB7nicbVDLSgNBEOyNrxhfUY+KDAbBU9gVUY9BLx4TMA9IljA7mU2GzM4OM7OBsOToB3jxoIhXPyHf4c1v8CecPA6aWNBQVHXT3RVIzrRx3S8ns7K6tr6R3cxtbe/s7uX3D2o6ThShVRLzWDUCrClnglYNM5w2pKI4CjitB/27iV8fUKVZLB7MUFI/wl3BQkawsVK9NcBK9lg7X3CL7hRomXhzUigdjyvfjyfjcjv/2erEJImoMIRjrZueK42fYmUY4XSUayWaSkz6uEublgocUe2n03NH6MwqHRTGypYwaKr+nkhxpPUwCmxnhE1PL3oT8T+vmZjwxk+ZkImhgswWhQlHJkaT31GHKUoMH1qCiWL2VkR6WGFibEI5G4K3+PIyqV0UvaviZcWmcQszZOEITuEcPLiGEtxDGapAoA9P8AKvjnSenTfnfdaaceYzh/AHzscPazeTVg==</latexit>'-monochromatic

<latexit sha1_base64="Ork8C09ZsRFIeIIHK5fWHY/LnMs=">AAAB63icbVDLSgNBEOz1GeMr6lGRwSB4Crsi6jHoxWMC5gHJEmYns8mQmdllZlYIS45evXhQxKv/kO/w5jf4E84mOWhiQUNR1U13VxBzpo3rfjlLyyura+u5jfzm1vbObmFvv66jRBFaIxGPVDPAmnImac0ww2kzVhSLgNNGMLjN/MYDVZpF8t4MY+oL3JMsZASbTGrHmnUKRbfkToAWiTcjxfLRuPr9eDyudAqf7W5EEkGlIRxr3fLc2PgpVoYRTkf5dqJpjMkA92jLUokF1X46uXWETq3SRWGkbEmDJurviRQLrYcisJ0Cm76e9zLxP6+VmPDaT5mME0MlmS4KE45MhLLHUZcpSgwfWoKJYvZWRPpYYWJsPHkbgjf/8iKpn5e8y9JF1aZxA1Pk4BBO4Aw8uIIy3EEFakCgD0/wAq+OcJ6dN+d92rrkzGYO4A+cjx8ULJH6</latexit>

 -monochromatic

Meets Before

Started-by Finished-by

<latexit sha1_base64="bxOprab7PZ3NYj9lgTqUs5KPTJ8=">AAAB7nicbVDLSgNBEOyNrxhfUY+KDAbBU9gVUY9BLx4TMA9IljA7mU2GzM4OM7OBsOToB3jxoIhXPyHf4c1v8CecPA6aWNBQVHXT3RVIzrRx3S8ns7K6tr6R3cxtbe/s7uX3D2o6ThShVRLzWDUCrClnglYNM5w2pKI4CjitB/27iV8fUKVZLB7MUFI/wl3BQkawsVK9NcBK9lg7X3CL7hRomXhzUigdjyvfjyfjcjv/2erEJImoMIRjrZueK42fYmUY4XSUayWaSkz6uEublgocUe2n03NH6MwqHRTGypYwaKr+nkhxpPUwCmxnhE1PL3oT8T+vmZjwxk+ZkImhgswWhQlHJkaT31GHKUoMH1qCiWL2VkR6WGFibEI5G4K3+PIyqV0UvaviZcWmcQszZOEITuEcPLiGEtxDGapAoA9P8AKvjnSenTfnfdaaceYzh/AHzscPazeTVg==</latexit>'

<latexit sha1_base64="Ork8C09ZsRFIeIIHK5fWHY/LnMs=">AAAB63icbVDLSgNBEOz1GeMr6lGRwSB4Crsi6jHoxWMC5gHJEmYns8mQmdllZlYIS45evXhQxKv/kO/w5jf4E84mOWhiQUNR1U13VxBzpo3rfjlLyyura+u5jfzm1vbObmFvv66jRBFaIxGPVDPAmnImac0ww2kzVhSLgNNGMLjN/MYDVZpF8t4MY+oL3JMsZASbTGrHmnUKRbfkToAWiTcjxfLRuPr9eDyudAqf7W5EEkGlIRxr3fLc2PgpVoYRTkf5dqJpjMkA92jLUokF1X46uXWETq3SRWGkbEmDJurviRQLrYcisJ0Cm76e9zLxP6+VmPDaT5mME0MlmS4KE45MhLLHUZcpSgwfWoKJYvZWRPpYYWJsPHkbgjf/8iKpn5e8y9JF1aZxA1Pk4BBO4Aw8uIIy3EEFakCgD0/wAq+OcJ6dN+d92rrkzGYO4A+cjx8ULJH6</latexit>

 

<latexit sha1_base64="N1bQF1eqDfmDxCplzsJmDBdgCjc=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkqMeiF48V7Qe0oWy2m3bpZhN2J0IJ/QlePCji1V/kzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVjDdZLGPdCajhUijeRIGSdxLNaRRI3g7GtzO//cS1EbF6xEnC/YgOlQgFo2ilB+y7/XLFrbpzkFXi5aQCORr98ldvELM04gqZpMZ0PTdBP6MaBZN8WuqlhieUjemQdy1VNOLGz+anTsmZVQYkjLUthWSu/p7IaGTMJApsZ0RxZJa9mfif100xvPYzoZIUuWKLRWEqCcZk9jcZCM0ZyokllGlhbyVsRDVlaNMp2RC85ZdXSeui6l1Wa/e1Sv0mj6MIJ3AK5+DBFdThDhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzifPwcCjaQ=</latexit>

t0

<latexit sha1_base64="N1bQF1eqDfmDxCplzsJmDBdgCjc=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkqMeiF48V7Qe0oWy2m3bpZhN2J0IJ/QlePCji1V/kzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVjDdZLGPdCajhUijeRIGSdxLNaRRI3g7GtzO//cS1EbF6xEnC/YgOlQgFo2ilB+y7/XLFrbpzkFXi5aQCORr98ldvELM04gqZpMZ0PTdBP6MaBZN8WuqlhieUjemQdy1VNOLGz+anTsmZVQYkjLUthWSu/p7IaGTMJApsZ0RxZJa9mfif100xvPYzoZIUuWKLRWEqCcZk9jcZCM0ZyokllGlhbyVsRDVlaNMp2RC85ZdXSeui6l1Wa/e1Sv0mj6MIJ3AK5+DBFdThDhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzifPwcCjaQ=</latexit>

t0

<latexit sha1_base64="4mSRiAOC1HPbUsbyd7QN48TyFAA=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkqMeiF48t2FpoQ9lsN+3azSbsToQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IJHCoOt+O4W19Y3NreJ2aWd3b/+gfHjUNnGqGW+xWMa6E1DDpVC8hQIl7ySa0yiQ/CEY3878hyeujYjVPU4S7kd0qEQoGEUrNbFfrrhVdw6ySrycVCBHo1/+6g1ilkZcIZPUmK7nJuhnVKNgkk9LvdTwhLIxHfKupYpG3PjZ/NApObPKgISxtqWQzNXfExmNjJlEge2MKI7MsjcT//O6KYbXfiZUkiJXbLEoTCXBmMy+JgOhOUM5sYQyLeythI2opgxtNiUbgrf88ippX1S9y2qtWavUb/I4inACp3AOHlxBHe6gAS1gwOEZXuHNeXRenHfnY9FacPKZY/gD5/MH4xeNAQ==</latexit>

t

<latexit sha1_base64="4mSRiAOC1HPbUsbyd7QN48TyFAA=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkqMeiF48t2FpoQ9lsN+3azSbsToQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IJHCoOt+O4W19Y3NreJ2aWd3b/+gfHjUNnGqGW+xWMa6E1DDpVC8hQIl7ySa0yiQ/CEY3878hyeujYjVPU4S7kd0qEQoGEUrNbFfrrhVdw6ySrycVCBHo1/+6g1ilkZcIZPUmK7nJuhnVKNgkk9LvdTwhLIxHfKupYpG3PjZ/NApObPKgISxtqWQzNXfExmNjJlEge2MKI7MsjcT//O6KYbXfiZUkiJXbLEoTCXBmMy+JgOhOUM5sYQyLeythI2opgxtNiUbgrf88ippX1S9y2qtWavUb/I4inACp3AOHlxBHe6gAS1gwOEZXuHNeXRenHfnY9FacPKZY/gD5/MH4xeNAQ==</latexit>

t

<latexit sha1_base64="bxOprab7PZ3NYj9lgTqUs5KPTJ8=">AAAB7nicbVDLSgNBEOyNrxhfUY+KDAbBU9gVUY9BLx4TMA9IljA7mU2GzM4OM7OBsOToB3jxoIhXPyHf4c1v8CecPA6aWNBQVHXT3RVIzrRx3S8ns7K6tr6R3cxtbe/s7uX3D2o6ThShVRLzWDUCrClnglYNM5w2pKI4CjitB/27iV8fUKVZLB7MUFI/wl3BQkawsVK9NcBK9lg7X3CL7hRomXhzUigdjyvfjyfjcjv/2erEJImoMIRjrZueK42fYmUY4XSUayWaSkz6uEublgocUe2n03NH6MwqHRTGypYwaKr+nkhxpPUwCmxnhE1PL3oT8T+vmZjwxk+ZkImhgswWhQlHJkaT31GHKUoMH1qCiWL2VkR6WGFibEI5G4K3+PIyqV0UvaviZcWmcQszZOEITuEcPLiGEtxDGapAoA9P8AKvjnSenTfnfdaaceYzh/AHzscPazeTVg==</latexit>'-monochromatic
<latexit sha1_base64="Ork8C09ZsRFIeIIHK5fWHY/LnMs=">AAAB63icbVDLSgNBEOz1GeMr6lGRwSB4Crsi6jHoxWMC5gHJEmYns8mQmdllZlYIS45evXhQxKv/kO/w5jf4E84mOWhiQUNR1U13VxBzpo3rfjlLyyura+u5jfzm1vbObmFvv66jRBFaIxGPVDPAmnImac0ww2kzVhSLgNNGMLjN/MYDVZpF8t4MY+oL3JMsZASbTGrHmnUKRbfkToAWiTcjxfLRuPr9eDyudAqf7W5EEkGlIRxr3fLc2PgpVoYRTkf5dqJpjMkA92jLUokF1X46uXWETq3SRWGkbEmDJurviRQLrYcisJ0Cm76e9zLxP6+VmPDaT5mME0MlmS4KE45MhLLHUZcpSgwfWoKJYvZWRPpYYWJsPHkbgjf/8iKpn5e8y9JF1aZxA1Pk4BBO4Aw8uIIy3EEFakCgD0/wAq+OcJ6dN+d92rrkzGYO4A+cjx8ULJH6</latexit>

 -monochromatic

<latexit sha1_base64="2gUKM8xh6wWEJDe6v1gIyww8gmo=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkqMeiF48V7Qe0oWy2m3bpZhN2J0IJ/QlePCji1V/kzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVjDdZLGPdCajhUijeRIGSdxLNaRRI3g7GtzO//cS1EbF6xEnC/YgOlQgFo2ilB+x7/XLFrbpzkFXi5aQCORr98ldvELM04gqZpMZ0PTdBP6MaBZN8WuqlhieUjemQdy1VNOLGz+anTsmZVQYkjLUthWSu/p7IaGTMJApsZ0RxZJa9mfif100xvPYzoZIUuWKLRWEqCcZk9jcZCM0ZyokllGlhbyVsRDVlaNMp2RC85ZdXSeui6l1Wa/e1Sv0mj6MIJ3AK5+DBFdThDhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzifPwiGjaU=</latexit>

t1

<latexit sha1_base64="2gUKM8xh6wWEJDe6v1gIyww8gmo=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkqMeiF48V7Qe0oWy2m3bpZhN2J0IJ/QlePCji1V/kzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVjDdZLGPdCajhUijeRIGSdxLNaRRI3g7GtzO//cS1EbF6xEnC/YgOlQgFo2ilB+x7/XLFrbpzkFXi5aQCORr98ldvELM04gqZpMZ0PTdBP6MaBZN8WuqlhieUjemQdy1VNOLGz+anTsmZVQYkjLUthWSu/p7IaGTMJApsZ0RxZJa9mfif100xvPYzoZIUuWKLRWEqCcZk9jcZCM0ZyokllGlhbyVsRDVlaNMp2RC85ZdXSeui6l1Wa/e1Sv0mj6MIJ3AK5+DBFdThDhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzifPwiGjaU=</latexit>

t1

<latexit sha1_base64="bxOprab7PZ3NYj9lgTqUs5KPTJ8=">AAAB7nicbVDLSgNBEOyNrxhfUY+KDAbBU9gVUY9BLx4TMA9IljA7mU2GzM4OM7OBsOToB3jxoIhXPyHf4c1v8CecPA6aWNBQVHXT3RVIzrRx3S8ns7K6tr6R3cxtbe/s7uX3D2o6ThShVRLzWDUCrClnglYNM5w2pKI4CjitB/27iV8fUKVZLB7MUFI/wl3BQkawsVK9NcBK9lg7X3CL7hRomXhzUigdjyvfjyfjcjv/2erEJImoMIRjrZueK42fYmUY4XSUayWaSkz6uEublgocUe2n03NH6MwqHRTGypYwaKr+nkhxpPUwCmxnhE1PL3oT8T+vmZjwxk+ZkImhgswWhQlHJkaT31GHKUoMH1qCiWL2VkR6WGFibEI5G4K3+PIyqV0UvaviZcWmcQszZOEITuEcPLiGEtxDGapAoA9P8AKvjnSenTfnfdaaceYzh/AHzscPazeTVg==</latexit>'

<latexit sha1_base64="Ork8C09ZsRFIeIIHK5fWHY/LnMs=">AAAB63icbVDLSgNBEOz1GeMr6lGRwSB4Crsi6jHoxWMC5gHJEmYns8mQmdllZlYIS45evXhQxKv/kO/w5jf4E84mOWhiQUNR1U13VxBzpo3rfjlLyyura+u5jfzm1vbObmFvv66jRBFaIxGPVDPAmnImac0ww2kzVhSLgNNGMLjN/MYDVZpF8t4MY+oL3JMsZASbTGrHmnUKRbfkToAWiTcjxfLRuPr9eDyudAqf7W5EEkGlIRxr3fLc2PgpVoYRTkf5dqJpjMkA92jLUokF1X46uXWETq3SRWGkbEmDJurviRQLrYcisJ0Cm76e9zLxP6+VmPDaT5mME0MlmS4KE45MhLLHUZcpSgwfWoKJYvZWRPpYYWJsPHkbgjf/8iKpn5e8y9JF1aZxA1Pk4BBO4Aw8uIIy3EEFakCgD0/wAq+OcJ6dN+d92rrkzGYO4A+cjx8ULJH6</latexit>

 

<latexit sha1_base64="N1bQF1eqDfmDxCplzsJmDBdgCjc=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkqMeiF48V7Qe0oWy2m3bpZhN2J0IJ/QlePCji1V/kzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVjDdZLGPdCajhUijeRIGSdxLNaRRI3g7GtzO//cS1EbF6xEnC/YgOlQgFo2ilB+y7/XLFrbpzkFXi5aQCORr98ldvELM04gqZpMZ0PTdBP6MaBZN8WuqlhieUjemQdy1VNOLGz+anTsmZVQYkjLUthWSu/p7IaGTMJApsZ0RxZJa9mfif100xvPYzoZIUuWKLRWEqCcZk9jcZCM0ZyokllGlhbyVsRDVlaNMp2RC85ZdXSeui6l1Wa/e1Sv0mj6MIJ3AK5+DBFdThDhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzifPwcCjaQ=</latexit>

t0

<latexit sha1_base64="N1bQF1eqDfmDxCplzsJmDBdgCjc=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkqMeiF48V7Qe0oWy2m3bpZhN2J0IJ/QlePCji1V/kzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVjDdZLGPdCajhUijeRIGSdxLNaRRI3g7GtzO//cS1EbF6xEnC/YgOlQgFo2ilB+y7/XLFrbpzkFXi5aQCORr98ldvELM04gqZpMZ0PTdBP6MaBZN8WuqlhieUjemQdy1VNOLGz+anTsmZVQYkjLUthWSu/p7IaGTMJApsZ0RxZJa9mfif100xvPYzoZIUuWKLRWEqCcZk9jcZCM0ZyokllGlhbyVsRDVlaNMp2RC85ZdXSeui6l1Wa/e1Sv0mj6MIJ3AK5+DBFdThDhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzifPwcCjaQ=</latexit>

t0

<latexit sha1_base64="4mSRiAOC1HPbUsbyd7QN48TyFAA=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkqMeiF48t2FpoQ9lsN+3azSbsToQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IJHCoOt+O4W19Y3NreJ2aWd3b/+gfHjUNnGqGW+xWMa6E1DDpVC8hQIl7ySa0yiQ/CEY3878hyeujYjVPU4S7kd0qEQoGEUrNbFfrrhVdw6ySrycVCBHo1/+6g1ilkZcIZPUmK7nJuhnVKNgkk9LvdTwhLIxHfKupYpG3PjZ/NApObPKgISxtqWQzNXfExmNjJlEge2MKI7MsjcT//O6KYbXfiZUkiJXbLEoTCXBmMy+JgOhOUM5sYQyLeythI2opgxtNiUbgrf88ippX1S9y2qtWavUb/I4inACp3AOHlxBHe6gAS1gwOEZXuHNeXRenHfnY9FacPKZY/gD5/MH4xeNAQ==</latexit>

t

<latexit sha1_base64="4mSRiAOC1HPbUsbyd7QN48TyFAA=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkqMeiF48t2FpoQ9lsN+3azSbsToQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IJHCoOt+O4W19Y3NreJ2aWd3b/+gfHjUNnGqGW+xWMa6E1DDpVC8hQIl7ySa0yiQ/CEY3878hyeujYjVPU4S7kd0qEQoGEUrNbFfrrhVdw6ySrycVCBHo1/+6g1ilkZcIZPUmK7nJuhnVKNgkk9LvdTwhLIxHfKupYpG3PjZ/NApObPKgISxtqWQzNXfExmNjJlEge2MKI7MsjcT//O6KYbXfiZUkiJXbLEoTCXBmMy+JgOhOUM5sYQyLeythI2opgxtNiUbgrf88ippX1S9y2qtWavUb/I4inACp3AOHlxBHe6gAS1gwOEZXuHNeXRenHfnY9FacPKZY/gD5/MH4xeNAQ==</latexit>

t

<latexit sha1_base64="bxOprab7PZ3NYj9lgTqUs5KPTJ8=">AAAB7nicbVDLSgNBEOyNrxhfUY+KDAbBU9gVUY9BLx4TMA9IljA7mU2GzM4OM7OBsOToB3jxoIhXPyHf4c1v8CecPA6aWNBQVHXT3RVIzrRx3S8ns7K6tr6R3cxtbe/s7uX3D2o6ThShVRLzWDUCrClnglYNM5w2pKI4CjitB/27iV8fUKVZLB7MUFI/wl3BQkawsVK9NcBK9lg7X3CL7hRomXhzUigdjyvfjyfjcjv/2erEJImoMIRjrZueK42fYmUY4XSUayWaSkz6uEublgocUe2n03NH6MwqHRTGypYwaKr+nkhxpPUwCmxnhE1PL3oT8T+vmZjwxk+ZkImhgswWhQlHJkaT31GHKUoMH1qCiWL2VkR6WGFibEI5G4K3+PIyqV0UvaviZcWmcQszZOEITuEcPLiGEtxDGapAoA9P8AKvjnSenTfnfdaaceYzh/AHzscPazeTVg==</latexit>'-monochromatic
<latexit sha1_base64="Ork8C09ZsRFIeIIHK5fWHY/LnMs=">AAAB63icbVDLSgNBEOz1GeMr6lGRwSB4Crsi6jHoxWMC5gHJEmYns8mQmdllZlYIS45evXhQxKv/kO/w5jf4E84mOWhiQUNR1U13VxBzpo3rfjlLyyura+u5jfzm1vbObmFvv66jRBFaIxGPVDPAmnImac0ww2kzVhSLgNNGMLjN/MYDVZpF8t4MY+oL3JMsZASbTGrHmnUKRbfkToAWiTcjxfLRuPr9eDyudAqf7W5EEkGlIRxr3fLc2PgpVoYRTkf5dqJpjMkA92jLUokF1X46uXWETq3SRWGkbEmDJurviRQLrYcisJ0Cm76e9zLxP6+VmPDaT5mME0MlmS4KE45MhLLHUZcpSgwfWoKJYvZWRPpYYWJsPHkbgjf/8iKpn5e8y9JF1aZxA1Pk4BBO4Aw8uIIy3EEFakCgD0/wAq+OcJ6dN+d92rrkzGYO4A+cjx8ULJH6</latexit>

 -monochromatic

<latexit sha1_base64="2gUKM8xh6wWEJDe6v1gIyww8gmo=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkqMeiF48V7Qe0oWy2m3bpZhN2J0IJ/QlePCji1V/kzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVjDdZLGPdCajhUijeRIGSdxLNaRRI3g7GtzO//cS1EbF6xEnC/YgOlQgFo2ilB+x7/XLFrbpzkFXi5aQCORr98ldvELM04gqZpMZ0PTdBP6MaBZN8WuqlhieUjemQdy1VNOLGz+anTsmZVQYkjLUthWSu/p7IaGTMJApsZ0RxZJa9mfif100xvPYzoZIUuWKLRWEqCcZk9jcZCM0ZyokllGlhbyVsRDVlaNMp2RC85ZdXSeui6l1Wa/e1Sv0mj6MIJ3AK5+DBFdThDhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzifPwiGjaU=</latexit>

t1

<latexit sha1_base64="2gUKM8xh6wWEJDe6v1gIyww8gmo=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkqMeiF48V7Qe0oWy2m3bpZhN2J0IJ/QlePCji1V/kzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVjDdZLGPdCajhUijeRIGSdxLNaRRI3g7GtzO//cS1EbF6xEnC/YgOlQgFo2ilB+x7/XLFrbpzkFXi5aQCORr98ldvELM04gqZpMZ0PTdBP6MaBZN8WuqlhieUjemQdy1VNOLGz+anTsmZVQYkjLUthWSu/p7IaGTMJApsZ0RxZJa9mfif100xvPYzoZIUuWKLRWEqCcZk9jcZCM0ZyokllGlhbyVsRDVlaNMp2RC85ZdXSeui6l1Wa/e1Sv0mj6MIJ3AK5+DBFdThDhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzifPwiGjaU=</latexit>

t1

Contains
Overlaps

<latexit sha1_base64="bxOprab7PZ3NYj9lgTqUs5KPTJ8=">AAAB7nicbVDLSgNBEOyNrxhfUY+KDAbBU9gVUY9BLx4TMA9IljA7mU2GzM4OM7OBsOToB3jxoIhXPyHf4c1v8CecPA6aWNBQVHXT3RVIzrRx3S8ns7K6tr6R3cxtbe/s7uX3D2o6ThShVRLzWDUCrClnglYNM5w2pKI4CjitB/27iV8fUKVZLB7MUFI/wl3BQkawsVK9NcBK9lg7X3CL7hRomXhzUigdjyvfjyfjcjv/2erEJImoMIRjrZueK42fYmUY4XSUayWaSkz6uEublgocUe2n03NH6MwqHRTGypYwaKr+nkhxpPUwCmxnhE1PL3oT8T+vmZjwxk+ZkImhgswWhQlHJkaT31GHKUoMH1qCiWL2VkR6WGFibEI5G4K3+PIyqV0UvaviZcWmcQszZOEITuEcPLiGEtxDGapAoA9P8AKvjnSenTfnfdaaceYzh/AHzscPazeTVg==</latexit>'

<latexit sha1_base64="Ork8C09ZsRFIeIIHK5fWHY/LnMs=">AAAB63icbVDLSgNBEOz1GeMr6lGRwSB4Crsi6jHoxWMC5gHJEmYns8mQmdllZlYIS45evXhQxKv/kO/w5jf4E84mOWhiQUNR1U13VxBzpo3rfjlLyyura+u5jfzm1vbObmFvv66jRBFaIxGPVDPAmnImac0ww2kzVhSLgNNGMLjN/MYDVZpF8t4MY+oL3JMsZASbTGrHmnUKRbfkToAWiTcjxfLRuPr9eDyudAqf7W5EEkGlIRxr3fLc2PgpVoYRTkf5dqJpjMkA92jLUokF1X46uXWETq3SRWGkbEmDJurviRQLrYcisJ0Cm76e9zLxP6+VmPDaT5mME0MlmS4KE45MhLLHUZcpSgwfWoKJYvZWRPpYYWJsPHkbgjf/8iKpn5e8y9JF1aZxA1Pk4BBO4Aw8uIIy3EEFakCgD0/wAq+OcJ6dN+d92rrkzGYO4A+cjx8ULJH6</latexit>

 

<latexit sha1_base64="N1bQF1eqDfmDxCplzsJmDBdgCjc=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkqMeiF48V7Qe0oWy2m3bpZhN2J0IJ/QlePCji1V/kzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVjDdZLGPdCajhUijeRIGSdxLNaRRI3g7GtzO//cS1EbF6xEnC/YgOlQgFo2ilB+y7/XLFrbpzkFXi5aQCORr98ldvELM04gqZpMZ0PTdBP6MaBZN8WuqlhieUjemQdy1VNOLGz+anTsmZVQYkjLUthWSu/p7IaGTMJApsZ0RxZJa9mfif100xvPYzoZIUuWKLRWEqCcZk9jcZCM0ZyokllGlhbyVsRDVlaNMp2RC85ZdXSeui6l1Wa/e1Sv0mj6MIJ3AK5+DBFdThDhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzifPwcCjaQ=</latexit>

t0

<latexit sha1_base64="N1bQF1eqDfmDxCplzsJmDBdgCjc=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkqMeiF48V7Qe0oWy2m3bpZhN2J0IJ/QlePCji1V/kzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVjDdZLGPdCajhUijeRIGSdxLNaRRI3g7GtzO//cS1EbF6xEnC/YgOlQgFo2ilB+y7/XLFrbpzkFXi5aQCORr98ldvELM04gqZpMZ0PTdBP6MaBZN8WuqlhieUjemQdy1VNOLGz+anTsmZVQYkjLUthWSu/p7IaGTMJApsZ0RxZJa9mfif100xvPYzoZIUuWKLRWEqCcZk9jcZCM0ZyokllGlhbyVsRDVlaNMp2RC85ZdXSeui6l1Wa/e1Sv0mj6MIJ3AK5+DBFdThDhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzifPwcCjaQ=</latexit>

t0

<latexit sha1_base64="4mSRiAOC1HPbUsbyd7QN48TyFAA=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkqMeiF48t2FpoQ9lsN+3azSbsToQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IJHCoOt+O4W19Y3NreJ2aWd3b/+gfHjUNnGqGW+xWMa6E1DDpVC8hQIl7ySa0yiQ/CEY3878hyeujYjVPU4S7kd0qEQoGEUrNbFfrrhVdw6ySrycVCBHo1/+6g1ilkZcIZPUmK7nJuhnVKNgkk9LvdTwhLIxHfKupYpG3PjZ/NApObPKgISxtqWQzNXfExmNjJlEge2MKI7MsjcT//O6KYbXfiZUkiJXbLEoTCXBmMy+JgOhOUM5sYQyLeythI2opgxtNiUbgrf88ippX1S9y2qtWavUb/I4inACp3AOHlxBHe6gAS1gwOEZXuHNeXRenHfnY9FacPKZY/gD5/MH4xeNAQ==</latexit>

t

<latexit sha1_base64="4mSRiAOC1HPbUsbyd7QN48TyFAA=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkqMeiF48t2FpoQ9lsN+3azSbsToQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IJHCoOt+O4W19Y3NreJ2aWd3b/+gfHjUNnGqGW+xWMa6E1DDpVC8hQIl7ySa0yiQ/CEY3878hyeujYjVPU4S7kd0qEQoGEUrNbFfrrhVdw6ySrycVCBHo1/+6g1ilkZcIZPUmK7nJuhnVKNgkk9LvdTwhLIxHfKupYpG3PjZ/NApObPKgISxtqWQzNXfExmNjJlEge2MKI7MsjcT//O6KYbXfiZUkiJXbLEoTCXBmMy+JgOhOUM5sYQyLeythI2opgxtNiUbgrf88ippX1S9y2qtWavUb/I4inACp3AOHlxBHe6gAS1gwOEZXuHNeXRenHfnY9FacPKZY/gD5/MH4xeNAQ==</latexit>

t

<latexit sha1_base64="bxOprab7PZ3NYj9lgTqUs5KPTJ8=">AAAB7nicbVDLSgNBEOyNrxhfUY+KDAbBU9gVUY9BLx4TMA9IljA7mU2GzM4OM7OBsOToB3jxoIhXPyHf4c1v8CecPA6aWNBQVHXT3RVIzrRx3S8ns7K6tr6R3cxtbe/s7uX3D2o6ThShVRLzWDUCrClnglYNM5w2pKI4CjitB/27iV8fUKVZLB7MUFI/wl3BQkawsVK9NcBK9lg7X3CL7hRomXhzUigdjyvfjyfjcjv/2erEJImoMIRjrZueK42fYmUY4XSUayWaSkz6uEublgocUe2n03NH6MwqHRTGypYwaKr+nkhxpPUwCmxnhE1PL3oT8T+vmZjwxk+ZkImhgswWhQlHJkaT31GHKUoMH1qCiWL2VkR6WGFibEI5G4K3+PIyqV0UvaviZcWmcQszZOEITuEcPLiGEtxDGapAoA9P8AKvjnSenTfnfdaaceYzh/AHzscPazeTVg==</latexit>'-monochromatic

<latexit sha1_base64="Ork8C09ZsRFIeIIHK5fWHY/LnMs=">AAAB63icbVDLSgNBEOz1GeMr6lGRwSB4Crsi6jHoxWMC5gHJEmYns8mQmdllZlYIS45evXhQxKv/kO/w5jf4E84mOWhiQUNR1U13VxBzpo3rfjlLyyura+u5jfzm1vbObmFvv66jRBFaIxGPVDPAmnImac0ww2kzVhSLgNNGMLjN/MYDVZpF8t4MY+oL3JMsZASbTGrHmnUKRbfkToAWiTcjxfLRuPr9eDyudAqf7W5EEkGlIRxr3fLc2PgpVoYRTkf5dqJpjMkA92jLUokF1X46uXWETq3SRWGkbEmDJurviRQLrYcisJ0Cm76e9zLxP6+VmPDaT5mME0MlmS4KE45MhLLHUZcpSgwfWoKJYvZWRPpYYWJsPHkbgjf/8iKpn5e8y9JF1aZxA1Pk4BBO4Aw8uIIy3EEFakCgD0/wAq+OcJ6dN+d92rrkzGYO4A+cjx8ULJH6</latexit>

 -monochromatic

<latexit sha1_base64="2gUKM8xh6wWEJDe6v1gIyww8gmo=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkqMeiF48V7Qe0oWy2m3bpZhN2J0IJ/QlePCji1V/kzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVjDdZLGPdCajhUijeRIGSdxLNaRRI3g7GtzO//cS1EbF6xEnC/YgOlQgFo2ilB+x7/XLFrbpzkFXi5aQCORr98ldvELM04gqZpMZ0PTdBP6MaBZN8WuqlhieUjemQdy1VNOLGz+anTsmZVQYkjLUthWSu/p7IaGTMJApsZ0RxZJa9mfif100xvPYzoZIUuWKLRWEqCcZk9jcZCM0ZyokllGlhbyVsRDVlaNMp2RC85ZdXSeui6l1Wa/e1Sv0mj6MIJ3AK5+DBFdThDhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzifPwiGjaU=</latexit>

t1

<latexit sha1_base64="2gUKM8xh6wWEJDe6v1gIyww8gmo=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkqMeiF48V7Qe0oWy2m3bpZhN2J0IJ/QlePCji1V/kzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVjDdZLGPdCajhUijeRIGSdxLNaRRI3g7GtzO//cS1EbF6xEnC/YgOlQgFo2ilB+x7/XLFrbpzkFXi5aQCORr98ldvELM04gqZpMZ0PTdBP6MaBZN8WuqlhieUjemQdy1VNOLGz+anTsmZVQYkjLUthWSu/p7IaGTMJApsZ0RxZJa9mfif100xvPYzoZIUuWKLRWEqCcZk9jcZCM0ZyokllGlhbyVsRDVlaNMp2RC85ZdXSeui6l1Wa/e1Sv0mj6MIJ3AK5+DBFdThDhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzifPwiGjaU=</latexit>

t1

<latexit sha1_base64="bxOprab7PZ3NYj9lgTqUs5KPTJ8=">AAAB7nicbVDLSgNBEOyNrxhfUY+KDAbBU9gVUY9BLx4TMA9IljA7mU2GzM4OM7OBsOToB3jxoIhXPyHf4c1v8CecPA6aWNBQVHXT3RVIzrRx3S8ns7K6tr6R3cxtbe/s7uX3D2o6ThShVRLzWDUCrClnglYNM5w2pKI4CjitB/27iV8fUKVZLB7MUFI/wl3BQkawsVK9NcBK9lg7X3CL7hRomXhzUigdjyvfjyfjcjv/2erEJImoMIRjrZueK42fYmUY4XSUayWaSkz6uEublgocUe2n03NH6MwqHRTGypYwaKr+nkhxpPUwCmxnhE1PL3oT8T+vmZjwxk+ZkImhgswWhQlHJkaT31GHKUoMH1qCiWL2VkR6WGFibEI5G4K3+PIyqV0UvaviZcWmcQszZOEITuEcPLiGEtxDGapAoA9P8AKvjnSenTfnfdaaceYzh/AHzscPazeTVg==</latexit>'

<latexit sha1_base64="Ork8C09ZsRFIeIIHK5fWHY/LnMs=">AAAB63icbVDLSgNBEOz1GeMr6lGRwSB4Crsi6jHoxWMC5gHJEmYns8mQmdllZlYIS45evXhQxKv/kO/w5jf4E84mOWhiQUNR1U13VxBzpo3rfjlLyyura+u5jfzm1vbObmFvv66jRBFaIxGPVDPAmnImac0ww2kzVhSLgNNGMLjN/MYDVZpF8t4MY+oL3JMsZASbTGrHmnUKRbfkToAWiTcjxfLRuPr9eDyudAqf7W5EEkGlIRxr3fLc2PgpVoYRTkf5dqJpjMkA92jLUokF1X46uXWETq3SRWGkbEmDJurviRQLrYcisJ0Cm76e9zLxP6+VmPDaT5mME0MlmS4KE45MhLLHUZcpSgwfWoKJYvZWRPpYYWJsPHkbgjf/8iKpn5e8y9JF1aZxA1Pk4BBO4Aw8uIIy3EEFakCgD0/wAq+OcJ6dN+d92rrkzGYO4A+cjx8ULJH6</latexit>

 

<latexit sha1_base64="N1bQF1eqDfmDxCplzsJmDBdgCjc=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkqMeiF48V7Qe0oWy2m3bpZhN2J0IJ/QlePCji1V/kzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVjDdZLGPdCajhUijeRIGSdxLNaRRI3g7GtzO//cS1EbF6xEnC/YgOlQgFo2ilB+y7/XLFrbpzkFXi5aQCORr98ldvELM04gqZpMZ0PTdBP6MaBZN8WuqlhieUjemQdy1VNOLGz+anTsmZVQYkjLUthWSu/p7IaGTMJApsZ0RxZJa9mfif100xvPYzoZIUuWKLRWEqCcZk9jcZCM0ZyokllGlhbyVsRDVlaNMp2RC85ZdXSeui6l1Wa/e1Sv0mj6MIJ3AK5+DBFdThDhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzifPwcCjaQ=</latexit>

t0

<latexit sha1_base64="N1bQF1eqDfmDxCplzsJmDBdgCjc=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkqMeiF48V7Qe0oWy2m3bpZhN2J0IJ/QlePCji1V/kzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVjDdZLGPdCajhUijeRIGSdxLNaRRI3g7GtzO//cS1EbF6xEnC/YgOlQgFo2ilB+y7/XLFrbpzkFXi5aQCORr98ldvELM04gqZpMZ0PTdBP6MaBZN8WuqlhieUjemQdy1VNOLGz+anTsmZVQYkjLUthWSu/p7IaGTMJApsZ0RxZJa9mfif100xvPYzoZIUuWKLRWEqCcZk9jcZCM0ZyokllGlhbyVsRDVlaNMp2RC85ZdXSeui6l1Wa/e1Sv0mj6MIJ3AK5+DBFdThDhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzifPwcCjaQ=</latexit>

t0

<latexit sha1_base64="4mSRiAOC1HPbUsbyd7QN48TyFAA=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkqMeiF48t2FpoQ9lsN+3azSbsToQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IJHCoOt+O4W19Y3NreJ2aWd3b/+gfHjUNnGqGW+xWMa6E1DDpVC8hQIl7ySa0yiQ/CEY3878hyeujYjVPU4S7kd0qEQoGEUrNbFfrrhVdw6ySrycVCBHo1/+6g1ilkZcIZPUmK7nJuhnVKNgkk9LvdTwhLIxHfKupYpG3PjZ/NApObPKgISxtqWQzNXfExmNjJlEge2MKI7MsjcT//O6KYbXfiZUkiJXbLEoTCXBmMy+JgOhOUM5sYQyLeythI2opgxtNiUbgrf88ippX1S9y2qtWavUb/I4inACp3AOHlxBHe6gAS1gwOEZXuHNeXRenHfnY9FacPKZY/gD5/MH4xeNAQ==</latexit>

t

<latexit sha1_base64="4mSRiAOC1HPbUsbyd7QN48TyFAA=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkqMeiF48t2FpoQ9lsN+3azSbsToQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IJHCoOt+O4W19Y3NreJ2aWd3b/+gfHjUNnGqGW+xWMa6E1DDpVC8hQIl7ySa0yiQ/CEY3878hyeujYjVPU4S7kd0qEQoGEUrNbFfrrhVdw6ySrycVCBHo1/+6g1ilkZcIZPUmK7nJuhnVKNgkk9LvdTwhLIxHfKupYpG3PjZ/NApObPKgISxtqWQzNXfExmNjJlEge2MKI7MsjcT//O6KYbXfiZUkiJXbLEoTCXBmMy+JgOhOUM5sYQyLeythI2opgxtNiUbgrf88ippX1S9y2qtWavUb/I4inACp3AOHlxBHe6gAS1gwOEZXuHNeXRenHfnY9FacPKZY/gD5/MH4xeNAQ==</latexit>

t

<latexit sha1_base64="bxOprab7PZ3NYj9lgTqUs5KPTJ8=">AAAB7nicbVDLSgNBEOyNrxhfUY+KDAbBU9gVUY9BLx4TMA9IljA7mU2GzM4OM7OBsOToB3jxoIhXPyHf4c1v8CecPA6aWNBQVHXT3RVIzrRx3S8ns7K6tr6R3cxtbe/s7uX3D2o6ThShVRLzWDUCrClnglYNM5w2pKI4CjitB/27iV8fUKVZLB7MUFI/wl3BQkawsVK9NcBK9lg7X3CL7hRomXhzUigdjyvfjyfjcjv/2erEJImoMIRjrZueK42fYmUY4XSUayWaSkz6uEublgocUe2n03NH6MwqHRTGypYwaKr+nkhxpPUwCmxnhE1PL3oT8T+vmZjwxk+ZkImhgswWhQlHJkaT31GHKUoMH1qCiWL2VkR6WGFibEI5G4K3+PIyqV0UvaviZcWmcQszZOEITuEcPLiGEtxDGapAoA9P8AKvjnSenTfnfdaaceYzh/AHzscPazeTVg==</latexit>'-monochromatic

<latexit sha1_base64="Ork8C09ZsRFIeIIHK5fWHY/LnMs=">AAAB63icbVDLSgNBEOz1GeMr6lGRwSB4Crsi6jHoxWMC5gHJEmYns8mQmdllZlYIS45evXhQxKv/kO/w5jf4E84mOWhiQUNR1U13VxBzpo3rfjlLyyura+u5jfzm1vbObmFvv66jRBFaIxGPVDPAmnImac0ww2kzVhSLgNNGMLjN/MYDVZpF8t4MY+oL3JMsZASbTGrHmnUKRbfkToAWiTcjxfLRuPr9eDyudAqf7W5EEkGlIRxr3fLc2PgpVoYRTkf5dqJpjMkA92jLUokF1X46uXWETq3SRWGkbEmDJurviRQLrYcisJ0Cm76e9zLxP6+VmPDaT5mME0MlmS4KE45MhLLHUZcpSgwfWoKJYvZWRPpYYWJsPHkbgjf/8iKpn5e8y9JF1aZxA1Pk4BBO4Aw8uIIy3EEFakCgD0/wAq+OcJ6dN+d92rrkzGYO4A+cjx8ULJH6</latexit>

 -monochromatic

<latexit sha1_base64="2gUKM8xh6wWEJDe6v1gIyww8gmo=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkqMeiF48V7Qe0oWy2m3bpZhN2J0IJ/QlePCji1V/kzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVjDdZLGPdCajhUijeRIGSdxLNaRRI3g7GtzO//cS1EbF6xEnC/YgOlQgFo2ilB+x7/XLFrbpzkFXi5aQCORr98ldvELM04gqZpMZ0PTdBP6MaBZN8WuqlhieUjemQdy1VNOLGz+anTsmZVQYkjLUthWSu/p7IaGTMJApsZ0RxZJa9mfif100xvPYzoZIUuWKLRWEqCcZk9jcZCM0ZyokllGlhbyVsRDVlaNMp2RC85ZdXSeui6l1Wa/e1Sv0mj6MIJ3AK5+DBFdThDhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzifPwiGjaU=</latexit>

t1

<latexit sha1_base64="2gUKM8xh6wWEJDe6v1gIyww8gmo=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkqMeiF48V7Qe0oWy2m3bpZhN2J0IJ/QlePCji1V/kzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVjDdZLGPdCajhUijeRIGSdxLNaRRI3g7GtzO//cS1EbF6xEnC/YgOlQgFo2ilB+x7/XLFrbpzkFXi5aQCORr98ldvELM04gqZpMZ0PTdBP6MaBZN8WuqlhieUjemQdy1VNOLGz+anTsmZVQYkjLUthWSu/p7IaGTMJApsZ0RxZJa9mfif100xvPYzoZIUuWKLRWEqCcZk9jcZCM0ZyokllGlhbyVsRDVlaNMp2RC85ZdXSeui6l1Wa/e1Sv0mj6MIJ3AK5+DBFdThDhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzifPwiGjaU=</latexit>

t1

<latexit sha1_base64="bxOprab7PZ3NYj9lgTqUs5KPTJ8=">AAAB7nicbVDLSgNBEOyNrxhfUY+KDAbBU9gVUY9BLx4TMA9IljA7mU2GzM4OM7OBsOToB3jxoIhXPyHf4c1v8CecPA6aWNBQVHXT3RVIzrRx3S8ns7K6tr6R3cxtbe/s7uX3D2o6ThShVRLzWDUCrClnglYNM5w2pKI4CjitB/27iV8fUKVZLB7MUFI/wl3BQkawsVK9NcBK9lg7X3CL7hRomXhzUigdjyvfjyfjcjv/2erEJImoMIRjrZueK42fYmUY4XSUayWaSkz6uEublgocUe2n03NH6MwqHRTGypYwaKr+nkhxpPUwCmxnhE1PL3oT8T+vmZjwxk+ZkImhgswWhQlHJkaT31GHKUoMH1qCiWL2VkR6WGFibEI5G4K3+PIyqV0UvaviZcWmcQszZOEITuEcPLiGEtxDGapAoA9P8AKvjnSenTfnfdaaceYzh/AHzscPazeTVg==</latexit>' <latexit sha1_base64="bxOprab7PZ3NYj9lgTqUs5KPTJ8=">AAAB7nicbVDLSgNBEOyNrxhfUY+KDAbBU9gVUY9BLx4TMA9IljA7mU2GzM4OM7OBsOToB3jxoIhXPyHf4c1v8CecPA6aWNBQVHXT3RVIzrRx3S8ns7K6tr6R3cxtbe/s7uX3D2o6ThShVRLzWDUCrClnglYNM5w2pKI4CjitB/27iV8fUKVZLB7MUFI/wl3BQkawsVK9NcBK9lg7X3CL7hRomXhzUigdjyvfjyfjcjv/2erEJImoMIRjrZueK42fYmUY4XSUayWaSkz6uEublgocUe2n03NH6MwqHRTGypYwaKr+nkhxpPUwCmxnhE1PL3oT8T+vmZjwxk+ZkImhgswWhQlHJkaT31GHKUoMH1qCiWL2VkR6WGFibEI5G4K3+PIyqV0UvaviZcWmcQszZOEITuEcPLiGEtxDGapAoA9P8AKvjnSenTfnfdaaceYzh/AHzscPazeTVg==</latexit>'

<latexit sha1_base64="bxOprab7PZ3NYj9lgTqUs5KPTJ8=">AAAB7nicbVDLSgNBEOyNrxhfUY+KDAbBU9gVUY9BLx4TMA9IljA7mU2GzM4OM7OBsOToB3jxoIhXPyHf4c1v8CecPA6aWNBQVHXT3RVIzrRx3S8ns7K6tr6R3cxtbe/s7uX3D2o6ThShVRLzWDUCrClnglYNM5w2pKI4CjitB/27iV8fUKVZLB7MUFI/wl3BQkawsVK9NcBK9lg7X3CL7hRomXhzUigdjyvfjyfjcjv/2erEJImoMIRjrZueK42fYmUY4XSUayWaSkz6uEublgocUe2n03NH6MwqHRTGypYwaKr+nkhxpPUwCmxnhE1PL3oT8T+vmZjwxk+ZkImhgswWhQlHJkaT31GHKUoMH1qCiWL2VkR6WGFibEI5G4K3+PIyqV0UvaviZcWmcQszZOEITuEcPLiGEtxDGapAoA9P8AKvjnSenTfnfdaaceYzh/AHzscPazeTVg==</latexit>' <latexit sha1_base64="bxOprab7PZ3NYj9lgTqUs5KPTJ8=">AAAB7nicbVDLSgNBEOyNrxhfUY+KDAbBU9gVUY9BLx4TMA9IljA7mU2GzM4OM7OBsOToB3jxoIhXPyHf4c1v8CecPA6aWNBQVHXT3RVIzrRx3S8ns7K6tr6R3cxtbe/s7uX3D2o6ThShVRLzWDUCrClnglYNM5w2pKI4CjitB/27iV8fUKVZLB7MUFI/wl3BQkawsVK9NcBK9lg7X3CL7hRomXhzUigdjyvfjyfjcjv/2erEJImoMIRjrZueK42fYmUY4XSUayWaSkz6uEublgocUe2n03NH6MwqHRTGypYwaKr+nkhxpPUwCmxnhE1PL3oT8T+vmZjwxk+ZkImhgswWhQlHJkaT31GHKUoMH1qCiWL2VkR6WGFibEI5G4K3+PIyqV0UvaviZcWmcQszZOEITuEcPLiGEtxDGapAoA9P8AKvjnSenTfnfdaaceYzh/AHzscPazeTVg==</latexit>'

<latexit sha1_base64="bxOprab7PZ3NYj9lgTqUs5KPTJ8=">AAAB7nicbVDLSgNBEOyNrxhfUY+KDAbBU9gVUY9BLx4TMA9IljA7mU2GzM4OM7OBsOToB3jxoIhXPyHf4c1v8CecPA6aWNBQVHXT3RVIzrRx3S8ns7K6tr6R3cxtbe/s7uX3D2o6ThShVRLzWDUCrClnglYNM5w2pKI4CjitB/27iV8fUKVZLB7MUFI/wl3BQkawsVK9NcBK9lg7X3CL7hRomXhzUigdjyvfjyfjcjv/2erEJImoMIRjrZueK42fYmUY4XSUayWaSkz6uEublgocUe2n03NH6MwqHRTGypYwaKr+nkhxpPUwCmxnhE1PL3oT8T+vmZjwxk+ZkImhgswWhQlHJkaT31GHKUoMH1qCiWL2VkR6WGFibEI5G4K3+PIyqV0UvaviZcWmcQszZOEITuEcPLiGEtxDGapAoA9P8AKvjnSenTfnfdaaceYzh/AHzscPazeTVg==</latexit>'
<latexit sha1_base64="bxOprab7PZ3NYj9lgTqUs5KPTJ8=">AAAB7nicbVDLSgNBEOyNrxhfUY+KDAbBU9gVUY9BLx4TMA9IljA7mU2GzM4OM7OBsOToB3jxoIhXPyHf4c1v8CecPA6aWNBQVHXT3RVIzrRx3S8ns7K6tr6R3cxtbe/s7uX3D2o6ThShVRLzWDUCrClnglYNM5w2pKI4CjitB/27iV8fUKVZLB7MUFI/wl3BQkawsVK9NcBK9lg7X3CL7hRomXhzUigdjyvfjyfjcjv/2erEJImoMIRjrZueK42fYmUY4XSUayWaSkz6uEublgocUe2n03NH6MwqHRTGypYwaKr+nkhxpPUwCmxnhE1PL3oT8T+vmZjwxk+ZkImhgswWhQlHJkaT31GHKUoMH1qCiWL2VkR6WGFibEI5G4K3+PIyqV0UvaviZcWmcQszZOEITuEcPLiGEtxDGapAoA9P8AKvjnSenTfnfdaaceYzh/AHzscPazeTVg==</latexit>'

<latexit sha1_base64="Ork8C09ZsRFIeIIHK5fWHY/LnMs=">AAAB63icbVDLSgNBEOz1GeMr6lGRwSB4Crsi6jHoxWMC5gHJEmYns8mQmdllZlYIS45evXhQxKv/kO/w5jf4E84mOWhiQUNR1U13VxBzpo3rfjlLyyura+u5jfzm1vbObmFvv66jRBFaIxGPVDPAmnImac0ww2kzVhSLgNNGMLjN/MYDVZpF8t4MY+oL3JMsZASbTGrHmnUKRbfkToAWiTcjxfLRuPr9eDyudAqf7W5EEkGlIRxr3fLc2PgpVoYRTkf5dqJpjMkA92jLUokF1X46uXWETq3SRWGkbEmDJurviRQLrYcisJ0Cm76e9zLxP6+VmPDaT5mME0MlmS4KE45MhLLHUZcpSgwfWoKJYvZWRPpYYWJsPHkbgjf/8iKpn5e8y9JF1aZxA1Pk4BBO4Aw8uIIy3EEFakCgD0/wAq+OcJ6dN+d92rrkzGYO4A+cjx8ULJH6</latexit>

 
<latexit sha1_base64="Ork8C09ZsRFIeIIHK5fWHY/LnMs=">AAAB63icbVDLSgNBEOz1GeMr6lGRwSB4Crsi6jHoxWMC5gHJEmYns8mQmdllZlYIS45evXhQxKv/kO/w5jf4E84mOWhiQUNR1U13VxBzpo3rfjlLyyura+u5jfzm1vbObmFvv66jRBFaIxGPVDPAmnImac0ww2kzVhSLgNNGMLjN/MYDVZpF8t4MY+oL3JMsZASbTGrHmnUKRbfkToAWiTcjxfLRuPr9eDyudAqf7W5EEkGlIRxr3fLc2PgpVoYRTkf5dqJpjMkA92jLUokF1X46uXWETq3SRWGkbEmDJurviRQLrYcisJ0Cm76e9zLxP6+VmPDaT5mME0MlmS4KE45MhLLHUZcpSgwfWoKJYvZWRPpYYWJsPHkbgjf/8iKpn5e8y9JF1aZxA1Pk4BBO4Aw8uIIy3EEFakCgD0/wAq+OcJ6dN+d92rrkzGYO4A+cjx8ULJH6</latexit>

 

<latexit sha1_base64="Ork8C09ZsRFIeIIHK5fWHY/LnMs=">AAAB63icbVDLSgNBEOz1GeMr6lGRwSB4Crsi6jHoxWMC5gHJEmYns8mQmdllZlYIS45evXhQxKv/kO/w5jf4E84mOWhiQUNR1U13VxBzpo3rfjlLyyura+u5jfzm1vbObmFvv66jRBFaIxGPVDPAmnImac0ww2kzVhSLgNNGMLjN/MYDVZpF8t4MY+oL3JMsZASbTGrHmnUKRbfkToAWiTcjxfLRuPr9eDyudAqf7W5EEkGlIRxr3fLc2PgpVoYRTkf5dqJpjMkA92jLUokF1X46uXWETq3SRWGkbEmDJurviRQLrYcisJ0Cm76e9zLxP6+VmPDaT5mME0MlmS4KE45MhLLHUZcpSgwfWoKJYvZWRPpYYWJsPHkbgjf/8iKpn5e8y9JF1aZxA1Pk4BBO4Aw8uIIy3EEFakCgD0/wAq+OcJ6dN+d92rrkzGYO4A+cjx8ULJH6</latexit>

 
<latexit sha1_base64="Ork8C09ZsRFIeIIHK5fWHY/LnMs=">AAAB63icbVDLSgNBEOz1GeMr6lGRwSB4Crsi6jHoxWMC5gHJEmYns8mQmdllZlYIS45evXhQxKv/kO/w5jf4E84mOWhiQUNR1U13VxBzpo3rfjlLyyura+u5jfzm1vbObmFvv66jRBFaIxGPVDPAmnImac0ww2kzVhSLgNNGMLjN/MYDVZpF8t4MY+oL3JMsZASbTGrHmnUKRbfkToAWiTcjxfLRuPr9eDyudAqf7W5EEkGlIRxr3fLc2PgpVoYRTkf5dqJpjMkA92jLUokF1X46uXWETq3SRWGkbEmDJurviRQLrYcisJ0Cm76e9zLxP6+VmPDaT5mME0MlmS4KE45MhLLHUZcpSgwfWoKJYvZWRPpYYWJsPHkbgjf/8iKpn5e8y9JF1aZxA1Pk4BBO4Aw8uIIy3EEFakCgD0/wAq+OcJ6dN+d92rrkzGYO4A+cjx8ULJH6</latexit>

 

<latexit sha1_base64="Ork8C09ZsRFIeIIHK5fWHY/LnMs=">AAAB63icbVDLSgNBEOz1GeMr6lGRwSB4Crsi6jHoxWMC5gHJEmYns8mQmdllZlYIS45evXhQxKv/kO/w5jf4E84mOWhiQUNR1U13VxBzpo3rfjlLyyura+u5jfzm1vbObmFvv66jRBFaIxGPVDPAmnImac0ww2kzVhSLgNNGMLjN/MYDVZpF8t4MY+oL3JMsZASbTGrHmnUKRbfkToAWiTcjxfLRuPr9eDyudAqf7W5EEkGlIRxr3fLc2PgpVoYRTkf5dqJpjMkA92jLUokF1X46uXWETq3SRWGkbEmDJurviRQLrYcisJ0Cm76e9zLxP6+VmPDaT5mME0MlmS4KE45MhLLHUZcpSgwfWoKJYvZWRPpYYWJsPHkbgjf/8iKpn5e8y9JF1aZxA1Pk4BBO4Aw8uIIy3EEFakCgD0/wAq+OcJ6dN+d92rrkzGYO4A+cjx8ULJH6</latexit>
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Figure 3: The intended semantics of the TCL modal operators can be understood as Allen’s interval relations on the monochromatic
subgraphs induced by the respective TCL formulas. Both t0 and t1 are displayed in the diagrams, although in some cases only one
time point is explicitly mentioned in the definition, and the existence of the other time point is implied.

3.3 Satisfiability, Validity, Equivalence, and Notions of Cohort

With the preparation in the previous sections, we can define the common logical terms in this context. A TCL formula
ϕ is said to be satisfiable, if there exists an assignment σ such that (σ, t) |= ϕ for some t. A TCL formula ϕ is said to
be valid, if for all assignment σ and all t, we have (σ, t) |= ϕ. We write |= ϕ when ϕ is valid.

Two TCL formulas ϕ and ψ is said to be equivalent if for all σ and all t, (σ, t) |= ϕ if and only if (σ, t) |= ψ. We can
see that ϕ and ψ are equivalent if and only if both ϕ→ ψ and ψ → ϕ are valid.

With these terminology and notations, we can see that all formulas that are valid in the classical proposition logic are
also valid for TCL. For temporal operators, our TCL set up entails that, for example, |= (ϕBψ)→ (ϕDψ) for any ϕ
and ψ. That is, “started-by” is a special case of “contains.”

Our set up allows different specifications of a cohort. The (global) cohort defined by ϕ is the collection of assignments
σ such that (σ, 1) |= ϕ, i.e. [[ϕ]] := {σ | (σ, 1) |= ϕ}. A t-sectional cohort is defined as the collection of assignments
σ such that (σ, t) |= ϕ, i.e. [[ϕ]]t := {σ | (σ, t) |= ϕ}. To be practically useful, additional time constraints and logical
enrichments may be needed (see Results and Discussions).

In biomedical applications such as those exemplified in the next section, finding [[ϕ]] or [[ϕ]]t against RWD represents
a key computational challenge. Compared to classical model-checking for an individual model, we are concerned with
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model-checking at a massive scale (“massive model-checking”): the sizes of the resulting cohort ([[ϕ]]) can range from
thousands to millions, and the background “search space” to be covered can be orders of magnitude larger.

Temporal Query Interface Patient Timeline Interface

(a)

(b) (c)

Figure 4: Three temporal query examples with different temporal modalities in CovidSphere.

4 Experimental Results

4.1 Temporal Cohort Discovery in EHR

We demonstrate two use cases where the temporal query interfaces are specified and translated using TCL temporal
modalities. In the first use case, we developed a query system called CovidSphere to support a temporal query inter-
face for explorating cohorts within a large COVID-19 EHR dataset. The system uses OPTUM®’s longitudinal EHR
data, drawn from dozens of healthcare providers in the United States that include more than 700 hospitals and 7,000
clinics. It included EHR records for 7 million unique individuals who had documented clinical care with a documented
COVID-19 encounter or acute respiratory illness after 02/01/2020 and/or documented COVID-19 testing regardless of
their results. The main purpose of CovidSphere is to construct and issue queries, especially temporal queries, using
a web-based interface without requiring knowledge about how the backend data are structured and stored, thereby
shortening the data access life-cycle and facilitating data exploration by researchers.

In CovidSphere, we designed and implemented query widgets to provide four different primitives to formulate different
TCL formulas, including started before (i.e., event A started before event B started), finished before (i.e., event A
finished before event B started), finished within (i.e., event A finished before event B finished), and during (i.e., event
A happened during event B). A user can select different settings for each primitive: 1) clinical events with query
criteria; 2) temporal relationship between two query terms, and 3) the time interval between two events that occur in a
particular time sequence. All TCLs can be represented by a logical combination of these four primitives.

Three temporal query examples with different TCL modalities are shown in Figure 4. (a) Find patients who were
first diagnosed with COVID-19 by PCR testing 14 days of their most recent COVID-19 vaccination. On the top left
is the temporal query interface, including the query widgets and results part, and on the right is the visualization of
the patient timeline for validating the temporal query results for a given patient. The query results included 75,334
patients, and we manually verified the correctness of the results by visualizing the patient timeline. For example,
for patient “PT099575300,” after the second shot of COVID-19 vaccine on September 18, 2021, the test result for
COVID-19 was positive on January 4, 2022. (b) Find patients who had been in the ICU during their hospitalization.
(c) Find patients who had intracerebral hemorrhage (I63) with heart attack (I219) at the same time, with intracerebral
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hemorrhage continued after heart attack. We also manually verified query results for (b) and (c) for correctness.

To speed up temporal queries for CovidSphere, a collection of inverted indices were introduced [27]. To date, Covid-
Sphere’s temporal query interface has facilitated data extraction for a dozen projects, the results of several of which
appeared in peer-reviewed publications [28, 29, 30].

4.2 Neurological Application

Our second use case is SeizureSphere, a web-based graphical query interface for electroencephalographic (EEG) data
generated from the Center for SUDEP (Sudden Unexpected Death in Epilepsy) Research (CSR; NIH U01NS090407,
U01NS090408). The CSR is a National Institute for Neurological Disorders and Stroke (NINDS) funded “Center
Without Walls” consortium initiative for prospective collaborative research in the epilepsies. Researchers from 14
institutions across the U.S. and Europe and brought together extensive and diverse expertise for the unraveling of
SUDEP phenomenology, pathophysiology, and biomarker identification. The CSR’s Informatics and Data Analytics
Core (IDAC; NIH U01NS090408) has so far prospectively collected high grade multimodal data sets including high-
resolution EEG signal data sets, sleep PSGs, research-grade brain MRI, biochemical and DNA samples together with
detailed phenotypic data [31].

SeizureSphere’s backend consisted of a MySQL database to store EEG signals from 1,976 patients with 3,334,298
clinical-grade annotations. SeizureSphere’s frontend was a web-based temporal query interface for selecting sub-
groups of patients with special EEG patterns and characteristics of interest. This interface supports the specification of
temporal operators for seizure-related events. The most common temporal modalities for EEG annotation queries are
“contains” and “before.” “Meets,” “started-by” and “finished-by” are not heavily used because of the clinical signif-
icance of time granularity involved. Note that although the temporal resolution of clinical-grade EEG data can reach
sub-millisecond level, the annotation of clinically meaningful events remains at seconds level.

A screenshot of the graphical temporal query interface for CSR EEG annotations is displayed in Figure 5. The query
interface allows a user to add intervals with start and end annotations and drag them into desirable locations to match
the intended temporal relations. The temporal modality of this example involves a GTC which consists of a Tonic
Phase and a Clonic Phase, and the Tonic Phase must occur before the Clonic Phase. Additional time constraint can be
added for more complex queries, such as requiring EEG suppression to occur within 1 minute after the end of GTC.
SeizureSphere has been used for supporting EEG data extraction for “Cardiac and Autonomic Pathological Markers for
Arrhythmias and Sudden Unexpected Death in Epilepsy Patients,” a project funded by Citizen’s United for Research
in Epilepsy (CURE) foundation.

1

2 3

4 5

6

Clinical Onset

Clinical 
Seizure End

Onset of 
Generalized Tonic

End of Tonic

End of Clonic

Onset of Clonic

End of EEG 
suppression

Onset of EEG
suppression

(b)(a)

Figure 5: SeizureSphere: a graphical temporal query interface for EEG events. a) A screenshot of the query page, which consists
of six components: 1) total number of patients; 2) Epilepsy Monitoring Unit (EMU) site selection; 3) temporal query widgets; 4)
results summary; 5) export results to a CSV file; 6) query result with all the matched query terms highlighted in different colors. b)
Complete annotation records near the matched pattern for patient “015N015N0000389064.” We verified the query results manually
by reviewing the matched patterns with the patient’s annotation timeline. For example, on July 18, 2015, this patient was observed
a tonic phase followed by a clonic phase during a seizure and an EEG suppression within 1 minute after the end of seizure, which
matches both the query widget and annotation timeline.
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5 Discussion

Unlike typical computer science applications, EHR data, and RWD in general, are “observational” in nature. This
entails that such data need to be interpreted using an Open World Assumption. OWA does not make a commitment
about the truth status of a statement when its truth cannot be determined based on information in an EHR. As such,
RWD can only “approximate” information about reality (e.g., healthcare activities of a person as a representation of
actual health status). For example, the date of initial diagnosis of a disease can not be interpreted as the precise starting
point of the disease. However, date for lab test has a more precise temporal meaning, due to its “interventional” nature.
For such reasons, cohort discovery and development systems serve only as a starting point to refine study subgroups,
and TCL and the like serve to support this process.

Although more complex in nature, boolean operation and even nesting of temporal modalities can be essential in
some biomedical applications. For example, in an EMU discharge summary report, the section on epileptic seizure
semiology many capture a temporal sequence of distinct seizure events such as Autonomic seizure ⇒ Right verse
seizure⇒ Generalized tonic-clonic seizure, where Generalized tonic-clonic seizure, is defined as “generalized tonic
phase” followed by a “clonic phase.”

We highlighted only two application domains in the Results section, but other applications are clearly possible. For
example, in precision medicine, genes, exons, and regulatory regions are annotated subsequences with a chromosome
ID with a start and an end position. In this case, the positions do not have a time interpretation, although the sequential
nature of whole genomes makes them suitable for a “discrete, linear time” treatment. Indeed, Luo and his group have
used Allen’s interval algebra for performing efficient genomic interval queries [32], which can serve as an attractive
basis for a formal TCL formulation.

Further theoretical developments invite themselves. These include deductive proof systems for TCL, decidability and
complexity of TCL fragments, and enriched formulation (multi-value, fuzzification, or timed variants). Naturally,
these are topics beyond the scope of this initial paper.

6 Conclusion

This paper introduced Temporal Cohort Logic to fill a conceptual gap in formalizing temporal reasoning in biomedicine.
Applications in EHR-based cohort discovery and in neurophysiological data resource have been demonstrated. TCL
provides a formal logical framework for reasoning about time in biomedicine, allowing general investigation into the
properties of this framework independent of a specific query language or a database system. It also puts our approach
in the context of logical developments in computer science and opens opportunities for further translational research
into theory and applications.
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