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We observe a narrow peaking structure in the pK− invariant-mass spectrum near the Λη threshold. The
peak is clearly seen in 1.5 million events of Λþ

c → pK−πþ decay using the 980 fb−1 data sample collected
by the Belle detector at the KEKB asymmetric-energy eþe− collider. We try two approaches to explain this
structure: as a new resonance and as a cusp at the Λη threshold. The best fit is obtained with a coherent sum
of a Flatté function and a constant background amplitude with the reduced χ2 of 257=243 (p ¼ 0.25), while
the fits to Breit-Wigner functions are unfavored by more than 7σ. The best fit explains the structure as a cusp
at the Λη threshold, and the obtained parameters are consistent with the known properties of Λð1670Þ. The
observation gives the first identification of a threshold cusp in hadrons from the spectrum shape.
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Regions around the mass thresholds of two hadrons
have been of great interest for studies of exotic hadrons
such as Xð3872Þ and Pcð4312Þþ [1–3], which are found
near mass thresholds of two hadrons. These near-threshold

resonances could appear as threshold cusps instead of usual
smooth peaks with Breit-Wigner (BW) shape. A cusp,
defined as a discontinuity in the derivative of spectrum
function, always appears exactly at the threshold, and its
position does not reflect the pole position of a resonance
[4]. To understand the nature of a near-threshold behavior,
it is necessary to identify whether the peak structure is a
threshold cusp or usual peak of BW type. In principle, a
threshold cusp can be distinguished from a smooth peak
because the derivative diverges at the peak position, but
practically, experimental mass resolution often makes such

Published by the American Physical Society under the terms of
the Creative Commons Attribution 4.0 International license.
Further distribution of this work must maintain attribution to
the author(s) and the published article’s title, journal citation,
and DOI. Funded by SCOAP3.

PHYSICAL REVIEW D 108, L031104 (2023)
Letter

2470-0010=2023=108(3)=L031104(6) L031104-1 Published by the American Physical Society

https://orcid.org/0000-0002-9543-7971
https://orcid.org/0000-0002-8255-3746
https://orcid.org/0000-0002-5795-2243
https://orcid.org/0000-0003-2287-0173
https://orcid.org/0000-0002-1907-5964
https://orcid.org/0000-0002-1586-5790
https://orcid.org/0000-0003-2435-501X
https://orcid.org/0000-0002-5394-4406
https://orcid.org/0000-0002-6347-7055
https://orcid.org/0000-0003-3466-9290
https://orcid.org/0000-0003-0419-6912
https://orcid.org/0000-0002-1527-2266
https://orcid.org/0000-0003-0014-2589
https://orcid.org/0000-0002-5440-2668
https://orcid.org/0000-0003-1776-0439
https://orcid.org/0000-0001-8857-8621
https://orcid.org/0000-0001-6254-3594
https://orcid.org/0000-0001-5279-4787
https://orcid.org/0000-0003-2990-1913
https://orcid.org/0000-0002-5915-1319
https://orcid.org/0000-0002-2495-0524
https://orcid.org/0000-0002-2270-9673
https://orcid.org/0000-0001-7357-9007
https://orcid.org/0000-0002-0856-1131
https://orcid.org/0000-0003-2518-7134
https://orcid.org/0000-0002-1865-741X
https://orcid.org/0000-0002-8650-6058
https://orcid.org/0000-0003-4064-388X
https://orcid.org/0000-0002-8803-4429
https://orcid.org/0000-0001-7620-2053
https://orcid.org/0000-0002-7008-3759
https://orcid.org/0000-0003-1705-7399
https://orcid.org/0000-0002-1673-5664
https://orcid.org/0000-0003-2747-8277
https://orcid.org/0000-0003-3499-7948
https://orcid.org/0000-0001-9841-0216
https://orcid.org/0000-0001-7347-6585
https://orcid.org/0000-0001-6857-966X
https://orcid.org/0000-0001-8442-107X
https://orcid.org/0000-0001-7052-3163
https://orcid.org/0000-0001-9076-5936
https://orcid.org/0000-0002-5662-3675
https://orcid.org/0000-0003-3043-1939
https://orcid.org/0000-0002-5670-5582
https://orcid.org/0000-0001-8656-2693
https://orcid.org/0000-0002-5862-9739
https://orcid.org/0000-0002-7406-4707
https://orcid.org/0000-0002-8880-6134
https://orcid.org/0000-0003-2599-1405
https://orcid.org/0000-0002-8895-0128
https://orcid.org/0000-0001-8785-847X
https://orcid.org/0000-0001-8602-5652
https://orcid.org/0000-0002-1470-6536
https://orcid.org/0000-0002-5541-2278
https://orcid.org/0000-0002-5858-3187
https://orcid.org/0000-0002-2234-0001
https://orcid.org/0000-0002-6347-433X
https://orcid.org/0000-0002-5138-5903
https://orcid.org/0000-0002-4260-5118
https://orcid.org/0000-0002-1641-430X
https://orcid.org/0000-0002-4271-711X
https://orcid.org/0000-0003-2765-7072
https://orcid.org/0000-0002-2927-3366
https://orcid.org/0000-0002-3561-5633
https://orcid.org/0000-0003-1590-0266
https://orcid.org/0000-0002-9402-7559
https://orcid.org/0000-0001-7261-2557
https://orcid.org/0000-0002-9996-6336
https://orcid.org/0000-0002-1935-9887
https://orcid.org/0000-0003-2963-2565
https://orcid.org/0000-0001-8176-8545
https://orcid.org/0000-0002-7323-0830
https://orcid.org/0000-0002-5515-0087
https://orcid.org/0000-0002-6816-0751
https://orcid.org/0000-0001-5365-3716
https://orcid.org/0000-0002-4089-5238
https://orcid.org/0000-0003-0534-4710
https://orcid.org/0000-0002-2209-535X
https://orcid.org/0000-0002-5743-7698
https://orcid.org/0000-0001-8125-9070
https://orcid.org/0000-0002-4659-1112
https://orcid.org/0000-0001-9511-9634
https://orcid.org/0000-0002-9695-8103
https://orcid.org/0000-0002-6756-3591
https://orcid.org/0000-0002-8644-2349
https://orcid.org/0000-0003-2487-8080
https://orcid.org/0000-0001-5959-8172
https://orcid.org/0000-0003-0971-0968
https://orcid.org/0000-0001-8084-1931
https://orcid.org/0000-0002-4967-7675
https://orcid.org/0000-0002-1236-4667
https://orcid.org/0000-0002-6627-9708
https://orcid.org/0000-0002-6277-2626
https://orcid.org/0000-0003-1572-5365
https://orcid.org/0000-0001-9448-5691
https://orcid.org/0000-0001-9128-6806
https://orcid.org/0000-0003-0234-0474
https://orcid.org/0000-0002-7400-6013
https://orcid.org/0000-0003-3065-6118
https://orcid.org/0000-0002-9835-1006
https://orcid.org/0000-0002-3240-4523
https://orcid.org/0000-0001-5520-5394
https://orcid.org/0000-0002-7366-1307
https://orcid.org/0000-0002-4413-6247
https://orcid.org/0000-0003-2024-5649
https://orcid.org/0000-0002-1219-3247
https://orcid.org/0000-0003-2792-7511
https://orcid.org/0000-0003-3416-0056
https://orcid.org/0000-0001-5139-5784
https://orcid.org/0000-0002-7109-5583
https://orcid.org/0000-0003-4673-570X
https://orcid.org/0000-0002-2698-5448
https://orcid.org/0000-0002-7764-5777
https://orcid.org/0000-0002-6088-0412
https://orcid.org/0000-0002-7082-8108
https://orcid.org/0000-0002-0128-264X
https://orcid.org/0000-0003-4352-734X
https://orcid.org/0000-0002-2209-6969
https://orcid.org/0000-0001-6850-7666
https://orcid.org/0000-0002-7640-5456
https://orcid.org/0000-0003-3157-5328
https://orcid.org/0000-0001-8424-7075
https://orcid.org/0000-0003-0486-9291
https://orcid.org/0000-0002-1076-814X
https://orcid.org/0000-0002-7739-914X
https://orcid.org/0000-0003-1746-586X
https://orcid.org/0000-0001-9562-1253
https://orcid.org/0000-0001-6373-2346
https://orcid.org/0000-0003-4486-0064
https://orcid.org/0000-0002-7524-0936
https://orcid.org/0000-0001-7426-4824
https://orcid.org/0000-0001-7518-3022
https://orcid.org/0000-0001-7994-0537
https://orcid.org/0000-0001-6087-2052
https://orcid.org/0000-0001-6019-6218
https://orcid.org/0000-0003-4864-3411
https://orcid.org/0000-0002-4114-1091
https://orcid.org/0000-0002-8813-0437
https://orcid.org/0000-0001-9839-7373
https://orcid.org/0000-0003-1804-9470
https://orcid.org/0000-0001-6836-0748
https://orcid.org/0000-0002-6131-819X
https://orcid.org/0000-0002-9465-2493
https://orcid.org/0000-0002-1407-7450
https://orcid.org/0000-0002-4310-3638
https://orcid.org/0000-0001-5823-4393
https://orcid.org/0000-0002-4199-4369
https://orcid.org/0000-0003-3904-2956
https://orcid.org/0000-0002-9184-2830
https://orcid.org/0000-0002-7336-3246
https://orcid.org/0000-0002-2722-6953
https://orcid.org/0000-0003-4844-5028
https://orcid.org/0000-0002-8378-4255
https://orcid.org/0000-0002-1615-9118
https://orcid.org/0000-0002-4824-101X
https://orcid.org/0000-0002-4098-9592
https://orcid.org/0000-0002-1312-0429
https://orcid.org/0000-0002-9012-4618
https://orcid.org/0000-0002-8478-5639
https://orcid.org/0000-0001-9029-2462
https://orcid.org/0000-0002-9420-0091
https://orcid.org/0000-0002-5735-4059
https://orcid.org/0000-0001-8751-5944
https://orcid.org/0000-0002-8954-0585
https://orcid.org/0000-0002-0486-3896
https://orcid.org/0000-0002-9795-3582
https://orcid.org/0000-0001-8225-3973
https://orcid.org/0000-0001-6651-0706
https://orcid.org/0000-0003-3469-9377
https://orcid.org/0000-0001-6567-3036
https://orcid.org/0000-0002-4575-1997
https://orcid.org/0000-0003-4904-6168
https://orcid.org/0000-0002-4944-1830
https://orcid.org/0000-0003-3355-765X
https://orcid.org/0000-0002-3401-0480
https://orcid.org/0000-0003-3174-403X
https://orcid.org/0000-0003-3144-2920
https://orcid.org/0000-0002-7448-4816
https://orcid.org/0000-0002-0302-8151
https://orcid.org/0000-0003-0983-4936
https://orcid.org/0000-0001-7774-0363
https://orcid.org/0000-0001-6391-5118
https://orcid.org/0000-0002-0979-8341
https://orcid.org/0000-0001-5805-1255
https://orcid.org/0000-0001-6917-6694
https://orcid.org/0000-0002-5241-6628
https://orcid.org/0000-0002-0614-8773
https://orcid.org/0000-0002-4245-7442
https://orcid.org/0000-0002-2680-0474
https://orcid.org/0000-0003-0713-0871
https://orcid.org/0000-0001-8840-3346
https://orcid.org/0000-0002-1479-9349
https://orcid.org/0000-0002-1652-6686
https://orcid.org/0000-0002-4001-9748
https://orcid.org/0000-0001-7207-5122
https://orcid.org/0000-0001-6140-2044
https://orcid.org/0000-0002-0907-5565
https://orcid.org/0000-0002-8253-641X
https://crossmark.crossref.org/dialog/?doi=10.1103/PhysRevD.108.L031104&domain=pdf&date_stamp=2023-08-16
https://doi.org/10.1103/PhysRevD.108.L031104
https://doi.org/10.1103/PhysRevD.108.L031104
https://doi.org/10.1103/PhysRevD.108.L031104
https://doi.org/10.1103/PhysRevD.108.L031104
https://creativecommons.org/licenses/by/4.0/
https://creativecommons.org/licenses/by/4.0/


identification difficult [5]. Therefore, there are just a few
cases where threshold cusp is identified [6–10], and none of
them are from the spectrum shape.
In this paper, we report a newly discovered peaking

structure in the pK− mass spectrum near the Λη mass
threshold [11]. A trace of this peak structure is observed in
the previous analysis [12] of Λþ

c → pK−πþ decay using a
980 fb−1 data sample collected by the Belle Collaboration.
A similar structure is also seen by LHCb in the same Λþ

c
decay channel [13]. We approach this peak considering two
possible cases: a BW-type peak and a visible Λη threshold
cusp enhanced by the Λð1670Þ pole nearby.
If it is a BW-type peak, it suggests an existence of a new

resonance. In this regard, two theory groups independently
proposed a narrow Λ� resonance with spin 3=2 near the Λη
threshold [14,15] based on the pK− → Λη data [16], and
the peak could be due to this Λ� resonance in the Λþ

c →
pK−πþ decay as shown in Fig. 1(a). Such an exotic state is
not expected in the quark model, and thus it is important to
study the observed peak structure to see whether it is the
case or not.
On the other hand, a visible cusp can arise via the Λη

rescattering process in the Λþ
c → pK−πþ decay as shown

in Fig. 1(b). In this case, the Λð1670Þ could be involved in
the S-wave ηΛ − pK− rescattering. Therefore, the shape of
the peaking structure is determined by the properties of
Λð1670Þ such as partial widths of the Λð1670Þ into pK−

and ηΛ channels.
In this analysis, we use data collected by the Belle

detector at the KEKB asymmetric-energy eþe− collider
[17]. The data sample is taken at or near the ϒðnSÞ
(n ¼ 1–5) resonances. The Belle detector is a large-solid-
angle magnetic spectrometer consisting of a silicon vertex
detector [18], a central drift chamber, an array of aerogel
threshold Cherenkov counters, barrel-like arrangement of
time-of-flight scintillation counters, and an electromag-
netic calorimeter composed of CsI(Tl) crystals located
inside a superconducting solenoid coil with a 1.5 T
magnetic field. The detector is described in detail else-
where [19].
We also use samples of eþe− → cc̄ Monte Carlo (MC)

events to estimate reconstruction efficiencies and detector
performance. The MC simulation samples are generated
with PYTHIA [20] and EvtGen [21] and propagated by
GEANT3 [22].

The same event selection criteria as in the previous
Λþ
c → pK−πþ analysis [12] are used to reconstruct the

decay event from the charged p, K−, and πþ. The 1.5 ×
106 Λþ

c → pK−πþ decays are reconstructed with the event
selection criteria. For removing non-Λþ

c backgrounds, we
subtract events in the signal range, 2.2746<MðpK−πþÞ<
2.2986GeV=c2, by events in the sideband ranges,
2.2506 < MðpK−πþÞ < 2.2626 GeV=c2 and 2.3106<
MðpK−πþÞ<2.3226GeV=c2.
To improve the invariant-mass resolution on the

MðpK−Þ distribution, three daughter particles of the decay
are fitted to the common vertex point with the mass of Λþ

c .
After this mass-constraint vertex fit, detector responses at
1663.5 MeV=c2 on the MðpK−Þ distribution can be
represented by a double-Gaussian function with a common
central mean value. From a MC simulation, standard
deviations of the core and tail Gaussian functions are
determined to be 1.25 MeV=c2 and 2.50 MeV=c2, respec-
tively, and the yield of the tail Gaussian function is 0.193
of the core Gaussian function.
We estimate the reconstruction efficiency of Λþ

c →
pK−πþ decay using the MC sample. Owing to variations
of the estimated efficiencies on M2ðK−πþÞ and MðpK−Þ,
we correct the Λþ

c yields in individual bins of the two-
dimensional distribution ofM2ðK−πþÞ versusMðpK−Þ [23].
From the perspective of the pK− peak as a usual hadron

resonance structure, we perform a binned least-χ2 fit to the
efficiency-corrected MðpK−Þ distribution in the range of
1.54 GeV=c2 to 1.79 GeV=c2 with a nonrelativistic BW
function defined as

dN
dm

∝ jBWðmÞj2 ¼
����

1

ðm −m0Þ þ i Γ0

2

����
2

; ð1Þ

where m, m0, and Γ0 are the pK− invariant mass, the
nominal mass, and the resonance width, respectively [24].
The BW function is convolved with the double-Gaussian
function with fixed parameters to take into account detector
responses. The probability density function (PDF) for
background Λþ

c decay events is a fifth-order Chebyshev
polynomial function. Figure 2(a) shows the fit results using
the BW function. The mass and width are obtained to be
1662.4� 0.3 MeV=c2 and 22.6� 1.5 MeV, respectively,
where the uncertainties are statistical. The reduced χ2 is
1.35 (328=242).

A better reduced χ2 is obtained by adding a complex
constant to the nonrelativistic BW function coherently as
dN
dm ∝ jBWðmÞ þ reiθj2, where r and θ are real parameters,
and θ is fixed to π, leading to constructive interference below
the Λη threshold and destructive above that. Incoherent
background Λþ

c decay events are represented by a
third-order Chebyshev polynomial. Figure 2(b) shows the
fit results, including the interference. The mass, width, and r
are obtained as 1665.4� 0.5 MeV=c2, 23.8� 1.2 MeV,
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FIG. 1. Feynman diagrams for (a) a new Λ� resonance and (b) a
visibleΛη threshold cusp enhanced by theΛð1670Þ pole inΛþ

c →
pK−πþ decay.
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and 15.7� 2.1 GeV−1, respectively, where the uncertainties
are only statistical, with the reduced χ2 of 1.27 (308=243).
Here, reiθ represents an amplitude for the interference, and
even if the r is changed to another BW function that
represents nearby resonance, the fit results are consistent.
Another possibility is that the peak structure is a cusp at

the Λη threshold enhanced by the Λð1670Þ pole nearby. We
fit a nonrelativistic Flatté function [25,26] defined as

dN
dm

∝ jfðmÞj2 ¼
����

1

m −mf þ i
2
ðΓ0 þ ḡΛηkÞ

����
2

; ð2Þ

to the peak region, where m is the pK− invariant mass and
mf is a parameter corresponding to the nominal mass of
Λð1670Þ. The Γ0 is a parameter for the sum of the partial
widths of the decay modes other than Λη, and is approxi-
mated as a constant in the following analysis. In the formula,
ḡΛηk represents the partial decay width of the Λη channel,
where ḡΛη and k are the dimensionless coupling constant
and the decay momentum in the Λη channel, respectively.
Here, k becomes imaginary below the Λη threshold so as to
keep the analytic continuity. We also note that for ḡΛη ¼ 0,
Eq. (2) reduces to the BW function [Eq. (1)] with mf ¼ m0

and Γ0 ¼ Γ0.
Owing to the scaling behavior of the Flatté function [26],

we fix mf when we perform a fit and repeat the fit with
various mf values [5]. The signal PDF, Flatté function, is
convolved with the double-Gaussian function for detector
responses, and a fifth-order Chebyshev polynomial repre-
sents background Λþ

c decay events. Figure 3(a) shows the
results on ḡΛη and χ2 for each fixedmf. A strong correlation
between ḡΛη and mf is seen as expected from the scaling.
Typical fit results with fixed mf ¼ 1662.9 MeV=c2 and
1674.4 MeV=c2 are shown in Fig. 4.
The best fit is obtained by taking into account an

interference with another S-wave amplitude such as a tail
of Λð1405Þ. We take a constant, reiθ, as the amplitude for
these Λþ

c events, and add it to the Flatté coherently; here, θ
is simply fixed to π to represent the Λþ

c events distribution,
which drops rapidly above the Λη threshold, and variations
from the fixed θ are considered as a source of systematic
uncertainty.
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FIG. 2. Fits to the Λþ
c yield in MðpK−Þ spectra with (a) BW

function and (b) BW model to which a complex constant is
added. The curves indicate the full fit model (solid red), back-
ground Λþ

c decay events (long-dashed blue), (a) BW peak
(dashed green), and (b) BW model with complex constant added
coherently (dashed green). The Λη threshold is marked by the
vertical dashed lines. The bottom panels show the pull distribu-
tions of the fits.
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FIG. 3. ḡΛη and χ2 from Flatté model (a) without and (b) with
the interference as a function of fixed mf. The black square and
red circle markers indicate ḡΛη and χ2, respectively. Number of
degree of freedom is 242 for all fits in (a) and 243 for all fits in
(b). Uncertainty of ḡΛη is statistical.
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We perform a binned least-χ2 fit with the combined
function, dN

dm ∝ jfðmÞ þ reiθj2, by changing the fixed mf.
Incoherent background Λþ

c decay events are represented
by a third-order Chebyshev polynomial. As shown in
Fig. 3(b), a strong correlation between mf and ḡΛη is
still seen even when the interference is taken into account.
The best fit with the reduced χ2 of 1.06 ð257=243Þ is
obtained at mf ¼ 1674.4 MeV=c2, and the result is shown
in Fig. 5. Γ0, ḡΛη, and r are determined to be
27.2� 1.9 MeV, 0.258� 0.023, and 29.2� 3.4 GeV−1,
respectively, where the uncertainties are only statistical.
The partial width, ΓΛη, of the Λη channel is calculated as
the product of ḡΛη and q0Λη, which is the center-of-mass
momentum of Λη at m ¼ mf. Then, the total width, Γtot,
defined as a sum of Γ0 and ΓΛη is obtained to be
50.3� 2.9 MeV, where the uncertainty is only statistical.
We estimate the systematic uncertainties for ḡΛη and Γ0 of

the Flatté model with a constant added coherently. These
systematic uncertainties are listed in Table I. We change the
bin size of the MðpK−Þ distribution to 2 MeV to check the
effect of binning. Systematic uncertainty from the mass
resolution is estimated by increasing or decreasing the mass
resolution by 20%. The effect of the absolute mass scaling
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FIG. 4. Fits with Flatté function when mf is fixed to
(a) 1662.9 MeV=c2 and (b) 1674.4 MeV=c2. The curves indicate
the full fit model (solid red), Flatté function (dashed green), and
background Λþ

c decay events (long-dashed blue).
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FIG. 5. Fit to the Λþ
c yield in MðpK−Þ spectrum with Flatté

model to which a complex constant is added coherently with
mf ¼ 1674.4 MeV=c2 and θ ¼ π being fixed. In the upper
panel, the curves indicate the full fit model (solid red), Flatté
function with complex constant added coherently (dashed
green), and incoherent background Λþ

c decay events (long-
dashed blue). The middle panel shows the breakdown for
jf þ reiθj2; the curves indicate the full function (thin solid
black), jfj2 (thick solid red), jreiθj2 (long-dashed green), and
the interference term (dashed blue). The detector response is not
taken into account. The bottom panel shows the pull distribution
of the fit.

TABLE I. Systematic uncertainties in Γ0, ḡΛη, and Γtot from
Flatté fit for the pK− peak structure.

Source Γ0 (MeV) ḡΛη (×10−3) Γtot (MeV)

Bin size �0.0 �3 �0.3
Detector resolution þ0.3;−0.4 þ7;−6 �0.2
Absolute mass scale �0.8 þ5;−6 �1.3
Fit range þ1.1 −36 þ0.8;−2.4
Efficiency correction �0.6 �8 �0.2
PDF model þ3.5;−4.9 þ9;−29 þ3.4;−6.4
θ �3.3 �59 �2.0
Interference �0.6 �33 �3.6

Total þ5.1;−6.0 þ69;−82 þ5.5;−8.1
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is estimated by shifting the overallMðpK−Þ distribution by
�0.2 MeV=c2, which is a difference between a measured
Λþ
c mass and the world-average value [27].
We vary the fit range to estimate the systematic uncer-

tainty from the choice of the fit range. The same PDFs are
used for fitting to a narrow range from 1.55 to 1.78 GeV=c2.
In the wide fit range from 1.48 to 1.8 GeV=c2, the peak
structure of Λð1520Þ appears and is represented by a D-
wave relativistic BW function convolved with a double
Gaussian function to represent detector responses.
Background Λþ

c events are represented by a seventh-order
Chebyshev polynomial. The largest differences in the fit
results are considered as the systematic uncertainty from
the fit range. A systematic uncertainty from the efficiency
correction is estimated by performing a fit to the MðpK−Þ
distribution without the efficiency correction. We repeat
the fit with the θ set to free to estimate the systematic
uncertainty from the fixed θ.
To estimate a systematic uncertainty due to the PDF

modeling, we perform the fit with various PDFs. The PDF
for the incoherent Λþ

c decay events is changed to second-
and fourth-order Chebyshev polynomials. A D-wave rela-
tivistic BW function to represent a possible hidden peak
structure of Λð1690Þ is added to the background PDF, and
the yield ratio between Λð1670Þ and Λð1690Þ is varied
from 0 to 1 according to Ref. [13]. We also change the
nonrelativistic Flatté function to a relativistic form. In
addition, we study a case where all the background Λþ

c
decay events are coherent. The total PDF is changed to
jfðmÞ þ

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
ðp0 þ p1mþ p2m2 þ p3m3Þ

p
eiθj2, where pis

(i ¼ 0, 1, 2, and 3) and θ are free parameters. The largest
differences in the fit results of the PDF models are taken as
the systematic uncertainty from the PDF model.
This one-dimensional fit strategy is validated with an

amplitude analysis, which includes other resonances that
can interfere with Λð1670Þ, over the full-phase space,
similarly to Ref. [13]. We conservatively account for the
difference between the one-dimensional fit results and the
amplitude analysis results, with Flatté model for Λð1670Þ,
as a source of systematic uncertainty. This systematic
uncertainty, labeled interference in Table I, includes inter-
ference effects with higher partial waves.
In the Flatté fit, the reduced χ2 is improved when the

interference term is added, as it reproduces the drop of the
background level around the peak structure. It indicates a
significant interference with the background S-wave ampli-
tude. Here we note that resonances in higher partial waves
would not affect the cusp shape, because the discontinuity in
the higher partial waves appears only in the second or higher
derivatives, and the interference with S-wave vanishes with
an integral over the solid angle. In addition, in both of the
Flatté and BW cases, when events that do not overlap with
K�ð892Þ are selected in theM2ðK−πþÞ range, the fit results
are not significantly changed, meaning that the interference
with K�ð892Þ does not affect our conclusion [23].

The value ofmf that gives the best χ2 is 1674.4 MeV=c2,
which is consistent with the recent measurement of
Λð1670Þmass, 1674.3� 0.8� 4.9 MeV=c2 [28]. The total
width at mf ¼ 1674.4 MeV=c2 is estimated as 50.3�
2.9þ5.5

−8.1 MeV and is also consistent with the recent meas-
urement, 36.1� 2.4� 4.8 MeV, within 1.4σ of the total
uncertainty. In order to determine partial widths of Λη and
pK− and the Flatté parameters more accurately, a simulta-
neous-fit analysis with the Λð1670Þ peak structure in the
Λη distribution is required.
The fit result with the Flatté function to which the

constant is coherently added shows the best reduced χ2 of
1.06 (257=243, p ¼ 0.25), in contrast to 1.27 (308=243,
p ¼ 3.1 × 10−3) from the best BW fit. In particular, the
Flatté function reproduces the shape near the peak point
better than the BW function. These results show that the
present peaking structure is explained better by a threshold
cusp than to a new hadron resonance by more than 7σ. This
gives the first identification of a threshold cusp in hadrons
from the spectrum shape. In the cusp interpretation, the
structure near the Λη threshold is explained without the
need of a new resonance. We also note that LHCb
explained the structure using a BW function with fixed
mass and width [13]. A small deviation is observed near the
peak structure, but not considered to be significant.
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