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An ensemble data-learning approach based on proper orthogonal decomposition (POD) and Galerkin projection
(EnPOD-GP) is proposed for thermal simulations of multi-core CPUs to improve training efficiency and the
model accuracy for a previously developed global POD-GP method (GPOD-GP). GPOD-GP generates one set of
basis functions (or POD modes) to account for thermal behavior in response to variations in dynamic power
maps (PMs) in the entire chip, which is computationally intensive to cover possible variations of all power
sources. EnPOD-GP however acquires multiple sets of POD modes to significantly improve training efficiency
and effectiveness, and its simulation accuracy is independent of any dynamic PM. Compared to finite element
simulation, both GPOD-GP and EnPOD-GP offer a computational speedup over 3 orders of magnitude. For a
processor with a small number of cores, GPOD-GP provides a more efficient approach. When high accuracy
is desired and/or a processor with more cores is involved, EnPOD-GP is more preferable in terms of training
effort and simulation accuracy and efficiency. Additionally, the error resulting from EnPOD-GP can be precisely
predicted for any random spatiotemporal power excitation.

1. Introduction

Associated with aggressively downscaled technology nodes, the
power density of semiconductor chips is continuously increasing [1],
which therefore results in higher thermal gradients and more and
higher-temperature hot spots in the semiconductor chips and degrades
their performance and reliability [2,3]. In addition, higher heat dissi-
pation induced by the increased power density imposes a significant
challenge to the cooling system of semiconductor chips [4], which
in turn makes the thermal issues more severe. To maintain high
performance and prolong their lifespan, dynamic thermal management
has been implemented to reduce chip temperature and suppress hot
spots [5,6]. This however requires an accurate and efficient prediction
of the dynamic thermal profile in the chips with high resolution to
capture all crucial hot spots. Many approaches have been employed
for thermal simulations of semiconductor chips. For instance, direct
numerical simulations (DNSs) based on the finite element method
(FEM), finite difference method (FDM) or finite volume method (FVM)
offer temperature solutions of semiconductor chips accurately. Due
to a required large number of degrees of freedom (DoF), DNSs are

computationally intensive and prohibitive for dynamic thermal man-
agement for large-scale semiconductor chips. To satisfy the demand of
efficiency, several other approaches are developed including thermal
circuit models [7-10], the Green’s function method [11], machine
learning based approaches [12,13], etc., by sacrificing accuracy and/or
resolution of temperature solutions.

The block model of HotSpot [9], one of the popular thermal cir-
cuit models, realizes high efficiency by using large lumped thermal
elements, which consequently results in low resolution and inaccurate
temperature solutions. For some floorplans, the block model of HotSpot
even leads to a 200% error, compared with DNSs [14]. The grid
model of HotSpot [7] was thereby developed to improve the accuracy
through dividing each functional unit (FU) of semiconductor chips into
much smaller elements, and it inherently becomes computationally
time-consuming similar to an FDM. For the Green’s function method,
temperature solutions are obtained through the convolution of the
power map (PM) with the Green’s function. The Green’s function is the
spatial impulse response to a unit point power source with an assump-
tion that the chip is infinitely large. It is therefore difficult to take into
account boundary conditions (BCs) for a realistic semiconductor chip
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with a finite dimension [13,15]. Although the method of image has
been used to address the issue, it is only valid for adiabatic BCs [11].
Moreover, it is hard to implement the Green’s function method for
transient thermal simulations [13,16]. To overcome this limitation,
effort has been made such as the power blurring method [11]. In
addition, applying the Green’s function method to 3D dynamic thermal
simulations still remains challenging. Due to the simplicity, machine
learning approaches have become popular in recent years for thermal
simulation of semiconductor chips [12,13,17]. It is however difficult to
implement high spatial resolution in these approaches that would re-
quire extremely intensive training [17], especially in large-scale chips.
Furthermore, due to the absence of any physical guidance, machine
learning based approaches usually perform poorly in extrapolation
cases.

Due to the ability to accomplish high accuracy, efficiency and
resolution simultaneously, data-learning approaches enabled by proper
orthogonal decomposition (POD) [18,19] have been attracting more
attentions in recent years, especially in large-scale numerical simu-
lations [20-22]. Using the POD, the problem of interest is projected
from the physical space onto a POD space that is represented by a
finite set of basis functions (or POD modes). The POD modes are
extracted/trained by solution data collected from DNSs subjected to
variations of spatiotemporal heat excitations and BCs. The heat transfer
equation is then projected onto the POD modes to close the model using
the Galerkin projection (GP) that also incorporates the fundamental
physical principles of heat transfer into the model. This rigorous POD-
GP simulation methodology generates an optimal set of POD modes
that are tailored to capture essential thermal behavior induced by
variations of spatiotemporal heat excitations and BCs. Together with
the physics-based guidance enforced by the GP, the POD-GP method-
ology thus offers a very accurate and efficient prediction of dynamic
thermal simulations of semiconductor chips at different levels if the
quality of the solution data is adequate. POD-GP based approaches have
been successfully applied to steady-state and dynamic thermal simu-
lations of semiconductor devices [23,24], integrated circuits [25-27],
interconnects [28] and microprocessors [29-31].

A global POD-GP thermal model (hereafter GPOD-GP) using the
POD modes trained for an entire chip has been demonstrated in pre-
vious studies [29-31]. Using 5 modes in GPOD-GP, a speedup over
17,000 times was achieved in a multi-core processor with a high
accuracy [29], compared to DNS via FEniCS using the FEM (FEniCS-
FEM) [32]. However, an extensive training effort is needed for GPOD-
GP to ensure good data quality and to cover enough spatial variation of
dynamic PMs to maintain its accuracy, which becomes prohibitive for
a large-scale chip. In this study, accuracy and robustness of GPOD-GP
is first examined in a quad-core CPU, AMD ATHLON II X4 610e [33].
Based on the findings, GPOD-GP is revised and the ensemble POD-GP
model (EnPOD-GP) is proposed to improve the training efficiency and
simulation accuracy.

Fig. 1(a) depicts the workflow of EnPOD-GP training, including data
collection from DNSs, generation of model parameters and develop-
ment of EnPOD-GP. EnPOD-GP trains an individual POD-GP model
(IPOD-GP) for the power source provided by each FU of a multi-core
CPU using the temperature solution data of the entire CPU induced
by the FU. Thus, there are a total of N, sets of POD modes, each
of which is trained independently to construct EnPOD-GP, and there
is no need for a training PM of the entire CPU. In contrast, GPOD-GP
generates one set of global POD modes accounting for power sources
in all FUs in the entire CPU to capture spatial variation of the power
density provided by several dynamic PMs. With N, IPOD-GP models
generated, an EnPOD-GP model is constructed for the multi-core CPU,
as shown in Fig. 1(a). The temperature solution of the multi-core CPU
can then be obtained by EnPOD-GP via the solution (7,,(F,)) predicted
by each of the Ny, IPOD-GP models, as shown in Fig. 1(b). To be
more specific, T,(7,t) of the nth IPOD-GP model induced by the nth
power source P, is solved first for the entire CPU, and the dynamic
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Fig. 1. Workflow of (a) training for each of IPOD-GPs to construct the EnPOD-GP
model, where no PM is needed, and (b) temperature prediction using EnPOD-GP for a
multi-core CPU subjected to a dynamic PM with the spatial distribution, P, — Py_ . n
denotes the nth FU and N is the total number of FUs.

temperature in the entire space T'(7, 1) is then the sum of all T, (7, ) based
on the superposition principle. Note that either GPOD-GP or EnPOD-GP
solves the dynamic solution in its POD space first before calculating the
spatiotemporal temperature in the entire chip. The details described in
Fig. 1 will be presented in the following sections.

2. Global POD-Galerkin-Projection model

For the POD-based approach, the temperature solution is given by
a linear combination of the POD modes ¢;,

M

TG0 = Y, a;(09;(). €]
j=1

where a; is the weighting coefficient and M is the selected number of

modes. The POD mode is generated by maximizing the mean square

inner product of the thermal solution with the POD mode, which

thereby leads to an eigenvalue problem [18]

/ (TEHQTF . 0))p(F)dQ' = Ap(P), 2
Ql

where (-) denotes an average process over the sampled solution data,
® is the tensor operator and 4 is the eigenvalue representing the mean
squared temperature captured by ¢(¥). To close the model, a set of
equations for ¢; need to be derived. This can be achieved by the GP
of the heat transfer equation onto each of the generated POD modes

0pCT
/(ca,(?)—pa + Vo) - kVT)dQ =
° t ©)
/ @, (AP, (F.1)dQ — / @;(FA(—kVT - #)dS,
Q S

where j = 1 to M, and k, p and C are material properties of chips
(i.e., the thermal conductivity, density and specific heat, respectively),
P,(#,1) is the interior power density, S is the boundary surface and 7 is
its outward normal vector.

By incorporating (1), (3) can be expressed as a set of ordinary
differential equations (ODEs) for a s
M ga M
Z:Ci,jd_;"';gi,jaj:ﬂ*i:ltOM’ 4)
where ¢, ;, g;; and P, are the elements of the thermal capacitance
matrix, thermal conductance matrix and power vector in the POD
space, respectively. c; ; is defined as

ci’j=LpC¢i¢de. 5)
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Table 1 Table 2
Percentage distribution of power consumption. Benchmark assignments for the generation of PMs [36].
PM Core 1 Core 2 Core 3 Core 4 Other units PM Core 1 Core 2 Core 3 Core 4
1 16.2% 17.5% 16.2% 31.8% 18.3% 1 Radix Soft Monte Carlo 2D heat Adv. Diff.
2 16.9% 18.3% 16.2% 29.5% 19.1% 2 Monte Carlo 2D heat Adv. Diff. Radix Soft
3 15.6% 16.7% 35.7% 14.5% 17.5% 3 2D heat Adv. Diff. Radix Soft Monte Carlo
4 16.0% 17.0% 39.0% 10.0% 18.0%
Y, (mm) B 0

As indicated by (5), ¢;; are independent of BCs while g;; and P,
are dependent on BCs. In this work, adiabatic and convective BCs
are implemented to the boundary surfaces of the chip. For adiabatic
boundary surfaces where the heat flux is zero, g;; and P; can be given
as

8= / kVo,-Vp,dQ, P, = / @, P;(F,)d Q. (6)
Q Q
As to convective boundary surfaces, the heat flux on the surfaces is

described by

KV i =k SL = W = T, @)
n

where 4 and T, are the heat transfer coefficient and ambient temper-

ature, respectively. Plugging (7) into (3), g;; and P, for the convective

BC become

g‘-yj=/kV(pi'V(pde-l-/h(P,'(deSv ®)

Q S

and

P = / @ Py(F.0d Q2 + / hep;Topd'S. ©)
Q S

For GPOD-GP, the modes are trained by thermal data collected from
FEniCS-FEM responding to applied PMs and BCs in the entire chip
using a mesh with a grid number of 382,500 (i.e., 150 x 150 x 17
in x, y and z directions, respectively) and the grid size of 0.094 x
0.081 x 0.046 mm>. To examine the model, four dynamic PMs with
different spatial distributions given in Table 1 are generated for the
selected multi-core CPU. PMs 1 to 3 are generated by gem5 [34] and
MCcPAT [35] using four selected benchmarks (Radix Soft, Monte Carlo,
2D heat and Advection Diffusion) [36]. The power distributions of PMs
1-3 are determined by the assignment of the benchmarks, as shown in
Table 2. Notes that uniform power consumption is generated in each FU
labeled in Fig. 2 for Cores 1-4, L2 Caches 1-4 and Northbridge only.
MCcPAT does not generate power dissipation in I/0 or DDR3 Channels
due to gem5 limitations. There are thus 9 FUs in total. PM 1 is used to
train one set of POD modes for the entire multi-core CPU. PMs 2 and
3 are test PMs, where PM 2 is slightly deviated from PM 1 but power
applied to Cores 3 and 4 of PM 3 are very different from those in PM
1. As given in Table 1, the Core 3 power consumption in PM 3 is more
than double of that in PM 1, and the Core 4 power consumption in PM
3 is less than half of that in PM 1. Two GPOD-GP models are developed
in this work:

* GPOD-A: using data generated from PM 1
» GPOD-B: using data generated from both PMs 1 and 4.

PM 4 is created manually as an additional GPOD-B training PM, whose
power in each of Cores 3 and 4 is selected such that power percentages
of Cores 3 and 4 in PM 3 fall between those of the GPOD-B training
PMs (i.e., PMs 1 and 4), as seen in Table 1. The power percentages in
other cores/FUs PM 4 are similar to those in PM 1. This setting creates a
simple scenario to examine the leaning ability of GPOD-B influenced by
PM 3 that leads to dynamic thermal behavior bounded by the training
data resulting from PMs 1 and 4.

The training procedure for obtaining POD modes and eigenval-
ues was detailed in the first two paragraphs of Section 2 and pre-
sented [30]. The theoretical least square (LS) error of GPOD-GP against

| 8 10 12
0 2 gla 6 14

Fig. 2. Floorplan of AMD ATHLON II X4 610e CPU including localized high-power
densities (red boxes with a size of 0.7 x 0.75 mm?).

DNS can be estimated by [30]

Ny Ny
z ,1,/2;/1., (10)
iz

Jj=M+1

Errtheo =

where N; is the number of data samples. As a counterpart to the
theoretical LS error, the numerical LS error is estimated by

N, 5=
! e2(F,t,)dQ
Err,,, = 2'71 fQ ’ an

- 2 ’
Z?’:’l f.Q [T(r’ ti) - Tamb] dQ

where N, is the number of selected time steps in the thermal prediction,
T(F,t;) is the temperature solution from FEM which is used as the
baseline in this work, e(7, #;) is the temperature difference between FEM
and GPOD-GP (or EnPOD-GP in Section 3) at the ith time step. Fig. 3
shows that the ideal LS error of GPOD-A is approximately half of GPOD-
B’s error until it is near 0.00003% beyond 80 modes. This is because
the eigenvalue of GPOD-A decreases faster, as shown in Fig. 4, due to
less information provided by the training data for GPOD-A.

It should be noted that the error predicted by (10) is accurate only
if the quality of the training data is sufficient. The training data qual-
ity is predominantly influenced by (i) numerical accuracy of training
temperature data collected from DNSs and (ii) the deviation between
the training and testing simulations. The former is influenced by the
numerical method and grid resolution implemented in DNSs; the latter
in this work is determined by how well the PM in simulation is covered
by the training PMs. With inaccurate numerical training data, the POD
parameters in (4) cannot be estimated accurately. Accuracy of GPOD-
GP is thereby deteriorated, which is extensively studied in [30,31].
When the simulation setting deviates from the training condition (influ-
enced by PMs), the training is incomplete or inadequate and the error
is always large with a small number of modes, which is investigated
below.

To observe the learning ability of GPOD-GP influenced by the
training data quality, GPOD-A simulations are demonstrated below
using PMs 1 to 3. Fig. 3 shows that the LS training error of GPOD-A
(i.e., using the training PM, PM 1, in simulation) is nearly identical
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Fig. 4. Eigenvalues derived from GPOD-A, GPOD-B, EnPOD-A and EnPOD-B.

to Err,,,, and stays near 0.01% beyond 35 modes due to computer
precision. When applying PM 2 (whose power distribution is slightly
different from PM 1; see Table 1), use of 3, 5, 11 or 15 modes leads to
an LS error near 3.5%, 2.2%, 1.1% or 0.72%, respectively. The error
reaches 0.069% with 99 modes and continues declining. When using
PM 3 (very different power consumptions in Cores 3 and 4 from PM
1), its LS error becomes nearly an order larger, and it needs 52 modes
to reach 2.2% (only 5 modes for the case using PM 2). The error from
PM 3 reaches 0.69% with 99 modes and still continues decreasing.
Even with inadequate training for GPOD-A subjected by PM 3, GPOD-A
clearly demonstrates its learning ability in this case to perform accurate
extrapolation when more modes are included.

The above findings resulting from the GPOD-A demonstration indi-
cate that the training data quality is the key to offer both high accuracy
and efficiency for GPOD-GP. When using the training data (collected
from the stimulation subjected to PM 1) that provides nearly perfect
data quality for GPOD-A, the LS error is as small as the ideal error
given in (10), as depicted in Fig. 3. For the simulation using PM 2, the
training data quality resulting from PM 1 is still sufficient to offer an
accurate prediction with just around 5 modes. The quality of the same
data from PM 1 is however insufficient for the simulation using PM 3,
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which thus leads to an LS error near 29% with 5 modes. However, even
with an incomplete training leading to a poor data quality, GPOD-A
using PM 3 still demonstrates its learning ability to perform accurate
extrapolation far beyond its training setting when 50 or more modes
are included. Such a remarkable learning ability stems from the GP
in (3) that enforces physical principles of heat transfer in (4). To further
validate the learning ability associated with the data quality, PM 3 is
implemented in GPOD-B simulation, where PM 3 is within the bounds
of PMs 1 and 4 that are both used to train GPOD-B. Fig. 3 illustrates the
LS error induced by GPOD-B is greatly improved, which reaches 2.6%
with 5 modes and 2.2% with 6 modes. It becomes even smaller than
GPOD-A’s error with PM 2 beyond 9 modes.

As demonstrated in Fig. 3, although GPOD-GP thermal model is
able to reach a high accuracy and efficiency, multiple dynamic PMs
are needed in the training to cover enough variation of the power
distributions over all the cores. For CPUs/GPUs with a large number
of cores, the training then becomes computationally prohibitive.

3. Ensemble POD-Galerkin-Projection model

To improve the GPOD-GP accuracy and training efficiency, the
EnPOD-GP thermal simulation methodology is proposed in this work.
Unlike GPOD-GP that trains one global set of modes for the entire
chip, EnPOD-GP trains Ny sets of POD modes, and each represents
an IPOD-GP model for the entire processor excited only by the power
source(s) in an FU. Similar to GPOD-GP, the modes of IPOD-GP for each
power source are generated and optimized by maximizing the mean
square inner product of the mode with the temperature solution data
collected from DNS of the entire chip subjected to the corresponding
power source. Therefore, for the nth IPOD-GP of the nth power source,
the eigenvalue problem becomes

/,<Tn(7, N T, , 1)), )d2 = 4,0,(, 12)
Q

where ¢,(F) and 4, are the modes and eigenvalue of nth IPOD-GP.
Once ¢,(F) are determined, the temperature induced by the power
consumption in the nth power source can be given by

Mn
TG0 =Y 4,09, 13)
j=1
where M, is the number of modes of the nth power source.
To obtain a;,(r), as GPOD-GP does, the heat transfer equation is
projected onto the POD space represented by the modes of the IPOD-GP

for the nth power source
dpCT,
/ (p /4,;1(?) E) !

0 t

/ 0 n(P Py, (.12 ~ / 0 u(P(=kVT, - DS,
Q S

+ Vg, () - kVT,)dQ2 =
14

where P, ,(7.1) is the interior power density in the nth power source.
Together with (13), (14) can be rewritten as a set of ODEs

M, da. M,
n Jn n — P —
E < o + E 8 jjn= Py i = ltoM,,

Jj=1 Jj=1

(15)

where [ o and P,, are the parameters of the IPOD-GP for the nth
power source, and their expressions are identical to those given in (5)-
(9). By solving (15), a;,() are determined, and temperature caused
by the nth power source is given by (13). Based on the superposition
principle, the dynamic temperature solution of the entire processor is
then the sum of temperatures derived from all the IPOD-GP models,
ie.,
Nry Npy My,

TEN= Y T,E0= Y Y a,00,0,
n=1

n=1 j=1

(16)
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Fig. 5. LS errors of EnPOD-A and EnPOD-B vs. number of modes per FU.

where the indices denote the jth mode of the nth FU. In this study,
M, = M for all units. The equivalent jth-mode eigenvalue considering
all FUs in EnPOD-GP is defined by

Nru

A= N 4w, a7)
n=1

where w, is the area fraction for the nth FU over the chip area. Using
/1;", the theoretical LS error of EnPOD-GP can be estimated from (10).

Since each FU in EnPOD-GP is trained by the power source in the
corresponding FU independently of other FUs, there is no training PM
needed for entire processor and the training becomes more effective.
To demonstrate this, 2 EnPOD-GP models are constructed. EnPOD-A is
trained by a random uniform power density in each FU and EnPOD-B by
the same except for Core 4 where 4 localized high-power densities (1 to
3 times higher than the uniform level) shown in Fig. 2 are added to the
uniform power. Note that, since EnPOD-A is not exposed to localized
high power density in the training, it only works well for the cases
where power source in each FU is uniform. EnPOD-B is generated to
examine the EnPOD-GP’s ability to capture accurate hot spots induced
by localized high-power injections. Moderate variation of the high-
power injections in one core is implemented in the training. The same
mesh size for GPOD-GP is used for training EnPOD-A but a finer mesh
of 256 x 256 x 17 with a grid size of 0.055 x 0.047 x 0.046 mm? is
applied for EnPOD-B with localized high power densities. Also, since
only moderate variation of the high-power injections is implemented in
one core during the training, Fig. 4 shows that EnPOD-B’s eigenvalue
declines only slightly slower than that of EnPOD-A. Compared with the
eigenvalues of GPOD-A and GPOD-B, due to more effective training,
eigenvalues of both EnPOD-A and EnPOD-B shown in Fig. 4 decrease
significantly faster than those of GPOD-A and GPOD-B. Thus, Err,,,
of both EnPOD-GP models illustrated in Fig. 5 decline relatively fast
compared to both GPOD-GP models in Fig. 3.

Note that the LS error of EnPOD-A shown in Fig. 5 is nearly
independent of the PMs because each of its IPOD-GP models is trained
independently without the need of training PM. In addition, the LS
error is accurately predicted in terms of the number of modes (i.e., the
DoF that determines the computational time) by (10) using /1;" until
8 modes and stays near 0.009% beyond 10 modes due to computer
precision. This is very different from thermal circuit models or machine
learning methods where the error cannot be predicted. Because of
localized high power densities included in EnPOD-B, Fig. 5 reveals
that its Err,,,, is slightly larger than EnPOD-A’s. To examine EnPOD-
B, PMs 1-3 are applied, together with additional localized high-power
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densities injected at 4 locations in Core 4, as shown in Fig. 2. The
localized high power densities increase local thermal gradients, which
thus deteriorates the prediction accuracy. When they are applied to
higher power regions, thermal gradients are further enhanced. The
uniform power of Core 4 (where the localized high power density is
applied) in PMs 1 and 2 are more than double of that in PM 3 (see
Table 1). As a result, EnPOD-B induced by PMs 1 or 2 using 1 to 3
modes/FU leads to an LS error nearly double of that resulting from
PM 3. However, because of the learning ability guided by physical
principles incorporated via the GP given in (14), the LS errors of
EnPOD-B resulting from all these 3 PMs, together with the localized
high power densities, reduce drastically and merge gradually beyond 3
modes/FU. Their LS errors become less than 1% with 4 modes/FU and
all equal 0.58% with 5 or more modes/FU.

The LS error resulting from EnPOD-B induced by localized high-
power densities is however relatively large, compared to those from
EnPOD-A. For example, EnPOD-A reaches an LS error of 0.31% with
just 4 modes/FU. The relatively large LS error from EnPOD-B mainly
arises from the less accurate numerical training data due to the high
thermal gradients induced by localized high-power excitations. This
is similar to the observation in [30] that demonstrated a significant
improvement in the POD-GP accuracy by replacing a coarser-mesh
training in DNS with a finer mesh in a situation with high thermal
gradients. This is however very different from the incomplete training
presented in Fig. 3, where the numerical accuracy in training data is
high enough and physical principles of heat transfer enforced by the
GP allow the incompletely trained POD modes to perform sophisticate
extrapolation to reach high accuracy. On the contrary, less-accurate
numerical training data for EnPOD-B resulting from high thermal gra-
dients leads to a constant LS error, as observed for EnPOD-B in Fig. 5.
This constant LS error is induced by the less-accurate POD modes
generated by less-accurate numerical training data. Nevertheless, LS
errors of EnPOD-B subjected to various PMs all merger to a very small
value with a handful of modes. This demonstrates that EnPOD-GP is
resilient to various PMs even in situations where localized high-power
densities are applied. It should be noted that implementation of a finer
mesh in EnPOD-B will further improve the accuracy without increasing
its computing time, as suggested by the study in [30]; however more
training effort will be needed.

More detailed solutions from GPOD-A, GPOD-B, EnPOD-A and
EnPOD-B subjected to PM 3 are compared to results from FEniCS-FEM
in Figs. 6 and 7. In Fig. 6, the temperature evolution at the intersection
of Path A and B indicated in Fig. 2 shows that all of POD-GP models
with 3 or more modes provide accurate dynamic temperature. Note
that the dynamic temperature predicted by GPOD-A subjected to PM
3 happens to be reasonably accurate at this intersection located at
(3.61 mm,3.16 mm) even though the overall LS error for this case is
close to 25% with 3 modes, as shown in Fig. 3, due to inadequate
training data quality for GPOD-A subjected to PM 3. The large error
for GPOD-A subjected to PM 3 is clearly observed in Fig. 7(a) and (b),
where the LS error is as large as 20% when 7 modes are included (see
Fig. 3). Compared with GPOD-A that is trained only from temperature
data induced by PM 1, GPOD-B is generated via a more thorough
training using temperature data influenced by PMs 1 and 4. GPOD-
B with 3 or more modes therefore reaches a very good agreement
with FEniCS-FEM, as shown in Figs. 6(b) and 7(c)-(d), although very
small deviations are still observed in some locations, for instance, near
50 mm < y < 6.5 mm in Fig. 7(d). The substantial improvement
for GPOD-B is due to the better data quality for PM 3. Fig. 7(e)—(h)
also confirm the excellent agreement given in Fig. 5 between EnPOD-
A/EnPOD-B using 3 or more modes per FU and FEniCS-FEM. Fig. 5
shows that use of 3 modes per FU in EnPOD-A or EnPOD-B reaches
an LS error near 0.58% or 0.78%, respectively. For GPOD-B, 13 or 17
modes are needed, respectively, as indicated in Fig. 3.

To offer better visualization of the thermal profiles presented in
Fig. 7, thermal maps for these profiles resulting from POD-GP models
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Fig. 6. Dynamic temperature at the intersection of Paths A and B given in Fig. 2
predicted by (a) GPOD-A, (b) GPOD-B and (c) EnPOD-A and (d) EnPOD-B and HotSpot,
compared with FEniCS-FEM. All simulations here are performed subjected to PM 3, and
EnPOD-B simulation includes additional localized high power densities.

and FniCS-FEM at ¢ = 20 ms are illustrated in Fig. 8. Similar to Fig. 7(a)
and (b), the thermal map in Fig. 8(b) resulting from GPOD-A deviates
significantly from Fig. 8(a) predicted by FEniCS-FEM due to inadequate
training for GPOD-A in this case. Other POD-GP models offer very
accurate thermal maps compared to FEniCS-FEM results. Alongside
the LS error over the entire simulation time and space presented in
Figs. 3 and 5, the absolute temperature error distribution with the
maximum absolute error for each model over the entire simulation time
is presented in Fig. 9. It can be seen in Fig. 9(b)-(d) that using only 3
modes GPOD-B leads to a maximum error near 0.5 °C and for both
EnPOD-A and EnPOD-B the maximum error near 0.1 °C is achieved.
In contrast, large absolute errors are observed in Fig. 9(a) for GPOD-A
even with 7 modes, where the maximum is as high as 2.1 °C in Core 3.

For thermal simulations of large-scale semiconductor chips, thermal
circuit models [7,8,11,14,37-39], are usually used because of their
computing efficiency compared to DNSs. However, it has been shown
in many studies that, even though their large time-scale (on the order
of seconds) or steady-state thermal responses are close to the rigorous
FEM results [7,8,11,14,37-39], large deviations from the FEM are
always observed in smaller time scales [8,11,14,37]. A scaling factor
C, for capacitance elements is thus included in HotSpot [7] for users
to fit the transient response for a certain period of time to obtain
a reasonable agreement with FEM simulation [40]. One of the most
popular state-of-the-art simulators, the grid model of HotSpot, is also
applied to thermal simulation of the selected quad-core CPU using
the same numerical settings used in the training of EnPOD-B. The
spatiotemporal temperature solution derived from HotSpot is included
in Figs. 6(d) and 7(g)-(h), compared to FEniCS-FEM and EnPOD-B. C '
is utilized to adjust its transient response, as seen in Figs. 6(d) and
Fig. 7(g) and (h) for a thermal response to continuous random power
excitations. Although a careful selection of C, could approximately fit
FEM results around several millisecond, it is not likely to work for a
longer period unless large-timescale (in seconds) or steady-state results
are of interest.

There are 9 IPOD-GP models in each of EnPOD-A and EnPOD-B. As
shown in Table 3 for EnPOD-A, 9 x 3 ODEs (i.e., 3 modes for each
IPOD-GP) given in (4) are needed to reach an LS error near 0.58%
and |Err|,,, = 0.088 °C while only 17 ODEs (17 modes) in GPOD-B
are needed to reach similar accuracy (Err;g = 0.57% and |Err|,,, =
0.086 °C), as given in Table 4. It is noted that Table 4 includes the total
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Fig. 7. Temperature profiles at # = 20 ms from GPOD-A, GPOD-B, EnPOD-A, EnPOD-B,
FEniCS and HotSpot along Paths A (First column) and B (Second Column), respectively.
Note that in EnPOD-A and EnPOD-B the number of modes is for each FU. The test PM,
PM 3, is applied to all simulations, and additional localized high power densities are
included in both HotSpot and EnPOD-B.

number of modes (i.e., the dimension of the ODE system matrix) for
GPOD-B. Table 3 however lists the number of modes per FU (i.e., for
each IPOD-GP of EnPOD-A), where the number of modes for each FU
is taken to be identical in this study. However, the 9 sets of ODEs
in EnPOD-GP are independent and the ODE system matrix is thereby
highly sparse. Specifically, the ODE system matrix for EnPOD-A is
block-diagonal with very small block matrices. For instance, as shown
in Table 3, use of 2 modes per IPOD-GP for EnPOD-A renders a set of
ODEs with 9 small block matrices each with a size as small as 2 x 2,
which leads to an LS error of 3%. When using 3 modes per IPOD-GP,
the size of each block matrix becomes 3 x 3 and EnPOD-A reaches
an LS error of 0.58%. For GPOD-B with 17 modes, all g; ; elements of
the 17 x 17 ODE system matrix are non-zero. Thus, the computational
time for solving the 17 ODEs using GPOD-B is not much different from
what is needed for 27 ODEs needed in EnPOD-A (16.7 s vs. 18.8 s).
Furthermore, based on the findings in Figs. 3-5, to reach a higher
accuracy, the number of modes needed in GPOD-B will be larger than
that needed in EnPOD-A, as also shown in Tables 3 and 4. This becomes
more obvious for microprocessors with more cores since considerably
more PMs are needed in the GPOD-GP training to account for power
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B, against FEniCS-FEM. EnPOD-B simulation includes additional localized high power
densities. Note that the error scale in (a) is different from those in (b)-(d).

density variation among the cores. In contrast, an arbitrary random
power excitation applied to each FU will be sufficient for EnPOD-GP
without the need of a PM. Much more information provided by more
training PMs will inevitably lead to a slower decrease in the eigenvalue.
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Table 3

LS and maximum absolute errors and computational time for EnPOD-A associated with
the number of modes. The number inside parentheses indicates the total number of
POD modes.

Mode No./FU Time (s) Errg (%) |Ert| oy (°C)
109) 11.8 10.6 0.815
2(18) 15.2 3.00 0.594
3(27) 18.8 0.58 0.088
4(36) 23.0 0.31 0.061
5(45) 28.1 0.098 0.037
6(54) 32.9 0.063 0.029
7(63) 38.2 0.024 0.012
Table 4

LS and maximum absolute errors and computational time for GPOD-B associated with
the number of modes.

Mode No. Time (s) Errg (%) |Err| oy CC)
2 6.5 11.4 1.075
5 7.9 2.6 0.340
11 12.3 1.03 0.153
17 16.7 0.57 0.086
27 25.0 0.32 0.046
55 48.9 0.098 0.022
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Fig. 10. Computational time vs. LS error of the entire chip for the thermal simulation
with PM 3 using GPOD-B and EnPOD-A. The computational time for FEM is more than
23 h.

As shown in Fig. 4, the eigenvalue of GPOD-A declines faster than that
of GPOD-B even though only one additional training PM is included
in GPOD-B. Contrarily, the decrease in the eigenvalue for EnPOD-A is
considerably faster (see Fig. 4) and its LS error is basically independent
of the PMs (see Fig. 5).

As shown in Fig. 10 and Tables 3 and 4, when 18 ODEs with a
diagonal block system matrix in EnPOD-A or 5 ODEs with a non-sparse
system matrix in GPOD-B are used, the LS errors for both models are
near 2.6%-3%. In this case with the similar errors, GPOD-B is around
twice as fast as EnPOD-A. To reach an LS error below 2%, the GPOD-
B computational time drastically increases while the time needed for
EnPOD-A just increases slowly. As clearly illustrated in Fig. 10, the
computing speed for EnPOD-A becomes considerably faster as higher
accuracy is desired.

Results presented in Figs. 3-10 suggest that for a processor with
many more cores EnPOD-GP is much preferable to GPOD-GP in terms
of training effort and simulation efficiency and accuracy.

Training effort: As shown above, to ensure good data quality for the
training, thermal data collected from DNSs needs to accounting for
enough variations of PMs. For a large number of FUs, an enormous
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number of training PMs are needed for GPOD-GP and becomes com-
putationally intolerable and prohibitive. Conversely, only one simple
dynamic random PM is needed for an effective training of IPOD-GP to
construct EnPOD-GP.

Simulation efficiency and accuracy: Even if the computationally
intensive training of POD modes can be somehow achieved to construct
GPOD-GP for a processor with many cores, the slowly decrease in the
eigenvalue would require an very larger number of modes to reach
reasonable accuracy. Contrarily, in EnPOD-GP, each FU (or each IPOD-
GP) only needs 2 or 3 ODEs (i.e., 2 or 3 modes) to reach high accuracy;
there are N, sets of ODEs and each set is independent of others. Thus,
computational time of EnPOD-GP only increases linearly with Np;
however, for GPOD-GP the number of modes increases drastically as
more cores (more FUs) are involved in order to reach a reasonable
accuracy.

For a small number of cores, GPOD-GP is faster unless extremely
high accuracy is needed, as demonstrated in Fig. 10. As the number of
cores is scaled up, the overhead of the increased DoF for EnPOD-GP is
eased by its highly sparse system matrix, and EnPOD-GP will become
considerably more efficient than GPOD-GP to reach good accuracy.
One of the major overhead for POD-GP is the slow post processing
calculations for temperature using (16), especially in a large-scale chip
with fine spatial resolution. Practically for most chip-level applications
relevant to thermal issues, only temperatures near hot spots and at
some time instants are of interest. The times included in Fig. 10 and
Tables 3 and 4 are estimated for evaluating temperature using (16) in
the whole chip over the entire simulation time. If only the temperature
at selected location near hot spots are of interest, the computational
time and memory space will drastically reduce.

Regarding the computational time, it takes more than 30 h for
FEniCS-FEM and 3.53 h for HotSpot to perform thermal simulation of
the quad-core CPU subject to the localized high power injections. For
EnPOD-B (instead of EnPOD-A given in Table 3), 32.5 s is needed using
2 modes per FU to reach Err;g = 2.8% or |Err|,,, = 0.59 °C and 43 s
is needed using 3 modes per FU to reach Err;g = 0.78% or |Err|,,, =
0.14 °C for the entire CPU. As mentioned above, the computing speed
can be significantly improved for EnPOD-B, if temperature is only
calculated at certain points in time and/or space from (16).

4. Discussions

The demonstrations of GPOD-A and GPOD-B have illustrated the
importance of the quality of training thermal data to reach both high ef-
ficiency and accuracy. When using poor-quality data due to incomplete
training (e.g., the GPOD-A simulation with PM 3), Fig. 3 shows that
GPOD-GP is still able to reach a high accuracy with many more modes.
This is very different from most machine learning based methods,
where the prediction far beyond the training setting in general fails. The
simulation with PM 3 using GPOD-B whose training PMs, PMs 1 and 4,
cover the variation in PM 3 demonstrates that an appropriate training
setting in GPOD-GP can achieve both high accuracy and efficiency.
Similar training settings can be performed using many PMs to cover a
range of variation for each of major heating sources, Cores 1-4, without
great difficulty. However, using more data from a larger number of
training PMs, the eigenvalue will decrease more slowly, as observed
in Fig. 4 for GPOD-B and GPOD-A. In addition, for a processor with
considerably more cores, the computing effort to accommodate a huge
number of PMs for training a set of POD modes to account for possible
variations of all heat sources would become practically prohibitive.

On the other hand, the EnPOD-GP methodology trains IPOD-GP
models independently, which offers simpler training settings, minimal
training effort, fast declining eigenvalues, and extremely high accuracy.
Compared to GPOD-GP, more computational time is needed for EnPOD-
GP in a processor with a small number of cores unless a very high
accuracy is needed, as shown in Fig. 10. In a processor with more cores,
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if one can manage to achieve a computationally extensive training
for a well-trained GPOD-GP, its eigenvalue would decline considerably
mores slowly and thus more modes (longer computational time) are
needed to reach a good accuracy. Since the IPOD-GP models of EnPOD-
GP are all independent, the large block-diagonal matrix with very
small block matrices in EnPOD-GP will be more efficient than GPOD-
GP. Moreover, when implementing a parallel computing environment
(such as MPI) in the sparse EnPOD-GP system, EnPOD-GP will offer a
superior advantage over the dense system matrix of GPOD-GP. EnPOD-
GP will be further investigated in the near future on CPUs/GPUs with
considerably more cores in parallel computing environments.

Compared to FEniCS-FEM simulation, a reduction in the DoF near
4 or 5 orders of magnitude is observed to achieve an LS error around
0.6%-3% for EnPOD-A or GPOD-GP, respectively. To reach an LS error
near 3%, the computing speedup over FEniCS-FEM by 5459 and 10,504
times for EnPOD-A and GPOD-B is observed, respectively, and to reach
an error near 0.58%, the speedup becomes 4413 and 4969 times. For
the case with localized high power, to reach an LS error near 2.8% or
0.78%, EnPOD-B computing speed is 3355 or 2517 times faster than
FEniCS-FEM and 390 or 295 times faster than HotSpot, respectively. It
is noted that, after solving the ODEs in (4) in the POD space, the post
processing for GPOD-GP or EnPOD-GP using (1) or (16), respectively, is
needed to obtain spatiotemporal temperature. The post process takes 50
to 100 times longer than solving the ODEs [30]. Unlike thermal circuit
models (e.g., HotSpot [7] or PACT [8]) or DNSs where solution over the
entire time and space must be solved all together, for the POD-GP based
approaches one can post-process temperature only at selected locations
or time instants to significantly improve the computing efficiency and
memory space.

5. Conclusions

The EnPOD-GP simulation methodology has been proposed for ther-
mal simulation of multi-core CPUs. The pros and cons of EnPOD-GP
and GPOD-GP have been investigated in terms of accuracy and ef-
ficiency, compared to FEniCS-FEM. GPOD-GP suffers from intensive
training, and for a processor with a large number of cores, the training
effort becomes computationally intolerable. However, the training for
EnPOD-GP is very simple and effective, and the trained modes are
resilient to any dynamic PM. EnPOD-GP thus offers very accurate
spatiotemporal thermal solution in the selected multi-core processor
subjected to different PMs. EnPOD-GP is however less efficient than
GPOD-GP for processors with only a handful of cores unless a very high
accuracy is desired. For a processor with more cores, EnPOD-GP will
become relatively more efficient due to its highly sparse system matrix,
and its LS error influenced by computational DoF can be accurately
predicted. Compared to FEniCS-FEM to obtain the temperature profile
in the whole multi-core CPU for the entire simulation time, a 3-order
simulation speedup can be achieved with a high accuracy for both
EnPOD-GP and GPOD-GP for the selected multi-core CPU. Compared
to HotSpot, a 2-order speedup is observed for EnPOD-GP in the high
resolution case. For most applications of chip-level thermal simulations,
only temperature near hot spots at certain time instants are needed
from (1) or (16), and computational times for EnPOD-GP and GPOD-GP
would be one or two order shorter.

It is noted that construction of EnPOD-GP models solely relies on
the quality of the training thermal data from DNSs for the structures
of interest regardless of materials or complexity of the structures.
The approach can be applied to semiconductor structures at different
levels, including flip-chip and 2.5D/3D packaging technologies. Ad-
ditionally, owing to the high efficiency and accuracy, the proposed
EnPOD-GP thermal simulation methodology can be implemented for
thermal predictions in runtime applications, such as true real-time
thermal management (e.g., thermal-aware task scheduling), runtime
reliability management, power management, etc. Based on the ability
to predict accurate hot spots efficiently in microprocessors with a large
number of cores, the developed EnPOD-GP simulation methodology
will soon be applied to dynamic thermal analysis for modern GPUs.
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