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Thermal Dark Matter from Freeze-Out of Inverse Decays
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We propose a new thermal dark matter candidate whose abundance is determined by the freeze-out of
inverse decays. The relic abundance depends parametrically only on a decay width, while matching the
observed value requires that the coupling determining the width—and the width itself—should be
exponentially small. The dark matter is therefore very weakly coupled to the standard model, evading
conventional searches. This inverse decay dark matter can be discovered by searching for the long-lived
particle that decays into the dark matter at future planned experiments.
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Introduction.—The identity of dark matter (DM) is one
of the most pressing open questions in modern day physics.
While the weakly interacting massive particle (WIMP)
paradigm has long guided the particle physics community,
the absence of experimental evidence for the WIMP at
colliders, direct-detection, and indirect-detection experi-
ments stresses the importance of considering DM beyond
the WIMP. Indeed, recent years have seen a surge of new
DM ideas (see, e.g., Refs. [1-15]) which utilize various
processes in the early universe.

One such process is inverse decay, where a DM particle
is produced through the inverse decay of a heavier particle
in the dark sector. Thus far, decays have been considered in
the literature in the context of freeze-in DM [16], where a
slow inverse decay of a bath particle slowly freezes in the
DM abundance; as a process maintaining chemical equi-
librium within the dark sector or with the standard model
(SM) [7,8,13,17-22], and in other dark matter frameworks
[16-18,23-27]. The effects of inverse decays on dark
matter depletion have been considered as a contributing
reaction [28-30], but never discussed as the main process
for setting the dark matter abundance. In this Letter, and in
a companion paper [31], we study the freeze-out of inverse
decays as the mechanism to set the relic abundance of DM.

This Letter is organized as follows. We begin by out-
lining the basic idea for freeze-out of inverse decays and
derive an analytical understanding of the mechanism. We
then solve the Boltzmann equations of the system and
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obtain the DM parameter space. Finally we present a model
that realizes the mechanism.

Basic idea.—Here we show that the freeze-out of inverse
decays can be responsible for the relic abundance of DM.
Consider a dark matter particle y and an unstable dark
sector particle y that has a decay that contains some
number of y particles in the final state. For simplicity
we will consider a simple decay and inverse decay

werto (1)

motivated by a Z, symmetry in the dark sector. (Other
inverse decay topologies can be considered as well. Note
that the above interaction allows also for 2 — 2 processes
such as yy — ¢¢, however they will be substantially
suppressed in the parameter space considered here.)
Here ¢ can be a dark sector or visible particle that is
assumed to be in equilibrium with the bath. (Later we will
take a concrete model in which ¢ is a dark photon that
kinetically mixes with hypercharge.)

The Boltzmann equation for the abundance of y,
assuming that ¢ is in equilibrium, is

eq
n, +3Hn, :F<nw—nz%), (2)
1
with I" the decay rate of w — y¢. [Note that Eq. (2) holds
also in the case of more than one ¢ particle in the final
state.] We assume that the DM is cold; namely, that it
freezes out when nonrelativistic; our numerics presented
later on confirm this. We can thus ignore the thermally
averaged time dilation that would normally appear in the
collision term.
Approximate analytic solutions to the Boltzmann equa-
tions can be obtained in the instantaneous freeze-out
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approximation, but will not always suffice. The inverse
decay rate is falling off exponentially as e~("»—")/T (rather
than e/T for the well-studied WIMP), which is not
necessarily fast enough to assume that instantaneous
freeze-out occurs. Further consideration must also be taken
into account because the decays and inverse decays may
not actually be in equilibrium before they completely
decouple.

We begin by calculating the relic abundance when
decays are in equilibrium. This will give us an approxi-
mate range of parameter space—couplings and masses—
necessary to reproduce the observed abundance. We first
assume that y is always in chemical equilibrium with the
SM bath. This can be achieved through rapid annihilations
of y into bath particles (either SM bath particles, or
particles that are in equilibrium with the SM). The
Boltzmann Eq. (2) can be rewritten as

Y r ny'
A )] ?

where Y = n/s is the yield and x = m, /T. In the instanta-
neous freeze-out approximation, the y particle departs the
chemical equilibrium when the coefficient of the collision
term becomes of order unity,

eq
My

Fn—?:xH for x = x;. (4)
The freeze-out abundance of y can be determined by
solving Eq. (4) for x; and using that at the time of

freeze-out, y is approximately in equilibrium:

« m2 \ 32
o) =) =g (o) e

We parametrize the decay rate as

(mé + m)z() (m?5 — m}%)2
I'= ] 1-2 + . (6
adecaymy/\/ ma/ mg] ( )

Then requiring that we match the observed DM abundance,
given by n, (x;) ~ m*T,, we arrive at the requisite relation-
ship between the DM mass and coupling,

L i
My = Qg (mp Tey )75 (7)

Here A = (m,, — m,)/m,, Teq = 0.8 eV is the temperature
at matter radiation equality, and m, = 2.4 x 10'® GeV is
the reduced Planck mass. This formula may remind the
reader of other dark matter freeze-out mechanisms, and
would produce similar parametric dependence on the
temperature of equality and Planck scale in the WIMP
and SIMP [1] cases for A = 1 and A = 2, respectively. We

therefore see that for small mass splittings A < 1, much
heavier mass DM for the same size coupling (or much
smaller coupling for same mass) is needed to produce the
relic abundance, when compared to the WIMP. For small A
and gecay ~ O(1), it may seem from Eq. (7) that inverse
decays allow for super heavy dark matter. However, since y
is maintaining equilibrium via annihilations, the y mass
(and consequently the y mass) cannot be heavier than the
WIMP unitarity bound, ©O(100) TeV. In future work [32],
it will be shown how a dark matter chain [13] of inverse
decays can lead to super heavy dark matter.

The above also indicates when this analysis is valid.
Provided that the rate over Hubble becomes of order unity
before x;, the system will come close to equilibrium and
there will be no sensitivity to the initial conditions. Looking
at Eq. (4), the rate over Hubble is not monotonically
decreasing, but rather reaches a maximum at x = A~
Equilibrium is achieved if

I'X AH,, (8)

where H,, = H(x = 1). If Eq. (8) is not satisfied, then the
decays and inverse decays are not sufficient to thermalize
the dark matter to chemical equilibrium before freeze-out.
In this case the initial y abundance may be much higher or
much lower than the equilibrium abundance when it
becomes nonrelativistic. However, we will see in the next
section that the final abundance can still remain very
insensitive to initial conditions, where the observed relic
abundance is obtained for almost the same parameters.
Phases of inverse decay.—We can now set up the system
of interest in full. We consider the decay and inverse decay
processes of v <> y¢ along with an annihilation process of
wy — ¢ ¢, with ¢ and ¢ indicating a particle in equilib-
rium with the SM bath—the latter process maintaining
chemical equilibrium between yw and the SM. The
Boltzmann equations for the system are given by

eq
i, 4+ 3Hn, = —(I) <n—2’:/c]n - n,,,),
My
: ny' 2 _ eq’
i, +3Hn, = (I) Fn)( —ny, | = (ov)(n, —n,' ). (9)
¥

Here (I') represents the thermally averaged (time dilation
included) decay rate of y — y¢, and (o) represents the
thermally averaged cross section for the annihilation
ww — . We parametrize the cross section as

(ov) =1 (10)

and the decay rate as in Eq (6).
Figure 1 shows our solutions to the Boltzmann equa-
tionS, Qgecay VEISUS Uy, that reproduces the observed relic
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Left: Annihilations versus decays phase diagram, for various mass splittings and DM masses (solid colored curves). The two

new phases are evident: The first is the horizontal branch, where the relic abundance of the DM is set through the annihilations of another
dark particle, with which it is in chemical equilibrium via decays and inverse decays. The second is the vertical branch, where the relic
abundance of the DM is set by the freeze-out of the inverse decay of the DM particle; we dub this “INDY” DM. Right: The decay
coupling versus DM mass that reproduces the observed relic abundance along the vertical branch, for various mass splittings. We plot the
numerical solution to the Boltzmann equations, with the dashed region of the curves indicating where the effective coupling a,,, that we

use to parametrize the cross section exceeds 100.

abundance of DM, for various mass splitting and DM
masses. There are several distinct phases, each indicating a
different mechanism for setting the relic abundance of DM,
with some dependence on the initial conditions. Here
we focus on two of the phases, assuming that the dark
matter is in equilibrium with the bath prior to becoming
nonrelativistic.

Along the horizontal branch, the relic abundance of y is
being set by the annihilations of y into other particles. This
is possible because the rapid inverse decays between y and
y keep the two particles in chemical equilibrium. Once
Qgecay 18 large enough such that y and y are in chemical
equilibrium, its precise value does not matter, and it iS @,
that controls the abundance. This branch is similar in spirit
to coannihilations [3,11], however here the chemical
contact between the DM and the particle whose number
changing process is determining the relic abundance is set
by fast decays and inverse decays, rather than by 2 — 2
processes such as annihilations.

The value of a,,, that reproduces the correct abundance
along this branch can be found in the instantaneous freeze-
out approximation using the same steps as from Eq. (4) to
Eq. (7), but here x is determined by n,,(6v) ~ H. Doing so,
one finds the relationship

m, = Qi (my Th) . (11)

In contrast, along the vertical branch, the relic abundance
of y is being set by the freeze-out of inverse decays of the
DM. As y inverse decays into y, y rapidly annihilated
away into other light particles. For large enough a,,,, its
precise value does not play a role, and the relic abundance

of y is set when its inverse decay shuts off and it freezes out.
This corresponds to the case studied analytically in the
previous section, which leads to the DM mass-coupling
relationship of Eq. (7).

While both branches present a new mechanism for
establishing the DM abundance in the early universe, we
focus here on the more novel of the two—the vertical
branch, where freeze-out of inverse decays of DM set its
abundance. We dub this “inverse decay” (INDY) dark
matter. The parameter space has another two phases, if we
assume that initial abundance of y is very small: freeze-in,
and freeze-in and freeze-out (of inverse decays), which is
very similar to the vertical branch. We leave a detailed
investigation of the horizontal branch, the other additional
phases, and many further details to our companion paper
[31], and focus here on INDY dark matter.

In Fig. I we show @gecqy as a function of DM mass along
the vertical branch, for various mass splittings, where
INDY DM is achieved. We show the exact solutions to
the Boltzmann equations, in qualitative agreement with the
analytic approximations of Eq. (7). Note that the minimum
value of a,,, needed to be in the INDY phase is given by
Eq. (11). Therefore the mass of the DM is bounded above
by the unitarity of the (6v) cross section. Moreover, since
A > 0, the INDY mechanism predicts lighter DM than the
standard WIMP case [which would correspond to A =0
in Eq. (11)].

Figure 2 depicts the evolution of the densities of y along
the vertical branch of INDY's for some benchmark values of
mass, splitting and couplings. The two panels illustrate that
the DM density can be set by the freeze-out of the inverse
decay where y either maintains chemical equilibrium with
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FIG. 2. Example solutions to the Boltzmann equations along the vertical branch, where the relic abundance of DM is set by the freeze-
out of the inverse decays of the DM. For both panels, we show the curves for initial conditions ¥, = Y;q (solid) and Y, = 0 (dashed),
and the corresponding couplings dgec,y for INDY DM, freeze-in and freeze-out (FIFO), and freeze-in (FI). Left: v is thermalized via the
inverse decays, and maintains an equilibrium distribution until freeze-out of its inverse decays. Right: the DM y departs from chemical
equilibrium early on (due to the smaller @gec,y), and later freezes out.

y until freeze-out occurs (left panel), or y can decouple
at early times and still freeze-out in a similar manner
(right panel). In both cases, DM is indeed freezing out
nonrelativistically, justifying our back-of-the-envelope
computation.

A comment is in order regarding initial conditions. In the
above we have assumed an equilibrium distribution for
the DM y at early times. For such condition to hold, the
thermally averaged decay rate must be higher then the
Hubble rate for some x < 1. However in some regions
along the vertical branch, where the coupling e,y i very
small, decays and inverse decays may not be strong enough
to bring y into equilibrium in the early universe. Indeed,
decays do not become active until approximately the age of
the universe has reached the lifetime, that is '~ H.
Therefore decays and inverse decays can come into
equilibrium at late times (as opposed to freezing out at
late times). For I' > H(x = 1), decays and inverse decays
will bring y and y in equilibrium before freeze-out.

To understand the impact of the initial conditions, we
assess the extent to which varying them changes the relic
abundance. We find our results to be insensitive to the
initial conditions over a broad range of DM masses and
mass splittings, allowing many orders of magnitude change
in the initial condition without significantly modifying the
relic abundance. If the dark matter inverse decays thermal-
ize before they become nonrelativistic, then the final relic
abundance is essentially insensitive to the initial conditions.
Additionally, one can consider the case in which the inverse
decays are never in equilibrium. In this case, starting with a
near equilibrium abundance or even no abundance of dark
matter (in which case dark matter freezes in and then
freezes out) produces almost the identical parameter space

to match the DM relic abundance. This is evident in the
right panel of Fig. 2, where relic abundance for starting
with an equilibrium value (labeled INDY) and starting with
a small abundance (labeled FIFO) produces nearly iden-
tical Qgecay Vvalues. We relegate a detailed discussion of
initial conditions and the relation to other phases of the
parameter space to our companion paper [31].

Model.—As proof of concept, we now present a model
that realizes INDY dark matter. Consider a U(1), gauge
theory with gauge coupling e;, two Dirac fermions y and y,
and a complex scalar H; with charges 0, 1, and 1,
respectively. The general renormalizable Lagrangian con-
tains masses for the fermion, a spontaneous symmetry
breaking potential for the scalar, and the Yukawa inter-
action

Lyukawa = _yH:l)_(l// +H.c. (12)
The field H, acquires a VEV through spontaneous sym-
metry breaking to real scalar field /,, which gives a mass
my, to the dark photon and sources a mixing term between
the fermions. This leads to interactions between v, y, and
the dark photon that yield decays and inverse decays.

Mapping to the parametrization of Egs. (10) and (6), we
have [33-35]:

yz((m)( - ml/l)z - m,%d)((m)( + mx//)2 + zmid)

327m,, (m, —m,)*

Qdecay —
(13)

and
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4 mf‘d 2 5
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0o = m‘” "l (14)
an 32x(my, %mid)z v

Large values of y and low values of e, correspond to large
Qgecay and represents solutions on the horizontal branch of
Fig. 1, while small values of y and large values of e,
correspond to large values of a,,, and represents solutions
along the vertical branch of INDY dark matter.

For dark matter masses at the MeV scale and above,
other processes such as co-scattering [10] with the dark
photon can make small corrections to the curves in Fig. 1.
On the horizontal branch, co-scattering plays no role as it
does not change the number of n, + n,, particles. INDY
dark matter requires large values of a,,,, which correspond
to large values of dark coupling e; ~ O(1072 — 1), result-
ing in the dark photon mass being similar to the mass
splitting between y and y. Since the ratio between the rates
of the co-scattering process and the inverse decay is
proportional to the dark photon number density, the rate
of the co-scattering processes decreases rapidly when
x~A~ m,/my , leaving the inverse decay as the dom-
inant process. Co-scattering with the scalar and co-anni-
hilation processes are small for similar reasons, and the
annihilation process of yy — A,A, is suppressed by y*. The
model can thus accommodate the INDY mechanism. As a
benchmark, for m, = 200 MeV, m, = 230 MeV, m A, =
27 MeV, m;,, = 60 MeV, ¢, = 0.32, y = 7.7 x 107, and
e = 10~* we obtain the observed relic abundance of DM
particles along the vertical INDY branch, evading current
constraints from BBN and cosmology [36-46] (the life-
times of ¢, hy, and A, are all smaller than ~1072 sec). Note
that the Yukawa coupling y is a technically natural
parameter of the theory. Equilibrium with the bath is
maintained via dark photon decay and inverse de-
cays, A; <> ete.

Phenomenology.—At the mechanism level, y does not
couple directly to the SM. In the model above, all
interactions of the y particle are suppressed by y ~ 1078,
and the couplings to the SM are further suppressed by
€ < 1. As aresult, direct detection of DM in the laboratory
and indirect detection of DM annihilations in the galaxy
will be highly suppressed, and thus INDY DM can be
expected to evade these conventional searches. For other
examples of exponentially small couplings to the SM from
coannihilations, see Refs. [47,48].

The dark photon can be searched for directly. Figure 3
shows the relevant parameter space for a visible decaying
dark photon. Existing limits are indicated in shaded gray
[36,45,49-56]. Solid curves indicate the lower limit on the
kinetic mixing parameter ¢ for given mass splitting A,
where we have fixed my, = 0.9Am,. Below the solid
curves, the SM and dark sector are not thermalized, while
to the right of the curve, one does not reproduce the DM
relic abundance since the annihilation rate is too small. As
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FIG. 3. Allowed dark photon parameter space. Solid colored

curves indicate the minimal kinetic mixing as a function of dark
photon mass within the model, for various values of mass
splitting A and with m,, = 0.9Am,. We show existing limits
[36,45,49-56] in shaded gray, with future projections [45,56—66]
indicated by the colored dashed curves.

is evident, the allowed parameter space is expected to be
probed by future experiments, indicated by the dashed
curves [45,56-66] (bounds and projections are taken from
the recent compilation in Ref. [42]).

Discovery of the INDY dark matter candidate can
hopefully be made via the direct production of the y
particle, which decays into y and either additional invisible
products or SM products. The y particle is typically long
lived; for sub-GeV INDY DM, the lifetime can vary from
O(mm) to O(10* km). In the model presented above, we
have the decay chain w — yA,, A; — ete™. This decay
chain can be searched for in beam dump experiments where
off-shell dark photons can be produced. A similar scenario
was recently considered in Ref. [56], which showed that
such decay chains can be probed in current and future beam
dump experiments such as NA62 [67-71], and SeaQuest/
DarkQuest/LongQuest [63,72,73].
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